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Abstract

Slow and fast light (SFL) effects have shown outstanding capabilities across the dyna-
mic control of the speed of light in different media. Indeed, one of the most exciting
motivations lies in the SFL potential application to the framework of photonic-assisted
radio-frequency (RF) signal processing.

This Ph.D. thesis points out the performance evaluation of current SFL device
platforms so as to enable several tasks required in the microwave photonics (MWP)
field with the added value of tunability and broadband operation. In this context,
technologies such as stimulated Brillouin scattering (SBS) effects in standard and
polarization maintaining fibers (PMF), fiber Bragg gratings (FBG), semiconductor
optical amplifiers (SOA) and photonic crystal (PhC) waveguides have been under
study. From km to mm-scale footprints, these SFL device platforms stand for the
evolution towards the integration of MWP components and subsystems in photonic
integrated circuits (PIC). Analytical and numerical models have been developed in
order to understand the physical processes governing the SFL propagation on the
different device platforms, as well as to describe the proposed MWP approaches. The
performance analysis of two of the key functionalities required for MWP signal pro-
cessing, i.e. tunable phase shifting and true time delay (TTD) operation, has been
presented by means of the above proposed platforms. A TTD system, based on the
so-called separate carrier tuning (SCT) technique, has been reported through SBS
effects in standard fibers. In addition, the SBS interaction in PMFs has been eva-
luated aiming at performing dynamic Brillouin gratings (DBG), whose phase induced
has been addressed. A distributed sensing system based on the continuous reflection
of a short pulse along a weak FBG has also been demonstrated. A complete analysis
of the nonlinear distortion introduced in the phase shifter has been addressed for cas-
caded structures comprising an SOA device under the coherent population oscillation
(CPO) effect and an optical filtering stage. A novel fully-tunable 360° phase shifter
implemented using only one SOA followed by a conveniently designed notch filter
has also been reported. The suitability of exploiting the dispersive feature of a PhC
waveguide to perform TTDs has been demonstrated. The phase shifting and true
time delaying capabilities of the proposed approaches have been put to the test for
implementing tunable and reconfigurable complex-valued multi-tap MWP filters. The
performance of the reported technological platforms have been evaluated in terms of
several figures of merit (FOM) so as to characterize their impact on the MWP link
and also to identify the use of the most proper technology depending on the final
processing task to be developed.

xi





Resumen

Los efectos de luz lenta y luz rápida (SFL) han mostrado unas capacidades excep-
cionales sobre el control dinámico de la velocidad de la luz en diferentes medios. Una
de las motivaciones más estimulantes radica en la potente aplicación de estos sistemas
en el marco del procesado fotónico de señales de radio frecuencia (RF).

En esta tesis doctoral, se evalúan las prestaciones de las plataformas de SFL
actuales para desarrollar múltiples tareas que se requieren en el campo de la fotónica
de microondas (MWP) con el valor añadido de sintonizabilidad y operación en banda
ancha. En este contexto, el scattering de Brillouin estimulado (SBS), tanto en fibra
estándar como en fibra mantenedora de polarización (PMF), redes de Bragg (FBG),
amplificadores ópticos de semiconductor (SOA) y cristales fotónicos (PhC) han sido
las tecnoloǵıas bajo estudio. Desde escalas del orden de km hasta mm, estas platafor-
mas de SFL representan la evolución hacia la consolidación de componentes y subsis-
temas de MWP en circuitos fotónicos integrados (PIC). Diversos modelos anaĺıticos
y numéricos se han desarrollado con el objetivo de entender los procesos f́ısicos que
gobiernan la propagación a través de las diferentes plataformas de SFL, aśı como
para describir los enfoques de MWP propuestos. Además, a través de las plataformas
presentadas se ha llevado a cabo el análisis de las prestaciones de dos de las fun-
cionalides clave que se requieren para el procesado fotónico de señales de microondas,
desfasadores sintonizables y retardos verdaderos (TTD). Se ha propuesto un sistema
de TTD basado en la llamada técnica de sintonización separada de la portadora (SCT)
a través de los efectos de SBS en fibras estándar. Se ha evaluado la interacción del
SBS en PMF con el propósito de desarrollar redes de Brillouin dinámicas (DBG), cuya
fase generada ha sido fruto de estudio. Por otro lado, también se ha demostrado un
sistema de sensado distribuido basado en la reflexión continua de un pulso estrecho
a lo largo de una FBG débil. Un análisis completo de la distorsión no lineal intro-
ducida en el desfasador ha sido descrita para estructuras en cascada formadas por
un SOA bajo el efecto de las oscilaciones coherentes de la población (CPO) y una
etapa de filtrado óptico. Se ha propuesto también un novedoso desfasador, comple-
tamente sintonizable e implementado utilizando únicamente un SOA seguido de un
filtro notch, el cual ha sido convenientemente diseñado para incrementar el rango del
desfasador. Se han explotado las caracteŕısticas dispersivas de un PhC para desarro-
llar TTD. Se han puesto a prueba las capacidades de los sistemas presentados, en
cuanto a generar desfases y retardos verdaderos, para la implementación de filtros de
MWP con múltiples coeficientes complejos, sintonizables y reconfigurables. Se han
evaluado las prestaciones de las plataformas tecnológicas propuestas en el contexto de
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diversas figuras de merito (FOM) para caracterizar su impacto en el enlace de MWP
y además identificar el uso de la tecnoloǵıa más adecuada dependiendo de la tarea
final de procesado a ser desarrollada.



Resum

Els efectes de la llum lenta i la llum ràpida (SFL) han manifestat unes capacitats
excepcionals sobre el control dinàmic de la velocitat de la llum en diferents medis. Una
de les motivacions més estimulants radica en la potent aplicació d’aquests sistemes
en el marc del processament fotònic de senyals de ràdio freqüència (RF).

En aquesta tesi doctoral, s’avaluen les prestacions de les plataformes de SFL
actuals per a desenvolupar múltiples tasques que son requerides en el camp de la
fotònica de microones (MWP) amb el valor afegit de sintonitzabilitat i operació en
banda ampla. En aquest context, el scattering de Brillouin estimulat (SBS), tant en
fibra estàndard com en fibra mantenidora de polarització (PMF), xarxes de Bragg
(FBG), amplificadors òptics de semiconductor (SOA) i cristalls fotònics (PhC) han
sigut les tecnologies sota estudi. Des d’escales de l’ordre de km fins a mm, aques-
tes plataformes de SFL representen l’evolució cap a la consolidació de components
i subsistemes de MWP en circuits fotònics integrats (PIC). S’han desenvolupat di-
versos models anaĺıtics i numèrics amb l’objecte de comprendre el processos f́ısics
que governen la propagació a través de les diferents plataformes de SFL, aix́ı com
per a descriure els enfocaments proposats de MWP. A més a més, a través de les
plataformes presentades s’ha dut a terme l’anàlisi de les prestacions de dos de les
funcionalitats essencials que es requereixen per al processament fotònic de les senyals
de microones, desfasadors sintonitzables i retards vertaders (TTD). Un sistema TTD
basat en l’anomenada tècnica de sintonització separada de la portadora (SCT) ha sigut
proposat a través dels efectes de SBS en fibres estàndard. La interacció del SBS en
PMF ha sigut avaluada amb l’objecte de desenvolupar xarxes de Brillouin dinàmiques
(DBG). Aix́ı, la fase generada ha sigut objecte d’estudi. Per altra banda,també s’ha
demonstrat un sistema de sensat distribüıt. Aquest està basat en la reflexió continua
d’un pols estret al llarg d’una FBG feble. Un anàlisi complet de la distorsió no lineal
introdüıt en el desfasador ha sigut descrita per a estructures en cascada formades
per un SOA sota l’efecte de les oscil·lacions coherents de la població (CPO) i una
etapa de filtrat òptic. S’ha proposat també un innovador desfasador, completament
sintonitzable i implementat, utilitzant únicament un SOA seguit d’un filtre notch,
el qual ha sigut convenientment dissenyat per a incrementar el rang del desfasador.
S’han explotat les caracteŕıstiques dispersives d’un PhC per a desenvolupar TTD.
S’han posat a prova les capacitats dels sistemes presentats, quant a generar desfases
i retards vertaders, per a la implementació de filtres de MWP amb múltiples coefi-
cients complexos, sintonitzables i reconfigurables. S’han evaluat les prestacions de
les plataformes tecnològiques proposades en el context de diverses figures de mèrit
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(FOM) per a caracteritzar el seu impacte amb l’enllaç de MWP i, a més a més, iden-
tificar l’ús de la tecnologia adequada dependent de la tasca final de processament a
ser desenvolupada.
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Chapter 1

Introduction

The possibility of using nonlinear optical methods to exercise unprecedented control
over the propagation velocity of light through different media has been widely attrac-
ting increasing attention over the past years [1]. This research field, well-known by
the name of slow and fast light (SFL), is currently being deeply stimulated by the
outstanding progress in optical communications and all-optical signal processing.

Next-generation access networks will require solutions capable to perform opti-
cal tasks with not only high data rate and high throughput, but also low power con-
sumption. Optical buffers and tunable delay lines are expected to become key devices
for temporal storage as well as timing adjustment of optical packets [2]. However, the
capabilities demanded by these envisioned practical tasks cannot be yet supported by
the current SFL approaches. Nevertheless, the SFL impact awaits to be furnished in
applications where its characteristics can unleash its entire potential.

In this context, one of the most exciting motivations lays in the SFL potential
application to the framework of microwave photonics (MWP) [3, 4]. MWP accom-
plishes the generation, processing and transport functionalities of radio-frequency
(RF), microwave and millimeter-wave signals directly in the optical domain. Thus,
MWP brings a series of inherent advantages compared with the electronic signal pro-
cessing in terms of reconfigurability, low loss, electromagnetic immunity (EMI), low
weight and high degree of physical flexibility. Furthermore, several SFL device plat-
forms can perform the integration of microwave photonic components and subsystems
in photonic integrated circuits (PIC), which results in additional advantages related
to low-cost, reliability and power consumption [5].

The generation of continuously tunable optical delays and phase shifts becomes
a key element in a wide range of targeted MWP applications, among which one can
quote the filtering of microwave signals, the synchronization of optoelectronic oscil-
lators, the control of optically-fed phased array antennas, and future reconfigurable
radio frequency front-ends, among others [6]. With these applications in view, large
efforts are currently being accomplished so as to develop these basic MWP function-
alities through different SFL effects [7].
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1.1 Slow and fast light propagation

1.1.1 SFL physical principles

SFL effects lead to a control of the speed of a light signal in a particular dispersive
device or medium. In this sub-section, two different ways to describe the light wave
propagation, i.e. phase and group velocities, will be introduced.
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In the simple case of a pure travelling sinusoidal wave (see Fig. 1(a)) comprised 
only by one angular frequency $\omega$ and propagated through a medium with 
refractive index $n$, the propagation velocity results described by the phase veloci-
ty $\upsilon_p$. In fact, this term is in general defined as the velocity at which par-
ticular points of constant phase travel through the medium for a plane wave, which 
is given as  
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being $k$ the wave vector of the monochromatic signal and $c$ the speed of light 
in vacuum. It is important to notice that the phase velocity indicates only how the 
phase of the monochromatic signal is delayed in the medium. 

However, an optical pulse of light exhibits totally different properties when com-
pared to a monochromatic signal. As Fig. 1(b) illustrates, a pulse can be thought of 
as resulting from constructive and destructive interference among various frequency 
components. At the peak of the pulse, the components tend to add up in phase and 
to interfere destructively in the temporal wings of the pulse. Indeed, in a material 
with refractive index that is frequency-dependent, each of their frequencies propa-
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Figure 1.1: (a) A monochromatic wave and (b) a pulse of light being delayed as they
propagate through an optical dispersive medium.

Figure 1.1(a) shows a pure travelling sinusoidal wave comprised only by one an-
gular frequency ω and propagated through a medium with refractive index n. Hence,
the propagation velocity results described by the phase velocity υp. In fact, this term
is usually defined as the velocity at which particular points of constant phase travel
through the medium for a plane wave, which is given as

υp =
ω

k
≡ c

n
, (1.1)

being k the wave vector of the monochromatic signal and c the speed of light in
vacuum. It must be noticed that the phase velocity indicates only how the phase of
the monochromatic signal is delayed in the medium.

However, an optical pulse of light exhibits totally different properties when
compared to a monochromatic signal. As Fig. 1.1(b) illustrates, a pulse can be
thought of as resulting from constructive and destructive interference among various
frequency components. At the peak of the pulse, the components tend to add up in
phase and to interfere destructively in the temporal wings of the pulse. Actually, in a
material with refractive index that is frequency-dependent, each of their frequencies
propagates with different phase velocity, resulting in a temporally shift of the pulse
with respect to the same pulse travelling through the vacuum. This shift is inversely
proportional to the group index of the material ng, which depends on the dispersion
of the refractive index dn/dω. The fact that the pulse is temporally shifted implies
that it is travelling at different velocity, known as the group velocity υg, which is
defined as

υg =
dω

dk
=

c

n+ ω dndω
≡ c

ng
. (1.2)
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Therefore, control of the group velocity relies on the dispersion of the refractive
index. When the medium shows so-called normal dispersion (dn/dω > 0), the term
slow light propagation is employed. In contrast, when the medium shows anomalous
dispersion (dn/dω < 0), the case is referred to as fast light propagation.

3   CAPÍTULO 1  

gates with different phase velocity, resulting in a temporally shift of the pulse with 
respect to the same pulse travelling through the vacuum. This shift is inversely pro-
portional to the group index of the material $n_g$, which depends on the dispersion 
of the refractive index ${{dn} \mathord{\left/ {\vphantom {{dn} {d\omega }}} 
\right. \kern-\nulldelimiterspace} {d\omega }}$. The fact that the pulse is temporal-
ly shifted implies that it is travelling at different velocity, known as the group veloc-
ity $\upsilon_g$, which is defined as 

g
g

d c c
dndk nn
d

��
�

�

� � �
� (5) 
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Fig. 2. Relationship between a gain narrowband resonance and the refractive index, governed by 
the Kramers-Kronig relations. (a) The imaginary part, (b) the real part and (c) the group refractive 

index as a function of the resonance angular frequency.

Through the Kramers–Kroenig relations which link the real $n$ and imaginary $ n'$ 
parts of the effective index by means of the Hilbert transforms \cite{Boyd2008}, is 
possible to understand the SFL effects produced in a medium, which is traversed by 
an optical signal. These refractive index relations are illustrated in Fig. 2. As it is 
clearly observed, any gain or loss resonance induced in the imaginary part of the 
refractive index leads to a rapid variation of the real part in the vicinity of the reso-
nance. Therefore, an increase of the group refractive index will be understood as 
slow light propagation, while a decrease will be referred as fast light. 
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Figure 1.2: Relationship between a loss narrow-band resonance and the refractive
index, governed by the Kramers-Kronig relations. (a) The imaginary part, (b) the
real part and (c) the group refractive index as a function of the resonance angular
frequency.

Through the Kramers–Kroenig relations, which link the real n and imaginary
n′ parts of the effective index by means of the Hilbert transforms [8], it is possible to
understand the SFL effects produced in a medium which is traversed by an optical
signal. These refractive index relations are illustrated in Fig. 1.2. As it is clearly
observed, any gain/loss resonance induced in the imaginary part of the refractive
index leads to a rapid variation of the real part in the vicinity of the resonance. An
increase of the group refractive index will be understood as slow light propagation,
while a decrease will be referred as fast light.

The ng modifications nature can be very different depending on whether the
SFL mechanism is based on the intrinsic optical properties of a material system (ma-
terial dispersion) or based on structured optical materials (structural dispersion) [9].
Indeed, modifications of the material dispersion are achieved by means of an artificial
manipulation of the absorption or amplification in the medium. The tunability flexi-
bility of the υg through a control parameter, for instance, the electrical current or the
optical power, is the main advantage of the SFL platforms under this dispersion. [10].
In contrast, the structural dispersion is modified by a proper design of the structural
properties of the optical waveguides. The main advantage relies on the fact that the
energy velocity coincides with the group velocity, resulting in an enhancement of the
nonlinear effects [10].

1.1.2 SFL device platforms

One of the pioneering examples of the use of material dispersion was accomplished
in the late nineties through the effect of electromagnetically induced transparency
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(EIT) in atomic gasses [11]. In this case, the light velocity was spectacularly slowed
down to 17 m/s, equivalent to the speed of a bike, in the vicinity of the narrow-band
(∼ MHz) EIT resonance. However, the extreme environmental conditions (cryogenic
temperatures) required to carry out this nonlinear effect, as well as its inherent narrow
bandwidth spectral characteristic severely limited the range of applications within
the telecommunication field. Since then, SFL research has flourished with a quest for
enlarging the range of effects and media that can be exploited to the purpose.

An interesting physical mechanism for light speed control based on material
dispersion at room temperature is that of coherent population oscillations (CPO)
using solid crystals [12]. In that case, wave mixing between different spectral compo-
nents of a signal leads to a change in the relative amplitude and phase of the spectral
components and thereby the group velocity. Although this technique results in re-
markable reduction of the group velocity, it seems still far from being acceptable for
real application systems since it only operates at a very well-defined wavelength and
its achievable time delay is harshly limited to around 10% of the signal duration.
Among this, semiconductor waveguides have demonstrated a large four-wave mixing
efficiency making them very suitable for CPO-based light control [13]. These wave-
guides appear as a promising technology because they can provide both very fast (∼
hundreds of ps) electrically and optically controlled tunability over a bandwidth of
several tens of GHz in a compact device.

Nonlinear effects in optical fibers have become a favorable underlying mecha-
nism in variable optical group delay demonstrations, including stimulated Brillouin
scattering (SBS) [14] and stimulated Raman scattering (SRS) [15]. Indeed, SBS-
based SFL systems [14] have proved to be an unmatched and unprecedented flex-
ible timing tool as a result of their unique spectral tailoring capability. Some of
its inherent advantages include room temperature operation, high potential for large
signal bandwidths and seamless integration in fiber optic communication systems.
Besides, dispersion-compensating fibers (DCF) [16] have been successfully proposed
as a means to implement tunable delays.

On the other hand, the strong modification of the transmission mode dispersion
(structural dispersion) in photonic crystal (PhC) waveguides has been also exploited
for light slow-down [17]. A key aspect offered by PhC waveguides is that they offer
a large bandwidth and wavelength flexibility, unlike slow light schemes that interact
with a material resonance. In addition, they become a promising approach for passive
chip integration of SFL devices.

Last, fiber Bragg gratings (FBG) [18] and coupled cavities implemented by cas-
cading several ring-type resonators [19] have also demonstrated relevant capabilities
to control the speed of light in structured optical materials.

1.2 Tunable phase shifts and true time delays for
MWP applications

The inherent advantages reported by the SFL devices in terms of broadband spectral
behavior, low losses and tunable dispersion, among others, can be applied to perform
microwave signal processing, and most particularly, to achieve continuous control of
the phase or delay of the microwave/RF signals propagating in a MWP link.
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Figure 1.3: Basic implementation of a MWP link including a slow and fast light
device.

Figure 1.3 sketches the basic architecture of a MWP link based on SFL effects.
A continuous-wave (CW) optical source or laser is intensity modulated by a microwave
signal. The SFL device processes the modulated carrier by changing the group ve-
locity of the light propagating through the medium. Indeed, as occurs with pulses,
each of the modulated signal frequency components will travel with a different phase
velocity, resulting in an overall envelope time shift. After photodetection, this tunable
time delay or advance is translated into a phase change ∆φ in the monochromatic
microwave signal.

The phase φ introduced by a given SFL medium can be expressed as

φ = kL =
ω

c
nL, (1.3)

where L denotes the length of the SFL device. Thus, modification in the refractive in-
dex n of the medium are directly translated into phase changes. Through the dynamic
control of this phase, SFL devices can perform two important MWP functionalities,
tunable phase shifters and true time delays. The phase shifter approach is related
to the possibility of achieving constant phase shifts with frequency, as Fig. 1.4(a)
illustrates. However, in the case of true time delay (see Fig. 1.4(b)) the phase shift
is linearly dependent to the modulating frequency.
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Figure 3 sketches the basic architecture of a MWP link based on SFL effects. A 
continuous-wave (CW) optical source or laser is intensity modulated by a micro-
wave signal. The SFL device processes the modulated carrier by changing the group 
velocity of the light propagating through the medium. Indeed, as occurs with pulses, 
each of the modulated signal frequency components will travel with a different 
phase velocity, resulting in an overall envelope time shift. After photodetection, this 
tunable time delay or advance is translated into a phase change $\Delta \phi$ in the 
monochromatic microwave signal. 

Fig. 4. Phase response of a tunable RF (a) phase shifter and (b) true time delay.

Through the dynamic control of the phase of a microwave signal, SFL devices can 
perform two important MWP functionalities, tunable phase shifters and true time 
delays. The phase shifter is related to the possibility of achieving constant phase 
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It must be pointed out that all the schemes are characterized by one common fea-
ture: the presence of one or multiple resonances to obtain sufficient dispersion in 
the media. 
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Figure 1.4: Phase response of a tunable RF (a) phase shifter and (b) true time delay.
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Figure 1.5: Implementation of a tunable (a) phase shifter and (b) true time delay in
a SFL resonant medium.

In this context, the phase shifter approach is usually achieved by spectrally
placing the optical carrier inside the resonance (see Fig. 1.5(a)) while the RF sub-
carrier stays outside. When beating occurs at the photodetector, the detected signal
will experience a constant phase shift with frequency that is determined by the phase
difference between the optical carrier and subcarrier. However, implementing TTD
operation requires both the carrier and modulating sideband to be located inside the
resonance, as illustrated in Fig. 1.5(b). Thus, all the spectral components will expe-
rience a linear phase change, proportional to a time delay. Either a variation in the
spectral position of the optical carrier or a modification in the resonance provides the
desired tunability of these MWP functionalities.

The previous concepts are now applied to exploit two major MWP applications,
namely reconfigurable filters and optically-fed phased array antennas.
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Figure 1.6: Layout and transfer function of a (a) generic microwave photonic filter
and (b) optically-fed phased array antenna.

In particular, finite impulse response (FIR) filters [20] are based on combining
at their output a finite set of delayed and weighted replicas or taps of the input optical
intensity signal. The usual implementation of these filters in the context of MWP
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follows the approach shown in Fig. 1.6(a). An input RF signal Si(t) is conveyed
by the optical carrier and the composite signal is fed to a photonic circuit that first
samples the signal in the time domain, using a 1xN optical coupler and an optical
delay lines network, with the delay of the rth tap being rxT , where T is referred to
the incremental delay. The sampled signals are then weighted in phase and amplitude
to provide the desired filter impulse response. Finally, the samples are recombined
and RF converted by means of an optical detector producing the output RF signal
So(t). The electrical frequency response of such structure is given by

H(ν) =

N∑
r=0

are
−i(2πrνT ), (1.4)

where ar denotes the filter complex coefficients, which are implemented by optical
components. Equation 1.4 identifies a transfer function with a periodic spectral cha-
racteristic whose frequency period is referred to as the filter free spectral range (FSR).
The FSR is essentially inversely proportional to the time spacing between adjacent
samples in the impulse response (FSR=1/T ). So, dynamic control of T is basically
required for the development of reconfigurable MWP filters, providing the FSR tuna-
bility. Nevertheless, in order to get resonance tunability while the FSR and spectral
shape of the filter response keep unaltered, a phase shift (∆φ = 2πνT ) is preferable
rather than a time delay T . These filters are usually performed in incoherent regime,
in which the coherence length of the used optical source is shorter than T , since any
possible optical interference caused by environmental condition such as temperature
and mechanical variation can influence the filter impulse response.

However, in the case of optically-fed phased array antenna, the N delayed sam-
ples are RF converted by N photodiodes to feed N radiating elements, as illustrated
in Fig. 1.6(b). The normalized angular far-field pattern of the radiated electric field,
or antenna diagram F (θ), is given by the Fourier transform of the output electric
field [21],

F (θ) =
1

N

N−1∑
r=0

are
−i2πrν(T− dc sin θ), (1.5)

where θ is the far field angular coordinate and d is the spacing between adjacent
radiating elements. The complex coefficients ar are in this case typically used for
side-lobes reduction in the antenna far-field pattern. From Eq.1.5, the direction θ0 of
maximum radiated energy can be adjusted by tuning the incremental time delay T
according to

T =
d

c
sin θ0. (1.6)

It is important to notice that the use of MWP phase shifters to perform the
phased array tunability will inevitably induce beam squinting effects, where the main
lobe of the radiation pattern will drift away from the desired angle with changes in
operating frequency. This undesired effect limits the use of phased array antennas
in broadband applications. On the contrary, true time delays can perform tunability
and, at the same time, compensate for this beam squint effect [22].
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1.3 Thesis objectives

This Ph.D. thesis has been fulfilled within the framework of the European Commu-
nity’s Seventh Framework Program (FP7/2007-2013) under the GOSPEL (GOverning
the SPEed of Light) project. The research program proposed by GOSPEL focusses on
the development and complete characterization of novel room temperature SFL tech-
nologies and their applications in the field of MWP. The different SFL mechanisms
under consideration comprise linear and nonlinear semiconductor photonic crystal
waveguides with position controlled embedded quantum dots, active semiconductor
waveguides based on quantum dots, advanced engineered optical fibers and resonant-
type devices based on silicon-on-insulator and III-V materials. In addition, some
applications in which the project has been stimulated include true time delay an-
tenna feed systems for radars, complex microwave filters and high spectral purity
opto-electronic oscillators.

The main objective of this work has been related to the performance evaluation
of current SFL device platforms to enable several tasks required in the MWP field with
the added value of tunability and broadband operation. In particular, technologies
such as SBS effects in fibers, FBGs, semiconductor and photonic crystal waveguides
have been under study. From km to mm-scale, these device platforms represent the
evolution towards PICs. Besides, the different approaches must be evaluated in terms
of several figures of merit (FOM) so as to characterize their impact on the MWP link
and also to find an optimal solution in order to implement basic MWP functionalities.

The described overall aim embraces different specific goals that should be properly
accomplished:

1. Propose novel and more efficient SFL based approaches implemented by using
the different technological platforms.

2. Develop analytical and numerical models to understand the physical processes
governing SFL propagation on the different device platforms.

3. Implement photonic-based tunable phase shifts and true time delay functionali-
ties in broad microwave and millimeter spectral bands by exploiting SFL effects
in each technology.

4. Apply the proposed SFL-based approaches as key elements in the implementa-
tion of more complex signal processing tasks, such as, tunable and reconfigurable
complex-valued multi-tap MWP filters.

5. Design new platforms to perform high effective distributed temperature and
strain sensing systems.

6. Evaluate the performance of the developed microwave signal processors in the
context of several FOMs, such as gain, noise degradation, nonlinear generation,
loss, power consumption and size, among others.
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1.4 Structure of the thesis

The content of this dissertation is addressed in four main chapters, being each of them
adequately focused in one of the different SFL technological platforms embraced by
the aforementioned overall objective.

Chapter 2 focuses on SBS effects in optical fibers for signal processing tech-
niques in MWP links. A performance analysis of a tunable phase shifter and true time
delay (TTD) line is presented for development of a two-tap reconfigurable MWP filter.
The true time delay system is achieved by separately tuning the optical phase of the
carrier. The SBS interaction in polarization maintaining fibers is evaluated to accom-
plish dynamic Brillouin gratings (DBG). In addition, an analytical model describing
the phase induced by the DBGs is provided. In this way, four different schemes for the
realization of MWP filters using these dynamic reflectors is experimentally addressed.

A distributed temperature and strain sensing system based on the continuous
reflection of a short pulse along a weak FBG is addressed in chapter 3. The dis-
tributed capabilities of such a device are briefly discussed to perform basic MWP
functionalities. Optical signal processing tasks including a tunable delay line and a
photonic integrator are experimentally demonstrated.

In chapter 4, microwave phase shifting and true time delaying capabilities are
evaluated using respectively CPO and cross gain modulating (XGM) effects in semi-
conductor optical amplifiers (SOA). An optical field model that contains the equations
accounting for any general order of both harmonic and intermodulation distortions
generated in a CPO-based phase shifter is provided. A complete analysis of the non-
linear distortion introduced in the phase shifter is addressed for cascaded structures
comprising an SOA device under the CPO effect and an optical filtering stage. A
novel fully-tunable 360° phase shifter implemented using only one SOA followed by a
conveniently designed notch filter is also reported. A notch-type filter is demonstrated
using this tunable MWP phase shifter. In addition, the performance of MWP phase
shifters based on both the cascaded and single SOA approaches is theoretically and
experimentally evaluated in terms of several FOMs. In particular, gain, noise and
nonlinear distortion are characterized as a function of the phase tunability control
mechanism.

The use of a highly dispersive PhC waveguide is demonstrated for implement-
ing tunable TTD lines in chapter 5. A tunable multi-tap filter is provided by proper
wavelength multiplexing of optical carriers. In addition, the PhC performance is eva-
luated in terms of several FOMs including issues concerning the power consumption,
loss, tunability limitations, physical size and dispersion-related amplitude distortion.

The conclusions and future perspectives are presented in chapter 6. The most
relevant features of the proposed SFL technologies in terms of several FOMs are
discussed. A comparison attending the metric results is addressed so as to identify
the most suitable medium for a given MWP task.





Chapter 2

SFL effects using stimulated
Brillouin scattering for MWP

applications

2.1 Introduction

The attractiveness underlying the use of the SBS effect in optical fibers for signal pro-
cessing techniques in MWP links relies mainly on its inherent narrow-band nonlinear
spectral characteristics [14]. As a consequence, SBS allows the transmitted electrical
signal to be processed directly in the optical fiber used as the transmission medium.
In addition, it must be kept in mind that, up to date, SBS has been a favorable sig-
nal processing mechanism thanks to its robustness, simplicity of implementation and
moderate pump power in standard fibers at room temperature [23] compared with
other nonlinear effects in silica optical fibers [16,24].

Different MWP applications in which SBS has been widely proposed include
the selective single sideband amplification of modulated waveforms [25], the photonic
implementation of microwave phase shifters [26] and FIR filters having negative and
complex weights [27], and the realization of advanced modulation formats [28]. SBS
also serves as the gain mechanism in Brillouin fiber lasers [29], in sharp tunable optical
filters [30], and even in all-optical data storage [31]. Last, among the wide diversity
of optical delay line schemes that have been reported over the last years [13, 32–34],
SBS has been devised as one potential approach to generate continuously tunable
signal delays [35]. However, the apparent perfect true time delay generated by such
slow light mechanisms suffers from two major obstacles: nearly finite delay time-
signal bandwidth product and strictly limited operating frequency. This drawback
implies that only modest maximal time delays can be expected at high RF frequen-
cies. Besides, the operating frequency is essentially limited by the bandwidth of the
induced optical resonance, which prevents its complete implementation for practical
applications in microwave photonics.

11
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To overcome these limitations, a theoretical solution has been proposed by
separate carrier tuning the optical phase of the carrier [36]. The SCT technique
predicts that significant improvement for the generation of TTDs can be achieved
by separately performing a MWP phase shifter and slow light system. Numerical
TTDs in the order of hundred of ps have been reported using microresonators [36].
However, this value can be improved up to few ns through the dispersion induced by
the narrow-band SBS resonance. Thus, SBS effect becomes a good candidate for SCT
technique when few ns of TTD are targeted.

On the other hand, a more flexible alternative has been proposed to create long
variable optical delays of broadband signals [37, 38]. It makes use of SBS interaction
between two pumps that are co-polarized along one principal axis of a polarization
maintaining fiber (PMF) [39–41]. The interaction generates a so-called DBG, which
in turn could reflect incoming signal waves that are polarized along the orthogonal
principal axis. DBGs are essentially optical wave reflectors that can be created at any
preset position along the entire PMF. The phase of the reflected waveform is inher-
ently stable, since Brillouin reflections are phase conjugated [8]. Therefore, variable-
position DBGs become an attractive platform for the construction of MWP filters.
Other applications include time reversal of pulse trains and all-optical calculus such
as differentiators and integrators [42–44].

In this chapter, a complete analysis of the performance of a tunable phase
shifter and TTD will be presented for development of a two-tap dynamic microwave
filter based on SBS effects in standard fibers. The photonic phase shifter, based
on the combined use of SBS signal processing and optical single sideband (OSSB)
modulation [26], will be used as a phase compensator for the TTD system. In addition,
numerical calculations of the phase induced by the DBGs will be provided. In this
way, an alternative approach will be proposed for generating broadband true time
delays and phase shifts. Besides, four different schemes for the realization of MWP
filters using these dynamic reflectors will be demonstrated. The location of the DBGs
along a PMF will be controlled by proper temporal coding on the pump waves. The
first configuration will be a simple notch-type Mach-Zehnder (MZ) approach, whereby
the delay imbalance between the two arms is tuned using one movable grating along
the PMF. A multi-tap performance will be demonstrated in the second configuration,
where the filter is created through the combined reflections from multiple DBGs along
a PMF. In the next configuration, double generation of DBGs will be deployed for
improving the frequency limitations of previous implementations. Local gratings will
be built up using pulsed pumps in the three first approaches. However, such gratings
decay according to the finite acoustic lifetime [40] and must be periodically refreshed.
To overcome this limitation, a novel technique for the generation of localized and
stationary DBGs will be used in the third implementation of MWP filters. The
method relies on phase modulation of the two pump waves by a common, high-rate
pseudo-random bit sequence (PRBS) [45].

Different collaborations between several GOSPEL partners (the optical and
quantum communications group (OQCG) at UPV in Spain, the group for fiber optics
(GFO) at EPFL in Switzerland and THALES in France) have been fulfilled so as to
obtain the achievements of this chapter. First, a week collaboration between UPV
and EPFL in the OQCG laboratory. Next, another short collaboration between UPV,
EPFL and THALES carried out in Switzerland. Finally, a collaboration between UPV
and EPFL during a three month stay at GFO.
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2.2 Principle of operation

The effect of SBS can be described as the interaction of two counter-propagating
waves that are detuned in frequency, a strong pump wave and a typically weak Stokes
wave. The process is schematically depicted in Fig. 2.1(a). The pump wave and
the Stokes wave counter-propagate in the fiber creating a moving interference pattern
that induces an acoustic wave via the electrostriction effect. The acoustic wave, in
turn, is accompanied by a traveling grating of refractive index variations, due to
the electrostriction effect [8]. The SBS interaction is efficient only when the difference
between the optical frequencies of the pump and signal waves is near (below to 30 - 50
MHz) to a fiber-dependent parameter, the Brillouin shift νB , which is of the order of
10 - 11 GHz in silica fibers at room temperature [8]. An input signal whose frequency
is νB lower than that of the pump wave (Stokes) experiences SBS amplification, as
illustrated in Fig. 2.1(b). If the input signal frequency is νB above that of the pump
wave (anti-Stokes), SBS-induced signal attenuation is obtained instead.
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Figure 2.1: (a) Schematic diagram of the SBS process. (b) Generation of Brillouin
gain and loss spectra due to the nonlinear SBS interaction between a pump wave and
a Stokes wave.

Assuming a frequency detuning ∆ν of the Stokes wave from the SBS gain line
center deviation from νB , the spatial evolution of the electric fields of the pump EP
and Stokes ES waves under SBS is described by the following coupled equations [46],

δEP
δz = − gB

2Aeff

|ES |2

1+2i
(

∆v
∆vB

)EP − α
2EP

δES
δz = gB

2Aeff

|EP |2

1−2i
(

∆v
∆vB

)ES + α
2ES ,

(2.1)

where Aeff , ∆νB , and α denote the mode effective area, Brillouin gain bandwidth
and optical intensity attenuation coefficient, respectively. On the other hand, the
Brillouin gain coefficient is given by

gB =
2πn7p2

12

cλ2
pρ∆νBυA

, (2.2)

being n the refractive index, λp the pump wavelength, p12 the longitudinal elasto-optic
coefficient and υA the acoustic velocity in the fiber. In silica fibers, the measurable
value of gB is approximately 2.5 · 10−11 m/W.
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The Stokes gain and loss versus the frequency detuning from νB are charac-
terized in Fig. 2.2(a). These results have been represented for different pump powers
and for a fixed Stokes optical power of 1 µW. The following typical parameters were
assumed: ∆νB = 30 MHz, α = 0.2 dB/km and Aeff = 30 · 10−12 m2. It is clearly
noticeable that by increasing the pump power the gain enters in saturation and its
spectrum becomes broader than the Lorentzian profile corresponding to the Brillouin
gain coefficient. This can be explained by the depletion suffered by the pump wave due
to the transfer of power to the Stokes wave. On the other side, the SBS-induced loss
resonance is mathematically described in the same manner as the Stokes scattering.
The only difference is that the sign of Brillouin gain is negative and the frequencies of
the two waves are swapped. It exhibits a similar behavior compared with the Brillouin
gain spectrum, however the spectral shape of the Brillouin loss spectrum keeps the
Lorentzian profile even for high pump powers. The phase shifts associated to the
SBS gain and loss spectra are depicted in Fig. 2.2(b). These curves are characterized
by a maximum and a minimum value of phase shift symmetrically located around
the curve center. The gain flattening effect for saturation operation is translated to
the nonlinear phase shift. For linear operation the maximum and minimum of the
phase shift curve match the Brillouin linewidth ∆νB , but their frequency difference
increases as the gain becomes more saturated.CAPÍTULO 1  4 
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Fig. 2: (a) Brillouin gain (blue lines) and loss (red lines) spectrum and (b) their corre-
sponding phase shift vs the frequency detuning between Stokes and Brillouin frequen-
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b. Phase shifter  

Figure 3 sketches the principle behind the SBS-based MWP phase shifter 
\cite{Loayssa2006}, which is based on counter-propagating an optical single side-
band (OSSB) modulated optical carrier with two pump waves in an optical single-
mode fiber to generate simultaneously Brillouin gain and loss spectra that modify 
the optical carrier \cite{Loayssa2000}. The OSSB modulation is required since this 
modulation format provides a mapping between the optical and the electrical do-
mains, i.e. the induced amplitude and phase changes in the optical spectrum are 
directly translated to the electrical domain \cite{Roman1998}. By adjusting the 
relative frequency difference among the three waves, the Brillouin gain and loss 
experienced by the carrier can be compensated, and also double the phase shifts 
provided by both spectra. The bandwidth of this phase shifter is just limited by the 
bandwidth of the optical transmitter and receivers deployed, and it can provide a 
phase shift that can be dynamically tuned in a range greater than 360º. It is im-
portant to notice that the modulation sideband is only altered as long as the modula-
tion frequency matches the Brillouin gain / loss resonance. These resonances not 
only appear at few megahertz from the optical carrier but also at vc+2vB and vc-2vB 
since each Pump1 and Pump2 generates gain and loss spectrums. 
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\cite{Loayssa2006}, which is based on counter-propagating an optical single side-
band (OSSB) modulated optical carrier with two pump waves in an optical single-
mode fiber to generate simultaneously Brillouin gain and loss spectra that modify 
the optical carrier \cite{Loayssa2000}. The OSSB modulation is required since this 
modulation format provides a mapping between the optical and the electrical do-
mains, i.e. the induced amplitude and phase changes in the optical spectrum are 
directly translated to the electrical domain \cite{Roman1998}. By adjusting the 
relative frequency difference among the three waves, the Brillouin gain and loss 
experienced by the carrier can be compensated, and also double the phase shifts 
provided by both spectra. The bandwidth of this phase shifter is just limited by the 
bandwidth of the optical transmitter and receivers deployed, and it can provide a 
phase shift that can be dynamically tuned in a range greater than 360º. It is im-
portant to notice that the modulation sideband is only altered as long as the modula-
tion frequency matches the Brillouin gain / loss resonance. These resonances not 
only appear at few megahertz from the optical carrier but also at vc+2vB and vc-2vB 
since each Pump1 and Pump2 generates gain and loss spectrums. 
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the SBS processing of the optical carrier and single-sideband generation. 

(b)

Figure 2.2: (a) Brillouin gain (blue curves) and loss (red curves) spectrum and
(b) their corresponding phase shift vs. the frequency detuning between Stokes and
Brillouin frequency.

2.3 Phase shifter based on double SBS generation

Figure 2.3 sketches the principle behind the SBS-based MWP phase shifter [26]. It
is based on counter-propagating an OSSB modulated optical carrier with two pump
waves, PumpA and PumpB , in an optical singlemode fiber to generate simultaneously
Brillouin gain and loss spectra that modify the optical carrier [47]. The OSSB mo-
dulation is required since this modulation format provides a mapping between the
optical and the electrical domains, i.e. the induced amplitude and phase changes in
the optical spectrum are directly translated to the electrical domain [48]. By adjusting
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the relative frequency difference among the three waves, the Brillouin gain and loss
experienced by the carrier can be compensated, and also the phase shifts provided by
both spectra can be doubled. The bandwidth of this phase shifter is just limited by
the bandwidth of the optical transmitter and receiver deployed, and it can provide
a phase shift that can be dynamically tuned in a range greater than 360°. It must
be noticed that the modulation sideband is only altered as long as the modulation
frequency matches the Brillouin gain / loss resonance. These resonances not only
appear at few megahertz from the optical carrier but also at νC + 2νB and νC − 2νB
since each pump wave generates gain and loss spectra.

Three coupled differential equations for the complex amplitudes of the PumpA,
PumpB and carrier waves are used to describe this double interaction [46],
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) + α
2

]
EC .

(2.3)

The solution of these coupled equations under small pump depletion conditions
shows that the Brillouin gain and attenuation experienced by the carrier nearly com-
pensates, while, at the same time, the phase shifts provided by both interactions are
added. Besides, it is found that this phase shift can be tuned adjusting the frequency
detuning among these optical waves.
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The aforementioned technique has been experimental validated employing the
schematic layout depicted in Fig. 2.4. A 10-km-long dispersion shifted fiber (DSF)
was used as a Brillouin gain medium and the Brillouin characteristics of this fiber were
measured, showing a Brillouin shift νB of 10.71 GHz and an SBS gain bandwidth ∆νB
of ∼ 30 MHz. The output of a commercial distributed-feedback laser-diode (DFB-
LD) operating at 1551 nm was employed as a light source to generate the microwave
signal and two Brillouin pumps using two wideband electro-optic modulators (EOM).
High frequency stability between the signal and the two Brillouin pumps is obtained
in this way [49]. The laser source was then split in two arms. On the signal branch,
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the light was externally modulated at the operating frequency νRF using the EOM1

driven by the vectorial network analyzer (VNA) RF output. In order to operate at
broadband frequencies and additionally accomplish single sideband generation, both
the carrier and higher sideband were selected by using an arrayed waveguide grating
(AWG) band-pass filter with more than 50 GHz bandwidth and ∼ 40 dB rejection
band. Then this single sideband modulated signal was delivered into the DSF.

The light from the second branch was modulated through the EOM2 at the
RF frequency νB + ∆ν. The EOM2 was biased to suppress the optical carrier. The
erbium-doped fiber amplifier (EDFA) and the tunable attenuator assured the optical
power level of the pump waves, which in this technique was properly set at 10 dBm.
The higher and lower frequency sidebands of the pump wave led to Brillouin gain
and loss resonances, respectively, shifted by +∆ν and -∆ν with respect to the carrier
frequency, with nearly identical depth and spectral shape. Therefore, the amplitude
of the carrier must remain almost constant since the gain and loss for the carrier is
mutually canceled out, while the associated optical phase shift imparted on the carrier
is doubled, as illustrated in Fig. 2.3.CAPÍTULO 1  6 
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In Figs. 5(a) and 5(b) are illustrated the experimental and calculated results for 
the RF phase shift and power variation respectively as a function of the modulation 
frequency that determines the spectral separation of the pump waves from the opti-
cal carrier. The RF tone modulating the EOM1 was set at 20 GHz. The numerical 
results were accomplished by solving the differential coupled equations shown in 
Eq. 3 using the Runge-Kutta method. A very good agreement is observed. More 
than 360º of phase shift was achieved simply by tuning the Brillouin frequency 
shift, which was centered at 10.71 GHz, only 22 MHz. The carrier phase shift is 
directly derived from the RF phase shift since an OSSB modulation scheme was 
employed. Only 2 dB of RF power variation is observed when the phase shift is 
tuned. Ideally, the gain and loss of the generated SBS spectra would perfectly com-
pensate each other. However, this happens just for a perfectly Lorentzian Brillouin 
spectral shape and for a non-depleted gain spectrum. 
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Fig. 5: Measured (markers) and calculated (solid line) phase shift (a) and power varia-

tion (b) of the RF signal as a function of the modulation frequency in EOM2. 

On the other hand, Fig. 6 depicts the frequency response of the photonic phase 
shifter by tuning the modulation frequency, i.e. the Brillouin frequency shift, from 
10.7 to 10.722 GHz. The frequency response of the phase shift is almost flat, but it 
displays a small ripple attributed to the frequency response of the band-pass filter 
deployed in the setup. Nevertheless, a sharp phase change is observed at ~ 21.4 
GHz, which correspond to vc+2vB where the Brillouin loss resonance from the 
Pump1 takes place. However, it is important to mention that the bandwidth of this 
resonance is only restricted to few tens of MHz. This technique has been previously 

Figure 2.4: Schematic diagram for the generation of a broadband tunable phase
shifter, based on SBS.

Figures 2.5(a) and 2.5(b) illustrate the experimental and calculated results for
the RF phase shift and power variation, respectively, as a function of the modulation
frequency that determines the spectral separation of the pump waves from the optical
carrier. The RF tone modulating the EOM1 was set at 20 GHz. The numerical
results were accomplished by solving the differential coupled equations shown in Eq.
2.3 using the Runge-Kutta method. A very good agreement is observed. More than
360° phase shift was achieved simply by tuning the RF tone modulating the EOM2,
which actually was centered at 10.71 GHz, only 22 MHz. The OSSB modulation
scheme assures that the carrier phase shift is directly derived from the RF phase
shift. Only 2 dB of RF power variation is observed when the phase shift is tuned.
Ideally, the gain and loss of the generated SBS spectra would perfectly compensate
each other. However, this happens just for a perfectly Lorentzian Brillouin spectral
shape and for a non-depleted gain spectrum (see Fig. 2.2(a)).
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Figure 2.5: Measured (markers) and calculated (solid curve) (a) phase shift and (b)
power variation of the RF signal as a function of the modulation frequency in EOM2.

On the other hand, Fig. 2.6 depicts the frequency response of the photonic
phase shifter by tuning the modulation frequency, i.e. the Brillouin frequency shift,
from 10.7 to 10.722 GHz. The frequency response of the phase shift is almost flat,
but it displays a small ripple attributed to the frequency response of the band-
pass filter deployed in the setup. Nevertheless, a sharp phase change is observed at
∼ 21.4 GHz, which correspond to νC + 2νB where the Brillouin loss resonance from
the Pump1 takes place. However, it is important to mention that the bandwidth of
this resonance is only restricted to few tens of MHz. This technique has been previ-
ously confirmed from 1 to 18 GHz [26]. Here, an operational bandwidth up to 40 GHz
is demonstrated, which in turn is just limited by the bandwidth of the modulator,
detector and band-pass filter employed.
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c. TTD 

In general, TTD is simply achieved through the dispersion induced by a single 
broadband resonance centered on C, with FWHM bandwidth of 2RF, as illustrates 
Fig. 7(a). This way a constant group delay and linear phase shift with respect to the 
microwave frequency is obtained. However, in principle, this configuration shows a 
critical limitation since the true time delay generated by the resonance-induced 
dispersion only applies within the linear zone of the phase shift, which limits the 
microwave signal frequency to the resonance bandwidth.  
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true time delay over the RF signal bandwidth simply by controlling dispersion properties, separately at carrier 

frequency and signal bandwidth. 
One of the main drawbacks of the dispersion induced by the Brillouin resonance 
generation is its relative narrow bandwidth, which prevents its use in high frequen-
cy TTD devices. However, this bandwidth limitation can be overcome using the so-
called separate carrier tuning (SCT) approach in a OSSB modulation system 
\cite{Morton2009}. The concept is illustrated in Fig. 7(b) where an OSSB signal 
comprises an optical carrier at frequency C and a modulation sideband at frequency 
C+RF. Then, a spectrally broadened Brillouin pump induces a broadband reso-
nance centered at C+RF. Thus, the RF signal at S experiences a phase shift (S), 

Figure 2.6: Measured RF phase shift as a function of the RF frequency for different
modulation frequencies in EOM2.
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2.4 True time delay line based on SBS and separate
carrier tuning

In general, TTD can be simply achieved through the dispersion induced by a single
broadband resonance centered on νC , with full width at half maximum (FWHM) of
2νRF , as illustrated in Fig. 2.7(a). This way a constant group delay and linear phase
shift with respect to the microwave frequency are obtained. However, in principle,
this configuration shows a critical limitation since the true time delay generated by
the resonance-induced dispersion only applies within the linear zone of the phase shift,
which limits the microwave signal frequency to the resonance bandwidth.
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Figure 2.7: (a) Classical true time delay approach in MWP. (b) Separate carrier
tuning principe to correctly operate true time delay over the RF signal bandwidth
simply by controlling dispersion properties, separately at carrier frequency and signal
bandwidth.

One of the main drawbacks of the dispersion induced by the Brillouin resonance
generation is its relative narrow bandwidth, which prevents its use in high frequency
TTD devices. However, this bandwidth limitation can be overcome using the so-
called separate carrier tuning (SCT) approach in a OSSB modulation system [36].
The concept is illustrated in Fig. 2.7(b) where an OSSB signal comprises an optical
carrier at frequency νC and a modulation sideband at frequency νC + νRF . Here,
a spectrally broadened Brillouin pump induces a broadband resonance centered at
νC + νRF . Thus, the RF signal at νS experiences a phase shift ϕ (νS), which depends
linearly on the RF signal frequency in a spectral bandwidth ∆νRF centered on νRF ,

φ(νS) = 2π (νS − νRF ) τS , (2.4)

where the signal group delay τS is given by

τS =
1

2π

∂φ

∂νS

∣∣∣∣
νS=νRF

. (2.5)

Typically, in high frequency systems, the RF signal has a finite bandwidth
∆νRF of∼ 10% of the operating RF frequency νRF . TTD operation implies a constant
group delay over the entire frequency range including the carrier and the modulation
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sideband. Since no information is carried in the major part comprised in the large
spectral range between the carrier frequency and the modulation sideband centered
on the RF signal, the requirement of constant group delay across the entire bandwidth
can potentially be relaxed across this region. The RF group delay can be expressed
as

τRF =
φ (νC + νRF )− φ (νC)

2πνRF
. (2.6)

TTD operation is simply achieved by calculating the phase shift necessary to
make signal and RF group delays match,

τTTD = τS = τRF , (2.7)

since the phase shift at the center of the Brillouin resonance ϕ (νRF ) is zero. This
situation can be effectively realized by separately managing the dispersion properties
at the carrier frequency and around the signal bandwidth, as shown in Fig. 2.7(b).
Indeed, the required carrier phase offset ϕ (νC) so as to satisfy the TTD operation is
not constant and varies with the generated delay according to

φoffset = −2πνRF τS . (2.8)

It is important to mention that for the case of optically-fed phased array an-
tenna systems [21], the consequences of this phase offset translates into the emission
angle of maximum radiated energy,

sin (θ0) =
νS − νRF

νS
× sin (θ0)|TTD, (2.9)

where sin (θ0)|TTD stands for the true time delay situation with a constant phase
offset. In this case, the scanning angle θ0 will depend on νS (beam squint). In
addition, when compared to a true time delay system, typically hundred times larger
delays will be required to provide the same steering angle θ0.

This SCT architecture not only avoids these beam squint problems, but also it
shows two crucial advantages: first, it is independent on the operating RF frequency
since the optical resonance can be flexibly displaced at any desired RF frequency;
second, it can produce a large TTD with a proper bandwidth at high frequency RF
signals since the signal bandwidth of interest is substantially lower than the RF signal
frequency.

The SCT concept has been experimentally demonstrated using the schematic
diagram depicted in Fig. 2.8, in which two distinct Brillouin slow light systems are
basically combined. A 20-km-long DSF was used as a Brillouin gain medium. The
output of a commercial DFB-LD was used to feed the TTD system. The laser source
was split in three arms. The first branch was used for generating the RF signal. The
pump wave required to perform the SBS-based phase shifter (Pump1) was generated
in the second arm. Last, the third branch was deployed for inducing the signal group
delay through Pump2. Figure 2.9 illustrates the optical frequency spectra of these
waves as well as the resonances induced by the pump waves.
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Figure 2.8: Schematic diagram for the generation of tunable true time delay based on
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Figure 2.9: RF signal and pumps optical frequencies for implementing tunable true
time delay, based on SBS generation and separate carrier tuning.

The lower branch was modulated at νB + νRF using EOM3 driven by an RF
synthesizer, and the carrier was completely suppressed by applying an adequate bias
to the EOM. Only the higher frequency sideband was selected using an FBG operating
in reflection to be used as Pump2. The pump wave was then strongly boosted using
an EDFA to generate strong dispersion around RF signal, thus producing sufficient
group delays for microwave signals. The optical power of Pump1 was controlled using
a variable optical attenuator to precisely adjust the amount of group delay. More-
over, its state of polarization was controlled to match the state of signal polarization
before entering into the DSF, so as to maximize the Brillouin interaction. The optical
phase of Pump1 was externally modulated through an external electro-optic phase
modulator (PM) so as to broaden its power spectrum. Actually, if the linewidth of
the pump wave is not negligible with respect to the Brillouin linewidth νB , the effec-
tive Brillouin gain coefficient can be obtained by the convolution of the pump power
spectrum P (ν) with the inherent Brillouin gain coefficient of the fiber gB (ν) [50],
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g (νeff ) = P (ν)⊗ gB (ν) . (2.10)

So, the spectral width of Pump1 in the output of the modulator was simply
extended by increasing the amplitude of white noise applied to the PM.

The OSSB signal and Pump1 waves generated in the upper and middle branch,
respectively, follow the same principle to that described in Fig. 2.4 for the phase
shifter approach. The carrier to the Pump1 resonance frequency detuning ∆ν was
accurately adjusted so as to induce the proper phase shift to ensure Eq. 2.7. As
a result, it makes possible to generate correct true time delay for the whole signal
bandwidth while dispersion across the entire bandwidth is no longer required unlike
typical slow light systems. As it has been previously shown in Fig. 2.6, since this
optical phase shift is imparted on the carrier, the corresponding phase shift of the
electrical signal is therefore constant with respect to the RF frequency. As a periodic
wave, the adjustment of the optical carrier phase ϕ (νC) can be performed modulus
2π. A 360° tunability of the optical carrier is then sufficient to achieve TTD operation.
After detection, the delayed RF signal was measured using a VNA.

As previously described, the SCT performance basically consists in two Brillouin
systems: an SBS-based phase shifter [26], which is responsible for tuning the carrier
phase shift, and a SBS-based delay line, which controls the microwave subcarrier de-
lay by changing the SBS pump power. Then the electrical phase transfer function of
the SCT system can be expressed as

H (ν) = e−iφoffsete−i2π(ν−νRF )τS . (2.11)

Figures 2.10(a) and 2.10(b) show respectively the gain and phase variations of
the RF signal as a function of the signal frequency swept in the vicinity of the Brillouin
resonance induced by Pump2. These results were obtained for a fixed optical carrier
phase shift while the pump power of the SBS delay line was varied from 5 to 110 mW.
The SBS gain spectrum was centered at 6 GHz above the optical carrier frequency.
It is clearly observed that, for each pump power, the RF phase shift exhibits a linear
dependence on shift as a function of RF frequency, and also a moderate amplitude
change within ∼ 100 MHz bandwidth. It was only limited due to instrumental issues
in terms of available power and bandwidth of the white noise. Within this bandwidth,
the delay as defined by Eq. 2.5 varies from 0.5 to 8 ns while the SBS pump power is
increased.

Figure 2.11(a) depicts the phase offset as a function of the delays shown in
Fig. 2.10(b). For true time delay operation, the optical carrier phase shift must be
adjusted for each delay in order to finally obtain a constant phase offset with respect
to the delay. Figure 2.11(b) illustrates the phase shift results versus the RF frequency
when the phase offset is properly adjusted. The linear regions of the phase curves
have been extrapolated down to the origin of frequencies. The figure inset shows
a zoom of the phase measurement within the Brillouin spectral bandwidth for 4 ns
delay.
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Fig. 10: Measured (markers) and calculated (solid lines) (a) gain and (b) phase shift of 
the RF signal as a function of RF frequency when increasing the Brillouin pump power 

from 5 mW to 110 mW.  

Figure 11(a) depicts the phase offset as a function of the delays shown in Fig. 10(b).  
For true time delay operation, the optical carrier phase shift must be adjusted for 
each delay in order to finally obtain a constant phase offset with respect to the de-
lay. In Fig. 11(b) is illustrated the experimental validation of this concept. The RF 
phase curves are plotted versus the RF frequency, and the linear regions of the 
phase curves have been extrapolated down to the origin of frequencies. The figure 
inset shows a zoom of the phase measurement within the Brillouin spectral band-
width for 4 ns delay.  
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On the other hand, Fig 12(a) illustrates the modulus 2 function of the phase 
offset as a function of the applied delay corresponding to Fig. 10(b) data. Besides, 
Fig 12(b) shows the phase of the detected RF signal as a function of the RF fre-
quency while the optical carrier phase shift is tuned using the SBS-based phase 
shifter. The pump power of the SBS delay line was fixed, corresponding to a 8 ns 
delay. 2 phase tunability was achieved, which is an essential requirement to com-
pensate any value of mod(offset). The SCT delay line therefore operates as a TTD 
element, providing a tuneable TTD up to 8 ns, within an instantaneous RF band-
width of 100 MHz. The operating frequency of 6 GHz was in our case limited by 
equipment availability, but the SBS-based SCT technique can be in principle ap-
plied at any operating frequency.   
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shift of the RF signal as a function of RF frequency when increasing the Brillouin
pump power from 5 to 110 mW.
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Figure 11(a) depicts the phase offset as a function of the delays shown in Fig. 10(b).  
For true time delay operation, the optical carrier phase shift must be adjusted for 
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Fig 12(b) shows the phase of the detected RF signal as a function of the RF fre-
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shifter. The pump power of the SBS delay line was fixed, corresponding to a 8 ns 
delay. 2 phase tunability was achieved, which is an essential requirement to com-
pensate any value of mod(offset). The SCT delay line therefore operates as a TTD 
element, providing a tuneable TTD up to 8 ns, within an instantaneous RF band-
width of 100 MHz. The operating frequency of 6 GHz was in our case limited by 
equipment availability, but the SBS-based SCT technique can be in principle ap-
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pensate any value of mod(offset). The SCT delay line therefore operates as a TTD 
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(b)

Figure 2.11: (a) SBS-SCT based true time delay. For delays from 0.5 to 8 ns, the
optical carrier phase shift is adjusted to ensure a constant extrapolated phase offset
at the origin of RF frequencies. (b) Associated phase offset as a function of the delay.

On the other hand, Fig. 2.12(a) illustrates the modulus 2π function of the
phase offset as a function of the applied delay corresponding to Fig. 2.10(b) data.
Besides, Fig. 2.12(b) shows the phase of the detected RF signal as a function of the
RF frequency while the optical carrier phase shift is tuned using the SBS-based phase
shifter. The pump power of the SBS delay line (Pump2) was fixed, corresponding
to a 8 ns delay. 2π phase tunability was achieved, which is an essential requirement
to compensate any value of mod (φoffset). The SCT delay line therefore operates as
a TTD element, providing a tunable TTD up to 8 ns, within an instantaneous RF
bandwidth of 100 MHz. The operating frequency of 6 GHz was in this case limited by
equipment availability, but the SBS-based SCT technique can be in principle applied
at any operating frequency.
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Fig. 12: (a) Modulus 2 of the phase offset as a function of the delay for the measured 
Brillouin time delays. (b) Tuning of the optical carrier phase shift when the Brillouin 

time delay is fixed at 8 ns.  

d. MWP Filter 

The TTD concept described in sub-section X is now applied for a major MWP ap-
plication, FIR filters /cite{Capmany2006}. FIR filters are based on combining at 
their output a finite set of delayed and weighted replicas or taps of the input optical 
intensity signal. 
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Fig. 13: Layout and transfer function of a generic microwave photonic filter.  

The usual implementation of these filters in the context of microwave photonics 
follows the approach shown in Fig. F1. An input RF signal Si(t) is conveyed by the 
optical carrier and the composite signal is fed to a photonic circuit that first samples 
the signal in the time domain, using a 1×N optical coupler and an optical delay lines 
network, with the delay of the kth tap being k×T, where T is referred to the incre-
mental delay. The sampled signals are then weighted in phase and amplitude to 
provide the desired filter impulse response. Finally, the samples are recombined and 
RF converted by means of an optical receiver producing the output RF signal S0(t). 
The electrical frequency response of such structure is given by  
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where  denotes for the signal RF frequency and ar for the filter complex coeffi-
cients, which are implemented by optical components. In particular, these coeffi-
cients determine the extinction ratio (ER) of a microwave photonics notch filter, 
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(2 )( ) ,
N

r
r

i r TH f a e  



   (12) 

where  denotes for the signal RF frequency and ar for the filter complex coeffi-
cients, which are implemented by optical components. In particular, these coeffi-
cients determine the extinction ratio (ER) of a microwave photonics notch filter, 

(b)

Figure 2.12: (a) Modulus 2π of the phase offset as a function of the delay for the
measured Brillouin time delays. (b) Tuning of the optical carrier phase shift when
the Brillouin time delay is fixed at 8 ns.

2.5 MWP filter using SBS effects

The TTD concept described in section 2.4 is now applied for a major MWP appli-
cation, FIR filters [20]. In a multi-tap complex coefficient filter, the separate carrier
tuning technique not only enables to independently adjust the elementary delay T
between adjacent filter taps, but also the phase of the complex coefficients ar. On the
one hand, the frequency detuning between Pump1A and Pump1B waves with respect
to the optical carrier (see Fig. 2.9) allows for the phase shifter tunability (ϕoffset),
which means a change in the complex coefficients, ar → ar × eirφoffset . Then a ho-
mothetic transformation of the filter spectral response, described in section 1.2, is
obtained,

H ′ (ν) =

N−1∑
r=0

are
irφoffsete−2iπrνT =

N−1∑
r=0

are
−2iπr

(
ν−

φoffset
2πT

)
T

= H

(
ν − φoffset

2πT

)
.

(2.12)

On the other hand, the influence of the Brillouin resonance centered at νC+νRF
induces a signal group delay τS , which yields a FSR change. Therefore, the filter
response can be expressed as

H ′ (ν) =
N−1∑
r=0

are
−i2πr(νT+(ν−νRF )τS) =

N−1∑
r=0

are
−i2πr

(
ν+

(ν−νRF )τS
T

)
T

= H
(
ν + (ν−νRF )τS

T

)
.

(2.13)

This way the filter is fully reconfigurable: its central frequency can be adjusted
by Eq. 2.12, while its FSR can be changed through Eq. 2.13.
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The basic configuration of a notch-type incoherent MWP filter is performed
by a two tap structure [4, 51, 52]. Figure 2.13 schematically depicts the experimental
setup of a SBS-based tunable filter. Two distinct and mutually incoherent DFB-LD
were deployed in order to do not limit the minimum time delay (T ) of the filter. Hence,
it made possible to obtain a higher FSR for the filter. Besides, the spectral difference
between both lasers was properly adjusted so as to avoid any signal distortion caused
by the beating frequency between the lasers. Light output from DFB-LD1 was delive-
red to the tunable TTD system, based on SBS as described in the previously section.
On the other side, the DFB-LD2 output was fed to an EOM and propagated through
a fixed optical path to provide the targeted FSR of the filter. The two branches of
the MWP filter had a path imbalance of 7.5 m, corresponding to T = 37.5 ns. Both
light outputs were modulated by the output port of a common VNA and recombined
to mutually interfere. The amplitude and phase of the photodetected RF signal was
monitored by the input port of the VNA to perform the filter transfer function.CAPÍTULO 1  14 
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Fig. 14: Experimental layout of dynamically reconfigurable microwave photonic filter, 

based on SBS.  

As it is clearly observed from Fig. Yb, the RF phase exhibits a linear dependence on 
shift as a function of RF frequency, with a bandwidth of 100 MHz and centered at 6 
GHz. In addition, a moderate amplitude change of few dBs within the same band-
width is observed in Fig. Ya. It is very important for the MPF to control not only 
the time delay, but also the amplitude coefficients of the filter, i.e. a0 or a1. To im-
plement the TTD, a linear phase slope is required. In this case, the maximum 
achievable TTD value over the 100 MHz span was 7 ns, since further delays im-
plied large amplitude changes which would degrade the filter performance. As it 
was previously mentioned, this delay can be tuned by changing the optical power of 
the Brillouin pump signal. 

First, to check the filter tunability, the effect of a pure phase shift on the opti-
cal carrier by recording the filter spectral transfer function has been measured. Fig-
ure Y displays the frequency response of the filter obtained with the SBS pump 
power set at 100 mW and thus a fixed TTD, preserving the free spectral range and 
the spectral shape. It corresponds to a complex-valued two-coefficient MWP filter 
\cite{Capmany2007, Sagues2008, Xue2009b}. The 7 ns resulting from the Brillouin 
generation (TB) added to that fixed path delay yielding a total delay imbalance be-
tween the two filter taps of 44.4 ns, corresponding to a FSR of 22.5 MHz respec-
tively. In this figure, continuous tunability was demonstrated as the phase of the 
higher-coefficient tap is modified by tuning the carrier phase shift using SBS-based 
phase shifter. Experimental measurements (symbols) show a good agreement with 
theoretical calculations (dashed lines). The observed small deviations of the RF 
response from the ideal behavior are attributed to the non-completely linear phase 
response generated by SBS system. It must be considered that a noise source is used 
to broaden the Brillouin gain, resulting in small deviations from the Gaussian gain 
shape and thus in phase fluctuations. Besides, it is important to notice that the cen-
tral frequency of the notch filter is tuned while maintaining the shape of the transfer 
function unaltered, since the true time delay between the arms of the MPF is fixed. 
The maximum achievable phase shift is greater than 360º, which leads to a continu-
ously full tuning range of the filter response. In this case, the filter central frequency 
is only limited by our instrumentation.  

Figure 2.13: Experimental layout of dynamically reconfigurable microwave photonic
filter based on SBS.

According to Eqs. 2.11 and 1.4, the frequency response of the two-tap notch
filter is given by

H (ν) = a0 + a1e
i(φoffset−2πνT0−2π(ν−νRF )τS), (2.14)

where νRF corresponds to the RF central frequency (6 GHz in this case). In particular,
a0 and a1 determine the extinction ratio (ER) of the notch filter, which is given by

ER = (1 + κ)
2
/

(1− κ)
2
, being κ the ratio between them.

As it is clearly observed from Fig. 2.10, the linear RF phase dependence as a
function of RF frequency is accompanied by a amplitude change of few dBs within
100 MHz bandwidth. The largest delay for achieving a moderate amplitude change
between the filter taps, and thus a good performance in terms of ER, was 7 ns.

First, in order to get the tunability of the FSR, the Brillouin time delay was
tuned in the upper branch of the filter. Figure 2.14 illustrates the frequency response
of a the two-tap MWP filter when the Pump2 power is adjusted to generate 0.5 ns
(blue), 4 ns (red) and 7 ns (black) time delays. This figure depicts the case in which
the phase of the optical carrier is kept unaltered. The delays resulting from the
Brillouin generation added to that fixed path delay yielding a total delay imbalance
between the two filter taps of 38 ns, 41.5 ns and 44.5 ns, corresponding to a FSR
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of 26.3 MHz, 24.1 MHz and 22.5 MHz, respectively. This means that the FSR can
be decreased down to 16% of its initial value. Experimental measurements (markers)
show a good agreement with theoretical calculations (dashed curves). The observed
small deviations of the RF response from the ideal behavior are attributed to the
amplitude variations and non-completely linear phase response generated by SBS
system. It must be considered that a noise source is used to broaden the Brillouin
gain, resulting in small deviations from the Gaussian gain shape and thus in phase
fluctuations.
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Fig. 15: Measured (markers) and simulated (solid lines) filter frequency response by 

tuning the carrier phase shift for 110 mW Brillouin pump power.  

 Second, to get the tunability of the FSR, the Brillouin time delay was tuned 
in the upper branch of the filter. In Figs. 16(a) and 16(b) are illustrated the frequen-
cy responses of the two-tap filter when the Brillouin pump power is adjusted to 
generate 0.5 ns (blue), 4 ns (red) and 7 ns (black) of time delay. These delays added 
to the fixed path delay (37.5 ns) correspond to a FSR of 26.4 MHz, 24.8 MHz and 
22.5 MHz respectively. This means that the FSR can be decreased down to 17% of 
its initial value. Figure 16(a) depicts the case where the phase of the optical carrier 
is kept unaltered. However, in Fig 16(b) the SBS-based phase shifter is used to 
maintain a notch position at a given frequency. According to Eq.(-) and (x), the 
frequency response of the 2-tap notch filter is given by  

      02 2

0 1 ,offset RF Si T
H a a e

     


  
   (15) 

where RF corresponds to the RF central frequency (6 GHz in our case). A notch can 
then be position at any arbitrary frequency notch provided that the optical carrier phase 
shift offset satisfies: 

    mod 2 2 ,offset notch notch RF ST           (16) 

where mod is the modulus 2 function. In our particular case illustrated in Fig. X, 
258.12° and 300.24° of carrier phase compensation for the 7 ns and 4 ns curve respec-
tively were required to fix a notch position at 5.961 GHz. This way a reconfigurable 
notch filter with more than 30 dB extinction ratio has been achieved, showing an excel-
lent agreement with theoretical prediction from Eq.(19). 
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Figure 2.14: Measured (markers) and simulated (solid curves) frequency response of
a twp-tap filter for 5 mW (blue), 60 mW (red) and 100 mW (black) Pump2 power.

Second, the effect of a pure phase shift on the optical carrier has been measured
by recording the filter spectral transfer function. Figure 2.15 displays the frequency
response of the filter obtained with the SBS pump power (Pump2) set at 100 mW
and thus a fixed TTD, preserving its free spectral range. The 7 ns resulting from the
Brillouin generation added to the fixed path delay (37.5 ns) corresponding to a FSR of
22.5 MHz. In this figure, continuous tunability was demonstrated as the phase of the
higher-coefficient tap is modified by tuning the carrier phase shift using SBS-based
phase shifter. In addition, it is important to notice that the central frequency of the
notch filter is tuned while maintaining the shape of the transfer function unaltered,
since the true time delay between the arms of the filter is fixed. The maximum
achievable phase shift was greater than 360°, which leads to a continuously full tuning
range of the filter response. In this case, the filter central frequency is only limited
by the lab instrumentation.
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Fig. 15: Measured (markers) and simulated (solid lines) filter frequency response by 

tuning the carrier phase shift for 110 mW Brillouin pump power.  

 Second, to get the tunability of the FSR, the Brillouin time delay was tuned 
in the upper branch of the filter. In Figs. 16(a) and 16(b) are illustrated the frequen-
cy responses of the two-tap filter when the Brillouin pump power is adjusted to 
generate 0.5 ns (blue), 4 ns (red) and 7 ns (black) of time delay. These delays added 
to the fixed path delay (37.5 ns) correspond to a FSR of 26.4 MHz, 24.8 MHz and 
22.5 MHz respectively. This means that the FSR can be decreased down to 17% of 
its initial value. Figure 16(a) depicts the case where the phase of the optical carrier 
is kept unaltered. However, in Fig 16(b) the SBS-based phase shifter is used to 
maintain a notch position at a given frequency. According to Eq.(-) and (x), the 
frequency response of the 2-tap notch filter is given by  
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where RF corresponds to the RF central frequency (6 GHz in our case). A notch can 
then be position at any arbitrary frequency notch provided that the optical carrier phase 
shift offset satisfies: 

    mod 2 2 ,offset notch notch RF ST           (16) 

where mod is the modulus 2 function. In our particular case illustrated in Fig. X, 
258.12° and 300.24° of carrier phase compensation for the 7 ns and 4 ns curve respec-
tively were required to fix a notch position at 5.961 GHz. This way a reconfigurable 
notch filter with more than 30 dB extinction ratio has been achieved, showing an excel-
lent agreement with theoretical prediction from Eq.(19). 
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Figure 2.15: Measured (markers) and simulated (solid curves) filter frequency res-
ponse by tuning the carrier phase shift for 110 mW Pump2 power.

Finally, the combination of both effects, the phase shifter and Brillouin time
delay, allow for the complete filter tunability in terms of FSR and central frequency.
In Fig. 2.16 the SBS-based phase shifter is used to maintain a notch position at a
given frequency. From Eq. 2.14 it is easy to infer that a notch can then be positioned
at any arbitrary frequency νnotch providing that the optical carrier phase shift ϕoffset
satisfies

φoffset = mod (π + 2πνnotchT + 2π (νnotch − νRF ) τS) , (2.15)

where mod is the modulus 2π function. In the particular case illustrated in Fig. 2.16,
258.12° and 300.24° carrier phase compensation for the 7 ns and 4 ns curve, respec-
tively, were required to fix a notch position at 5.961 GHz. This way a reconfigurable
notch filter with more than 30 dB extinction ratio has been achieved, showing an
excellent agreement with theoretical prediction from Eq.2.14.CAPÍTULO 1  16 
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Fig. 16: Measured (markers) and simulated (solid lines) frequency response of MWP filter with 5 mW (blue), 

60 mW (red) and 100 mW (black) of Brillouin pump power. (a) Without tuning the carrier phase shift. (b) 
Tuning the carrier phase shift to positioned the first notch at 5.961 GHz. 

Figure 2.16: Measured (markers) and simulated (solid curves) frequency response of
a twp-tap filter for 5 mW (blue), 60 mW (red) and 100 mW (black) Pump2 power
and for different carrier phase shifts to fix the frequency of the notch at 5.961 GHz.



2. SFL effects using stimulated Brillouin scattering for MWP applications 27

2.6 Dynamic Brillouin gratings

The demonstrations and applications seen in previous sections make use of interactions
between two optical waves along standard fibers. However, a more flexible alternative
is based on the SBS interaction in PMFs [39–41]. This way yields the generation of
DBGs, which act as a movable reflectors for incoming signals waves that are polarized
along the orthogonal principal axis.

The DBG operation principle is schematically depicted in Fig. 2.17, where
two Brillouin pumps, Pump1 and Pump2, are counter-propagated through the slow
polarization axis (x-axis) of a PMF to generate the so-called dynamic grating of
refractive index variations by stimulated Brillouin scattering [37, 39, 40, 53–56]. This
acoustic mirror can be switched on and off and even moved along the fiber, depending
on the profile of the pump waves. The frequency offset between the pump waves
equal to the Brillouin frequency νB of the PMF. The generated DBG can reflect
the orthogonally polarized (y-polarized) wave, the signal wave, at a different optical
frequency (ν + ∆ν) propagating in the direction of Pump1, provided that a phase-
matching condition is satisfied [39],

∆ν =
∆n

n
· ν, (2.16)

where ∆n is the birefringence (∆n ≡ nx−ny) of the PMF, and the frequency offset ∆ν
amounts to 40-80 GHz in most cases [39]. On a broader context, SBS dynamic gratings
can be regarded as a three-wave process (one wave is acoustic) in an electrostictive
medium [8].
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where $\Delta n$ is the birefringence ($\Delta n \equiv {n_x} - {n_y}$) of the 
PMF, and the frequency offset $\Delta \nu$  amounts to 40-80 GHz in most cases 
\cite{Song2008}. On a broader context, SBS dynamic gratings can be regarded as a 
four-wave-mixing (FWM) process in an un-isotropic medium of third-order nonlin-
earity \cite{Boyd2008}. 
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Fig. 1: (a) Principle to generate localized Brillouin dynamic gratings in PMF. (b) Con-

figuration of pump and signal frequencies. 

The DBG generation has been recently demonstrated through the interaction of 
pump pulse trains counter-propagating along the fiber \cite{Chin2010}, as illus-
trates Fig. \ref{fig:DBG2a}. The acoustic wave builds up at the pulse crossing point 
as long as the pulses physically overlap, thus grating length and periodicity are 
determined by the pulse duration and repetition ratio respectively. However, the 
grating generation is restricted by the acoustic lifetime $\tau _B$ ($\sim$ 10 ns in 
standard single mode fibers) \cite{Song2008}. It means that the gratings must be 
refreshed by periodic pump pulses at a repetition rate faster than the acoustic life-
time, thus the strength of reflection is temporally varying.   

A new technique for the generation of SBS dynamic gratings that are both lo-
calized and stationary has been recently proposed \cite{Antman2012} in order to 
overcome this limitation. The principle, shown in Fig. \ref{fig:DBG2b}, relies on 
the phase modulation of the two pump waves by a common pseudo-random bit 
sequence (PRBS), with a symbol duration that is much shorter than $\tau _B$. In 
this case, the half of the word length used to generate the pseudo-random code de-
termines the grating periodicity. 
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earity \cite{Boyd2008}. 
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figuration of pump and signal frequencies. 
The DBG generation has been recently demonstrated through the interaction of 
pump pulse trains counter-propagating along the fiber \cite{Chin2010}, as illus-
trates Fig. \ref{fig:DBG2a}. The acoustic wave builds up at the pulse crossing point 
as long as the pulses physically overlap, thus grating length and periodicity are 
determined by the pulse duration and repetition ratio respectively. However, the 
grating generation is restricted by the acoustic lifetime $\tau _B$ ($\sim$ 10 ns in 
standard single mode fibers) \cite{Song2008}. It means that the gratings must be 
refreshed by periodic pump pulses at a repetition rate faster than the acoustic life-
time, thus the strength of reflection is temporally varying.   

A new technique for the generation of SBS dynamic gratings that are both lo-
calized and stationary has been recently proposed \cite{Antman2012} in order to 
overcome this limitation. The principle, shown in Fig. \ref{fig:DBG2b}, relies on 
the phase modulation of the two pump waves by a common pseudo-random bit 
sequence (PRBS), with a symbol duration that is much shorter than $\tau _B$. In 
this case, the half of the word length used to generate the pseudo-random code de-
termines the grating periodicity. 
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Figure 2.17: (a) Principle to generate localized dynamic Brillouin gratings in PMF.
(b) Spectra of pump and signal waves.

The DBG generation has been recently demonstrated through the interaction of
pump pulse trains counter-propagating along the fiber [37], as illustrates Fig. 2.18(a).
The acoustic wave builds up at the pulse crossing point as long as the pulses physically
overlap, thus grating length and periodicity are determined by the pulse duration and
repetition ratio, respectively. However, the grating generation is restricted by the
acoustic lifetime τB (∼ 10 ns in standard single mode fibers) [39]. It means that the
gratings must be refreshed by periodic pump pulses at a repetition rate faster than
the acoustic lifetime, thus the strength of reflection is temporally varying.

A new technique for the generation of SBS dynamic gratings that are both
localized and stationary has been recently proposed [45] in order to overcome this
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limitation. The principle, shown in Fig. 2.18(b), relies on the phase modulation of
the two pump waves by a common PRBS, with a symbol duration that is much shorter
than τB . In this case, the half of the word length used to generate the pseudo-random
code determines the grating periodicity.
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Figure 2.18: DBGs generation based on the interaction of (a) pulse train and (b)
PRBS phase modulated pump waves.

Despite the spatial period, and therefore, the fact that the amplitude of the
acoustic grating does not vary with time, DBG based PRBS generation normally
exhibit substantially less reflectivity level than pulsed DBGs due to the continuous
wave operation of the pumps. This disadvantage relies on the peak power of the pumps
used to build up the gratings. It is well known that the lower the ratio between train
period and FWHM is, the lower the peak power becomes. Therefore, since the PRBS
signal is equivalent to a squared pulse train, that relation turns lower compared to a
common pulsed DBG implementation.

DBGs have been so far proposed as a powerful tool in communication or sen-
sor applications as a wide range tunable delay line [37, 54], or a distributed sensing
mechanism with a high spatial resolution [55,56]. Simply by applying a relative delay
between both pump waves, any crossing point of the two pumps can be addressed.
As a consequence, signal pulses can be reflected at any preset position along the
fiber, resulting in a large signal delay with low signal distortion. Figure 2.19(a) illus-
trates the normalized time waveforms of the reflected 500 ps width Gaussian pulses
while shifting the grating position. As it is observed, a continuously induced time
delay of ∼ 3.2 ns was obtained with negligible pulse distortion, which mostly relies
on the fiber dispersion. It must be pointed out that the maximum achievable time
delay is physically determined by the fiber length. On the other hand, dynamic gra-
ting reflections show opposite dependences on temperature and strain, which leads to
the possibility of discriminative measurement of temperature and strain when ana-
lyzed together with Brillouin frequency distribution. This way DBGs add another
dimension to ordinary distributed fiber sensors based on Brillouin scattering such as
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BOTDA (Brillouin optical time-domain analysis) [57] and BOCDA (Brillouin optical
correlation-domain analysis) [58]. Figure 2.19(b) shows the 3D map of the distributed
Brillouin gain spectrum along 1 m-long PMF. The relative power of the reflected sig-
nal, as a function of the dynamic grating position and the detuning of the signal
frequency is illustrated. A 10 mm-long section of metal piece was placed in contact
with a high-current resistor, to generate a local hot-spot. It is clearly observed that
the gain distribution near the 10 mm heated section is clearly separated from the rest
of the fiber that remains under normal environmental condition, hence verifying the
high spatial resolution of this system.
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Basic MWP functionalities (TTD and phase shifter -> simulations, “Nikolay equa-
tions”) 

-Mostrar las ecuaciones e indicar el que los gratings son phase sonjugators. 
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Figure 2.19: DBG applications: (a) optically tunable time delays and (b) high per-
formance distributed fiber sensor with discrimination of temperature and strain.

2.7 Basic MWP functionalities using DBGs

The grating capabilities in terms of delaying optical pulses have been successfully
demonstrated in literature [37, 54]. However, the DBG interaction with microwave
signals has not been yet demonstrated. Some numerical calculations are here shown
so as to analyze the phase response of the modulated microwave signal through the
DBG reflection. This way two different implementations have been studied to obtain
basic MWP functionalities (i.e. TTD lines and phase shifters).

As it has been previously mentioned in 2.6, the DBG principle relies on the
interaction of two optical pumps. Therefore, considering the beginning of the PMF
as the origin of the optical phase for Pump1 and Pump2, the optical fields of both
counter-propagating pumps, polarized along the x-axis nx and meeting at the position
d (see Fig. 2.17(a)), can be expressed as

EP1
|z=d = aP1

e
i2π
(
νP1

t−
νP1
c nxd

)
EP2
|z=d = aP2

e
i2π
(
νP2

t+
νP2
c nx(d−L)

)
,

(2.17)

where aP1
, aP1

, νP1
, and νP2

stand for the amplitude and frequencies of Pump1 and
Pump2, respectively, while L denotes the length of the PMF.
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The acoustic wave generated through the SBS interaction between these pump
fields is given by

G = aDBGEP1
E∗P2

= aDBGaP1
aP2

e
i2π
(
νBt−

νP1
c nxd−

νP2
c nx(d−L)

)
, (2.18)

being aDBG the grating reflectivity and νB = νP1−νP2 the angular Brillouin frequency.

The generation of tunable TTDs through DBG interaction can be accomplished
by reflecting both the carrier and two sidebands from the same grating, as illustrated
in Fig. 2.17(b). The optical field of these waves after propagating a distance d is
represented as

ES |z=d = aCe
i2π(νCt− νCc nyd) + aRSBe

i2π

(
(νC+νRF )t− (νC+νRF )

c nyd

)
+

aLSBe
i2π

(
(νC−νRF )t− (νC−νRF )

c nyd

)
,

(2.19)

where aC , aRSD and aLSD are respectively the carrier, right and left sideband ampli-
tudes. νC and νRF denote the angular frequency of the carrier and RF modulating
signal, respectively. Taking into account that νCny = νP1

nx from [39], the signal
reflection through the grating at the position z = d can be written as

ESR|z=d = ES |z=dG∗ =

aDBGaP1
aP2

 aCe
i2π
(

(νC−νB)t+
νP2
c nx(d−L)

)
+

aRSBe
i2π
(

(νC+νRF−νB)t− νRFc nyd+
νP2
c nx(d−L)

)
+

aLSBe
i2π
(

(νC−νRF−νB)t+
νRF
c nyd+

νP2
c nx(d−L)

)

 . (2.20)

Now, the reflected signal propagates back to the detection point, which has
been chosen to be z = 0. Thus, the reflected signal at the beginning of the PMF can
be expressed as

ESR|z=0 =

aDBGaP1
aP2

 aCe
i2π
(

(νC−νB)t+
νP2
c nx(d−L)− νCRc nyd

)
+

aRSBe
i2π
(

(νC+νRF−νB)t− νRFc nyd+
νP2
c nx(d−L)− νCR+νRF

c nyd
)
+

aLSBe
i2π
(

(νC−νRF−νB)t+
νRF
c nyd+

νP2
c nx(d−L)− νCR−νRF

c nyd
)

 ,
(2.21)

where νCR defines the angular frequency of the reflected carrier, which can be written
as νCR = νP2nx/ny. Finally, the optical waves comprising the signal are beaten in
the photodetector at z = 0. Therefore, the photocurrent generated at the modulation
frequency νRF is proportional to
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i (νRF )|z=0 ∝ |4aDBGaP1aP2aC (aRSB + aLSB)| ei(−2
2πνRF

c nyd). (2.22)

From Eq. 2.22, the phase of the photodetected signal can be expressed as
φ = −2νRFnyd/c, while the signal delay as τ = ny2d/c.
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Fig. 4: Phase shift as a function of the modulation frequency (a) for different grating 

positions along the fiber and (b) the corresponding true time delay. 

In Figs. \ref{fig:DBG4a}and \ref{fig:DBG4b}are illustrated the phase shift and 
corresponding time delay respectively as a function of the RF frequency for differ-
ent grating positions along the PMF. The grating was build up through 400 ps pump 
pulses yielding $\sim$ 1GHz bandwidth. The same as occurred in the tunable delay 
line for pulses (see Fig. \ref{fig:DBG3a}), the position of the DBG was tuned by 
applying a relative delay between both pump waves. As it is clearly observed in 
Fig. \ref{fig:DBG4b}, the perfectly proportional evolution of the phase of the RF 
signals with respect their operational frequency implies TTD operation. As ex-
pected from Eq. \ref{eq:DBG7}, the obtained TTD corresponds to twice the propa-
gation length. In addition, larger delay values can be simply achieved by using 
longer PMF. It must be pointed out that the TTD bandwidth and operational fre-
quency remain limited to half the grating bandwidth in this implementation. 

On the other hand, the phase shifter approach relies on the independent reflection of 
the optical carrier and one sideband from two different gratings. In such a way, 
these two DBGs are generated by counter-propagating two double pump waves as 
illustrates Fig. \ref{fig:DBG5}. Thus, the gratings are physically overlapped at the 
same fiber position but at different central frequency. 

(a)
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Fig. 4: Phase shift as a function of the modulation frequency (a) for different grating 

positions along the fiber and (b) the corresponding true time delay. 

In Figs. \ref{fig:DBG4a}and \ref{fig:DBG4b}are illustrated the phase shift and 
corresponding time delay respectively as a function of the RF frequency for differ-
ent grating positions along the PMF. The grating was build up through 400 ps pump 
pulses yielding $\sim$ 1GHz bandwidth. The same as occurred in the tunable delay 
line for pulses (see Fig. \ref{fig:DBG3a}), the position of the DBG was tuned by 
applying a relative delay between both pump waves. As it is clearly observed in 
Fig. \ref{fig:DBG4b}, the perfectly proportional evolution of the phase of the RF 
signals with respect their operational frequency implies TTD operation. As ex-
pected from Eq. \ref{eq:DBG7}, the obtained TTD corresponds to twice the propa-
gation length. In addition, larger delay values can be simply achieved by using 
longer PMF. It must be pointed out that the TTD bandwidth and operational fre-
quency remain limited to half the grating bandwidth in this implementation. 

On the other hand, the phase shifter approach relies on the independent reflection of 
the optical carrier and one sideband from two different gratings. In such a way, 
these two DBGs are generated by counter-propagating two double pump waves as 
illustrates Fig. \ref{fig:DBG5}. Thus, the gratings are physically overlapped at the 
same fiber position but at different central frequency. 

(b)

Figure 2.20: Measured (markers) and calculated (solid curves) (a) phase shift as a
function of the modulation frequency for different DBG positions along the fiber and
(b) the corresponding true time delay.

Figures 2.20(a) and 2.20(b) illustrate the phase shift and corresponding time
delay, respectively, as a function of the RF frequency for different grating positions
along the PMF. The grating was build up through 400 ps pump pulses yielding
∼ 1GHz bandwidth. The same as occurred in Fig. 2.19(a), the position of the DBG
was tuned by applying a relative delay between both pump waves. As it is clearly
observed in Fig. 2.20(b), the perfectly proportional evolution of the phase of the RF
signals with respect their operational frequency implies TTD operation. As expected
from Eq. 2.22, the obtained TTD corresponds to twice the propagation length. In
addition, larger delay values can be simply achieved by using longer PMF. It must
be pointed out that the TTD bandwidth and operational frequency remain limited
to half the grating bandwidth in this implementation.

On the other hand, the phase shifter approach relies on the independent re-
flection of the optical carrier and one sideband from two different gratings. In such a
way, these two DBGs are generated by counter-propagating two double pump waves,
as illustrates Fig. 2.21. Thus, the gratings are physically overlapped at the same fiber
position but at different central frequency.

Two acoustic waves are generated through this double SBS interaction, the
one whose will reflect the optical carrier and the other for reflecting one sideband,

GC = aDBGaP1
aP2

e
i2π
(
νBt−

νP1
c nxd−

νP2
c nx(d−L)

)
,

GSB = aDBGaP1aP2e
i2π

(
ΩBt−

νP1
−νG
c nxd−

νP2
−νG
c nx(d−L)

)
.

(2.23)
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Fig. 4: Phase shift as a function of the modulation frequency for different grating posi-

tions along the fiber (a) and the corresponding true time delay (b). 

In Figs. \ref{fig:DBG4a}and \ref{fig:DBG4b}are illustrated the phase shift and 
corresponding time delay respectively as a function of the RF frequency for differ-
ent grating positions along the PMF. The grating was build up through 400 ps pump 
pulses yielding $\sim$ 1GHz bandwidth. The same as occurred in the tunable delay 
line for pulses (see Fig. \ref{fig:DBG3a}), the position of the DBG was tuned by 
applying a relative delay between both pump waves. As it is clearly observed in 
Fig. \ref{fig:DBG4b}, the perfectly proportional evolution of the phase of the RF 
signals with respect their operational frequency implies TTD operation. As ex-
pected from Eq. \ref{eq:DBG7}, the obtained TTD corresponds to twice the propa-
gation length. In addition, larger delay values can be simply achieved by using 
longer PMF. It must be pointed out that the TTD bandwidth and operational fre-
quency remain limited to half the grating bandwidth in this implementation. 

On the other hand, the phase shifter approach relies on the independent reflection of 
the optical carrier and one sideband from two different gratings. In such a way, 
these two DBGs are generated by counter-propagating two double pump waves as 
illustrates Fig. \ref{fig:DBG5}. Thus, the gratings are physically overlapped at the 
same fiber position but at different central frequency. 
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Fig. 5: Optical frequencies of the pump and signal waves for the double grating genera-

tion. 

 

 

 

Figure 2.21: Optical frequencies of the pump and signal waves for the double grating
generation.

The optical field of the signal is now composed only by two spectral lines, the
carrier and the red sideband. The blue sideband can be neglected since it will not be
reflected. After propagating a distance d, this optical field is represented as

ES |z=d = aCe
i2π(νCt− νCc nyd) + aLSBe

i2π

(
(νC−νRF )t− (νC−νRF )

c nyd

)
. (2.24)

Then the carrier wave of the signal matches the resonance of one DBG, whereas
the lower sideband is in resonance with the second DBG. At that time, the signal is
back-reflected to the detection point, which again has been chosen to be z = 0. Thus,
the reflected signal at the beginning of the PMF can be expressed as

ESR|z=0 = aDBGaP1
aP2

[
aCe

i2π((νC−νB)t− νCRc nyL)+

aLSBe
i2π((νC−νRF−νB)t+2

νRF−νG
c nyd−

νCR−νG
c nyL)

]
.

(2.25)

Finally, due to the beating between the optical waves in the photodetector, the
photocurrent at the modulation frequency νRF is proportional to

i (νRF )|z=0 ∝ |4aDBGaP1aP2aCaLSB | ei2π(−2
νRF−νG

c nyd−
νG
c nyL). (2.26)

Hence, the phase shift depends not only on the νRF and d, but also on the
spectral difference between both gratings νG and the fiber length L. This last de-
pendence appears as a result of the two gratings relative phase shift since they are
located at different frequencies.

Figures 2.22(a) and 2.22(b) show the calculated results of the phase shift as a
function of the grating position d and the spectral difference between both gratings
νG. The results have been simulated for L = 1.2 m, νG = 5 GHz in Fig. 2.22(a) and
d = 20 cm in Fig. 2.22(b). As occurred in Fig. 2.10(b), the phase changes illustrated
in Fig. 2.22(a) are equivalent to a signal group delay, but not TTD since the phase
origin is centered at 5 GHz, thus it will produce the well-known beam squint in
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radar applications as explained in 2.4. However, the phase shifter implementation is
numerically demonstrated in Fig. 2.22(b). As it is observed, 2π tunability is obtained
with only 200 MHz frequency detuning. Thus, the TTD condition can be simple met
by adjusting the spectral difference between the gratings as it has been demonstrated
through the SCT technique in the section 2.4. In this case, the phase shifter / TTD
bandwidth still limited by the grating resonance, while its central frequency is only
restricted by the bandwidth of the modulators and driving equipment.
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Fig. 6: Phase shift as a function of the modulation frequency when using double DBG 

reflection (a) for different grating positions along the fiber and (b) for different spectral 
separation between the gratings. 

MWP Filter (four implementations) 

As a potential application, four different MWP filter implementations based on 
DBG generation are here presented, where the location of the reflection gratings can 
be dynamically controlled within a PMF by tuning the time delay between the pump 
waves. 

The generic experimental layout of the DBG-based MWP filter is illustrated in Fig. 
\ref{fig:DBG7}. A distributed-feedback laser diode (DFB-LD 1) was used to gen-
erate the two pump waves. The laser source was then split into distinct fiber chan-
nels. The power in the upper channel was boosted using an EDFA up to $\sim$ 200 
mW, polarized along the slow axis of the PMF, and launched into the PMF as 
Pump$_1$.The optical power in the other channel was modulated by an electro-
optic intensity modulator EOM$_1$ driven by a microwave signal at the Brillouin 
shift frequency $\nu _B$ ($\sim$ 11 GHz). The EOM$_1$ was biased in order to 
suppress the optical carrier. The upper sideband was filtered using a narrow-band 
fiber Bragg grating (FBG) and then amplified by a second EDFA to ($\sim$  200 

(a)
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Fig. 6: Phase shift as a function of the modulation frequency when using double DBG 

reflection (a) for different grating positions along the fiber and (b) for different spectral 
separation between the gratings. 

MWP Filter (four implementations) 

As a potential application, four different MWP filter implementations based on 
DBG generation are here presented, where the location of the reflection gratings can 
be dynamically controlled within a PMF by tuning the time delay between the pump 
waves. 

The generic experimental layout of the DBG-based MWP filter is illustrated in Fig. 
\ref{fig:DBG7}. A distributed-feedback laser diode (DFB-LD 1) was used to gen-
erate the two pump waves. The laser source was then split into distinct fiber chan-
nels. The power in the upper channel was boosted using an EDFA up to $\sim$ 200 
mW, polarized along the slow axis of the PMF, and launched into the PMF as 
Pump$_1$.The optical power in the other channel was modulated by an electro-
optic intensity modulator EOM$_1$ driven by a microwave signal at the Brillouin 
shift frequency $\nu _B$ ($\sim$ 11 GHz). The EOM$_1$ was biased in order to 
suppress the optical carrier. The upper sideband was filtered using a narrow-band 
fiber Bragg grating (FBG) and then amplified by a second EDFA to ($\sim$  200 
mW to be used as Pump$_2$. This way the stability of the frequency difference 
between the two pumps was secured. The polarization of Pump$_2$ was also 
aligned along the slow axis before entering the opposite end of the fiber. The output 
signal of a second DFB laser (DFB-LD 2) was modulated by an RF tone from the 
output port of a VNA using EOM$_2$, amplified and polarized along the fast axis 
of the PMF. According to the high birefringence of the PMF, the dynamic grating 
resonance appeared at 73 GHz above the frequency of Pump$_2$, hence the optical 
frequency of DFB-LD 2 was precisely placed at the center of the DBG using tem-
perature and current controls. The reflected signal was finally detected and meas-
ured by the input port of the VNA.  

(b)

Figure 2.22: Phase shift as a function of the modulation frequency when the signal
is reflected from two DBGs (a) for different grating positions along the fiber and (b)
for different spectral separations between the two gratings.

2.8 MWP filter implementations based on DBG re-
flections

As a potential application, four different MWP filter implementations based on DBG
generation are here presented, where the location of the reflection gratings can be
dynamically controlled within a PMF by tuning the time delay between the pump
waves.

The generic experimental layout of the DBG-based MWP filter is illustrated
in Fig. 2.23. The DFB-LD 1 was used to generate the two pump waves. The laser
source was then split into distinct fiber channels. The power in the upper channel
was boosted using an EDFA up to ∼ 200 mW, polarized along the slow axis of the
PMF and launched into the PMF as Pump1. The optical power in the other channel
was modulated by using the EOM1 driven by a microwave signal at the Brillouin shift
frequency νB (∼ 11 GHz). The EOM1 was biased in order to suppress the optical
carrier. The upper sideband was filtered using a narrow-band FBG and then amplified
by a second EDFA to ∼ 200 mW to be used as Pump2. This way the stability of
the frequency difference between the two pumps was secured. The polarization of
Pump2 was also aligned along the slow axis before entering the opposite end of the
fiber. The output signal of a second DFB laser (DFB-LD 2) was modulated by an
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RF tone from the output port of a VNA using the EOM2, amplified and polarized
along the fast axis of the PMF. According to the high birefringence of the PMF, the
dynamic grating resonance appeared at 73 GHz above the frequency of Pump2, hence
the optical frequency of the DFB-LD 2 was precisely placed at the center of the DBG
using temperature and current controls. The reflected signal was finally detected and
measured by the input port of the VNA.9    CAPÍTULO 1  
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Fig. 7: Experimental setup to realize MWP filters, using a single or multiple dynamic 

Brillouin grating reflectors. 

Four distinct filter configurations have been accomplished by successively imple-
menting different variations in the setup. In configuration nº 1 and nº 2, both     
Brillouin pump signals were pulse shaped using the EOM$_3$ and EOM$_4$, as 
shown in Fig. \ref{fig:DBG7}(a). The relative time delay between the two pumps 
was accurately set to place the DBG at any desired position along the PMF. In con-
figuration nº 1, a single grating is generated along the PMF, playing the role of a 
simple reflector delaying the signal. Thus, a fixed delaying arm in the signal chan-
nel was added to build up the filter in a MZ configuration, as shown in Fig. 
\ref{fig:DBG7}(b). 

In configuration nº 2 and nº 3, multiple dynamic gratings are generated along the 
PMF and each grating reflection is equivalent to an individual tap. So, the fixed arm 
used as a second tap is no longer required. Besides, in configuration nº 3 the DFB-
LD 1 is externally modulated by the EOM$_5$ (Fig. \ref{fig:DBG7}(c)) at an RF 
frequency of $\nu _{RF}$, with its bias set to completely suppress the carrier. This 
way, double dynamic gratings can be generated at a same position in fibers, reflect-
ing signal optical frequencies that are separated by 2$\nu _{RF}$. This arrangement 
helps to increase the bandwidth of the filters, as will be discussed later. 

In configuration nº 4, the laser output is modulated through a PM driven by a com-
mon pseudo-random bit sequence (PRBS) generator as shown in Fig. 
\ref{fig:DBG7}(d), and the building blocks of insets \ref{fig:DBG7}(a), 
\ref{fig:DBG7}(b) and \ref{fig:DBG7}(c) are removed for this implementation. 
DBGs are generated at periodic discrete locations, in which the modulated pumps 
are correlated. A path imbalance is added in Pump$_1$ arm (Fig. 
\ref{fig:DBG7}(e)), so that high-order correlation peaks are obtained along the 
PMF \cite{Antman2012}. The correlation peaks are scanned by changing the clock 
rate of the PRBS generator \cite{Antman2012}. 

Figure 2.23: Experimental setup to realize MWP filters, using a single or multiple
dynamic Brillouin grating reflectors.

Four distinct filter configurations have been accomplished by successively im-
plementing different variations in the setup. In the first and second configurations,
both Brillouin pump signals were pulse shaped using the EOM3 and EOM4, as shown
in Fig. 2.23(a). The relative time delay between the two pumps was accurately set to
place the DBG at any desired position along the PMF. In first configuration, a single
grating is generated along the PMF, playing the role of a simple reflector delaying
the signal. Thus, a fixed delaying arm in the signal channel was added to build up
the filter in a MZ configuration, as shown in Fig. 2.23(b).

In the second and third configurations, multiple dynamic gratings are gene-
rated along the PMF and each grating reflection is equivalent to an individual tap.
So, the fixed arm used as a second tap is no longer required. Besides, in third configu-
ration the DFB-LD 1 is externally modulated by the EOM5 (Fig. 2.23(c)) at the RF
frequency of νRF , with its bias set to completely suppress the carrier. This way, dou-
ble dynamic gratings can be generated at a same position in fibers, reflecting signal
optical frequencies that are separated by 2νRF . This arrangement helps to increase
the bandwidth of the filters, as will be discussed later.

In fourth configuration, the laser output is modulated through a PM driven by
a common PRBS generator as shown in Fig. 2.23(d), and the building blocks of insets
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2.23(a), 2.23(b) and 2.23(c) are removed for this implementation. DBGs are generated
at periodic discrete locations, in which the modulated pumps are correlated. A path
imbalance is added in Pump1 arm (Fig. 2.23(e)), so that high-order correlation peaks
are obtained along the PMF [45]. The correlation peaks are scanned by changing the
clock rate of the PRBS generator [45].

2.8.1 MWP filter based on an hybrid configuration: DBG +
delay line (1st configuration)

The DBG was generated through interaction between two counter-propagating
Brillouin pump pulses. When the acoustic wave builds up at the pump pulses crossing
point, the dynamic grating gradually decays [39], thus it needs to be periodically re-
generated. The repetition rate of both Brillouin pumps was adjusted at 5 ns, which is
shorter than the acoustic lifetime (∼ 10 ns) [39] to assert that the grating is refreshed
before it vanishes.

According to this repetition rate, the gratings were periodically created along
the fiber with a periodicity of 2.5 ns due to the crossing counter-propagative con-
figuration. This periodicity was longer than the 2 ns transit time through the 40
cm PMF used in this configuration. It assured that only one dynamic grating was
present along the fiber. The spectral bandwidth of the DBG was determined by its
physical length, and hence by the pulse duration of the Brillouin pumps [38]. The
pumps pulses were Gaussian shaped with a FWHM of 400 ps, corresponding to a
DBG reflectivity bandwidth that was far broader than 1 GHz. This figure is of im-
portance since the bandwidth of the grating acts as an actual limitation in terms of
instantaneous bandwidth for signal processing.

This particular configuration yields to a two-tap FIR filter comprising real
coefficients (see section 1.2), where the filter transfer function can be expressed as

H (ν) = a0 + a1e
−i(2πνT0+4πντDBG), (2.27)

being T0 the time delay imbalance between the filter arms when the DBG is placed
at the beginning of the fiber (d = 0), and τDBG the grating delay, which can be
expressed as τDBG = nyd/c. As explained in section 1.2, the FSR tunability in a
transversal filter implementation relies on dynamic control of the filter basic delay T
(T = T0 + τDBG, which can be accomplished by changing the grating position d along
de fiber. Besides, windowed samples can be performed by applying the proper weight
to each tap.

Although T in this configuration is proportional to the coherence time τC , the
filter worked under incoherent regime since the phase fluctuations of the dynamic
grating were added to the reflected signal. In such a way, the signal coming from
the lower branch of the MZ turned uncorrelated with the reflected signal from the
grating.
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Fig. 8: (a) Basic filter layout and (b) frequency response of the two-tap filter implemen-

tation in configuration nº1. 

Figure \ref{fig:DBG8a} depicts the basic layout of the filter in configuration nº 1. 
The original RF-modulated signal from the fixed arm was combined with the re-
flected replica from the moveable dynamic grating to generate a two-tap filter re-
sponse. Since the optical carrier and both sidebands were reflected by the same 
grating, the operating frequency of the filter was limited to the half of the grating 
bandwidth, on the order of 500 MHz in this case. A $\sim$ 80 m-long optical fiber 
was introduced as a fixed delay in lower branch of the layout to compensate the 
fiber length of several optical components in the upper branch, such as EFDA, cir-
culator and couplers. The fixed path also provided a length imbalance of $\sim$ 1 m 
between the two taps. 

Figure ref{fig:DBG8b} shows the measured notch-type frequency response of the 
filter obtained for different grating position. The experimental filter responses 
(symbols) are in good agreement with calculated estimations (solid lines). The 
small deviation observed at high frequencies are attributed to the to the finite band-
width of the dynamic grating since the reference tap, i.e. the fixed path, exhibited a 
constant frequency response. The relative delay between the fixed and variable 
paths was tuned from 4.2 ns to 6.8 ns, corresponding to continuous FSR variation of 
up to 62$\%$. The maximum delay variation is actually limited by the PMF length. 
The response can be reconfigured with additional parallel taps, however such scal-
ing is rather complicated. In addition, both the bandwidth and central frequency of 
this filter configuration are restricted to the order of 500 MHz. 

3.2 MWP filter configuration nº 2 

Configurations nº 2 - 4 are based on the generation of multiple dynamic gratings 
along the fiber. Thus, the spectral response of the filter results from the combination 
of multiple reflections with different time delays, which is ideally equivalent to a 
multi-tap filter configuration with identical and positive weights 
\cite{Capmany2005}. The number of taps comprising the filter is readily reconfigu-
rable by simply changing the number of dynamic grating reflectors generated in the 
fiber. Due to the unique feature of phase conjugation in Brillouin scattering 
\cite{Boyd2008}, all delayed RF signals from different gratings remains in phase, 
resulting in no coherence constraints. 

(a)
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tation in configuration nº1. 
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grating, the operating frequency of the filter was limited to the half of the grating 
bandwidth, on the order of 500 MHz in this case. A $\sim$ 80 m-long optical fiber 
was introduced as a fixed delay in lower branch of the layout to compensate the 
fiber length of several optical components in the upper branch, such as EFDA, cir-
culator and couplers. The fixed path also provided a length imbalance of $\sim$ 1 m 
between the two taps. 

Figure ref{fig:DBG8b} shows the measured notch-type frequency response of the 
filter obtained for different grating position. The experimental filter responses 
(symbols) are in good agreement with calculated estimations (solid lines). The 
small deviation observed at high frequencies are attributed to the to the finite band-
width of the dynamic grating since the reference tap, i.e. the fixed path, exhibited a 
constant frequency response. The relative delay between the fixed and variable 
paths was tuned from 4.2 ns to 6.8 ns, corresponding to continuous FSR variation of 
up to 62$\%$. The maximum delay variation is actually limited by the PMF length. 
The response can be reconfigured with additional parallel taps, however such scal-
ing is rather complicated. In addition, both the bandwidth and central frequency of 
this filter configuration are restricted to the order of 500 MHz. 

3.2 MWP filter configuration nº 2 

Configurations nº 2 - 4 are based on the generation of multiple dynamic gratings 
along the fiber. Thus, the spectral response of the filter results from the combination 
of multiple reflections with different time delays, which is ideally equivalent to a 
multi-tap filter configuration with identical and positive weights 
\cite{Capmany2005}. The number of taps comprising the filter is readily reconfigu-
rable by simply changing the number of dynamic grating reflectors generated in the 
fiber. Due to the unique feature of phase conjugation in Brillouin scattering 
\cite{Boyd2008}, all delayed RF signals from different gratings remains in phase, 
resulting in no coherence constraints. 

(b)

Figure 2.24: (a) Basic filter layout and (b) frequency response of the two-tap filter
implementation in first configuration.

Figure 2.24(a) depicts the basic layout of the filter in first configuration. The
original RF-modulated signal from the fixed arm was combined with the reflected
replica from the moveable dynamic grating to generate a two-tap filter response.
Since the optical carrier and both sidebands were reflected by the same grating, the
operating frequency of the filter was limited to the half of the grating bandwidth, on
the order of 500 MHz in this case. A ∼ 80 m-long optical fiber was introduced as
a fixed delay in lower branch of the layout to compensate the fiber length of several
optical components in the upper branch, such as EFDA, circulator and couplers. The
fixed path also provided a length imbalance of ∼ 1 m between the two taps.

Figure 2.24(b) shows the measured notch-type frequency response of the filter
obtained for different grating position. The experimental filter responses (markers)
are in good agreement with calculated estimations (solid curves). The small deviation
observed at high frequencies are attributed to the finite bandwidth of the dynamic
grating since the reference tap, i.e. the fixed path, exhibited a constant frequency res-
ponse. The relative delay between the fixed and variable paths was tuned from 4.2 to
6.8 ns, corresponding to continuous FSR variation of up to 62%. The maximum delay
variation is actually limited by the PMF length. The response can be reconfigured
with additional parallel taps, however such scaling is rather complicated. In addition,
both the bandwidth and central frequency of this filter configuration are restricted to
the order of 500 MHz.

2.8.2 MWP filter based on multiple DBGs (2nd configuration)

Second to fourth configurations are based on the generation of multiple dynamic
gratings along the fiber. Thus, the spectral response of the filter results from the
combination of multiple reflections with different time delays, which is ideally equi-
valent to a multi-tap filter configuration with identical and positive weights [59]. The
number of taps comprising the filter is readily reconfigurable by simply changing the
number of DBGs generated in the fiber. Due to the unique feature of phase conjuga-
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tion in Brillouin scattering [8], all delayed RF signals from different gratings remains
in phase, resulting in no coherence constraints.

In 2.25(a) is illustrated the basic layout of the two-tap filter in second confi-
guration. The two signal reflections are combined in the fotodetector yielding a filter
transfer function to that shown in Eq. 2.27. However, in this case, the basic filter
delay T keeps determined by the pulse train repetition rate. On the other hand, the
frequency response of such a filter generated from two dynamic grating reflections is
illustrated in Fig. 2.24(b). The DBGs were created along 60 cm-long. By changing
the repetition rate of both counter-propagating pump pulse trains, i.e. the filter basic
delay, from 3.3 to 5.2 ns around 58% of FSR tunability was achieved. Since both the
carrier and sidebands are reflected by the same grating, the bandwidth and central
frequency of this filter configuration are again limited to half the grating bandwidth.
In this case, the filter builds up from multiple grating reflections, thus to accomplish
windowing by applying different weights of each tap turns difficult since all the pump
pulses are usually generated with the same optical power. However, after the pump
interaction for generating the gratings the power of the pulses decay, which means
that the DBG created at the position where the two pumps waves first meet will
exhibit higher reflectivity compared with neighboring gratings. This way an inherent
rectangular window is created.
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Fig. 9: (a) Basic filter layout and (b) frequency response of the two-tap filter implemen-

tation in configuration nº2. 

3.2 MWP filter configuration nº 3 

To enhance the RF baseband frequency response, and to demonstrate the high flexi-
bility of the configuration, Brillouin Pump$_1$ and Pump$_2$ were modulated to 
eventually consist of two different optical frequencies separated by 2$\nu _{RF}$ 
(see Fig. \ref{fig:DBG5} and Fig. \ref{fig:DBG7}(c)) in configuration nº 3. Using 
this arrangement, the carrier wave of the signal matches the resonance of one DBG, 
whereas one of its sidebands is in resonance with a second DBG which is overlap-
ping in position. While the filter bandwidth remains on the order of 1 GHz, its cen-
tral frequency is arbitrarily adjusted through $\nu _{RF}$. The central frequency is 
only restricted by the bandwidth of the modulators and driving equipment.  
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3.2 MWP filter configuration nº 3 

To enhance the RF baseband frequency response, and to demonstrate the high flexi-
bility of the configuration, Brillouin Pump$_1$ and Pump$_2$ were modulated to 
eventually consist of two different optical frequencies separated by 2$\nu _{RF}$ 
(see Fig. \ref{fig:DBG5} and Fig. \ref{fig:DBG7}(c)) in configuration nº 3. Using 
this arrangement, the carrier wave of the signal matches the resonance of one DBG, 
whereas one of its sidebands is in resonance with a second DBG which is overlap-
ping in position. While the filter bandwidth remains on the order of 1 GHz, its cen-
tral frequency is arbitrarily adjusted through $\nu _{RF}$. The central frequency is 
only restricted by the bandwidth of the modulators and driving equipment.  

 

 

(b)

Figure 2.25: (a) Basic filter layout and (b) frequency response of the two-tap filter
implementation in second configuration.

2.8.3 MWP filter for high-frequency applications based on

multiple spectrally detuned DBGs (3rd configuration)

To enhance the RF baseband frequency response and thus demonstrate the high flexi-
bility of the configuration, Brillouin Pump1 and Pump2 were modulated to eventually
consist of two different optical frequencies separated by 2νRF (see Fig. 2.21 and Fig.
2.23(c)) in third configuration. Using this arrangement, the carrier wave of the signal
matches the resonance of one DBG, whereas one of its sidebands is in resonance with
a second DBG which is overlapping in position. While the filter bandwidth remains
on the order of 1 GHz, its central frequency is arbitrarily adjusted through νRF . The
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central frequency is only restricted by the bandwidth of the modulators and driving
equipment.

This configuration corresponds to a multi-tap FIR filter (see section 1.2), where
its transfer function is expressed as

H (ν) =

N−1∑
r=0

are
−i2πrτRR(ν−νG), (2.28)

being τRR the pulse train period or repletion rate, which can be defined as
τRR = 2

(
τDBGr − τDBGr−1

)
.

The simplified layout of the filter architecture is illustrated in Fig. 2.26. The
frequency responses of different number of dynamic gratings (two, three and four) cre-
ated along 110 cm-long PMF are demonstrated in Figs. 2.27(a), 2.27(b) and 2.27(c),
respectively. The optical power reflectivity of the gratings was on the order of -35 dB.
The filter thus works in low reflectance regime, and hence multiple interfering reflec-
tions are negligible. In this particular type of implementation, the Q factor depends
only on the number of taps comprising the filter [59]. For the two-tap configuration,
the repetition rate of pump pulses was tuned from 4 to 6.6 ns, corresponding to a 65%
change of the FSR, while preserving the 1 GHz bandwidth. The length of the PMF
restricted the FSR variations of the higher-order filters: 17% for three DBGs, and
practically none for four. Figure 2.27(c) also represents the numerical results (dashed
curves) of the filter response when the spectral difference between the two gratings
νG is detuned 200 MHz, which corresponds to ∼ 187° phase shift. This way the filter
will be able to accomplish complex coefficients.
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being $tau_{RR}$ the pulse train period or repletion rate, which can be defined as  
${\tau _{RR}} = 2\left( {{\tau _{DB{G_r}}} - {\tau _{DB{G_{r - 1}}}}} \right)$.  

The simplified layout of the filter architecture is illustrated in Fig. \ref{fig:DBG10}. 
The frequency responses of different number of dynamic gratings (two, three and 
four) created along 110 cm-long PMF are demonstrated in Figs. \ref{fig:DBG11a}, 
\ref{fig:DBG11b} and \ref{fig:DBG11c}, respectively. The optical power reflectiv-
ity of the gratings was on the order of -35 dB. The filter thus works in low reflec-
tance regime, and hence multiple interfering reflections are negligible. In this par-
ticular type of implementation, the $Q$ factor only depends on the number of taps 
comprising the filter and the grating reflectance has no impact on this quality factor 
\cite{Capmany2005}. For the two-tap configuration, the repetition rate of pump 
pulses was tuned from 4 ns to 6.6 ns, corresponding to a 65$\%$ change of the FSR, 
while preserving the 1 GHz bandwidth. The length of the PMF restricted the FSR 
variations of the higher-order filters: 17$\%$ for three DBGs, and practically none 
for four. In Fig. \ref{fig:DBG11c} is also represented the calculated results (dashed 
lines) of the filter response when the spectral difference between the two gratings 
$\nu _{G}$ is detuned 200 MHz, which corresponds to $\sim$ 187 $\textdegree$ 
$rm{ }$ phase shift. This way the filter will be able to accomplish complex coeffi-
cients. 

Birefringence uniformity along the PMF is critical to achieve equal taps, since the 
signal frequency of maximum reflectivity varies with birefringence. That birefrin-
gence non-uniformity can explain the mismatch between experimental results and 
theoretical calculations, especially when the number of coefficients is increased.  
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Fig. 10: Basic filer layout based on multiple grating reflections. 

 

 

 

 

 

Figure 2.26: Basic filer layout based on multiple grating reflections.

Birefringence uniformity along the PMF is critical to achieve equal taps, since
the signal frequency of maximum reflectivity varies with birefringence. The birefrin-
gence non-uniformity can explain the mismatch between experimental results and
theoretical calculations, especially when the number of coefficients is increased.
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Fig. 11: Frequency response of the (a) two-tap, (b) three-tap and (c) four-tap MWP fil-

ter in configuration nº 3. 

3.3 MWP filter configuration nº 4 

Unlike the previous configurations, here the two Brillouin pumps were shaped to 
deliver constant power, but their optical phases were externally modulated through 
a PM driven by a PRBS generator. In this configuration, the stimulated Brillouin 
scattering interaction between the two pumps is efficiently restricted to narrow 
regions where their phases are steadily correlated. This way stationary DBGs are 
obtained, whose length matches the spatial extent of a single modulation bit 
\cite{Antman2012}. However, stationary gratings appear with a periodicity that 
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3.3 MWP filter configuration nº 4 

Unlike the previous configurations, here the two Brillouin pumps were shaped to 
deliver constant power, but their optical phases were externally modulated through 
a PM driven by a PRBS generator. In this configuration, the stimulated Brillouin 
scattering interaction between the two pumps is efficiently restricted to narrow 
regions where their phases are steadily correlated. This way stationary DBGs are 
obtained, whose length matches the spatial extent of a single modulation bit 
\cite{Antman2012}. However, stationary gratings appear with a periodicity that 
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ter in configuration nº 3. 

3.3 MWP filter configuration nº 4 

Unlike the previous configurations, here the two Brillouin pumps were shaped to 
deliver constant power, but their optical phases were externally modulated through 
a PM driven by a PRBS generator. In this configuration, the stimulated Brillouin 
scattering interaction between the two pumps is efficiently restricted to narrow 
regions where their phases are steadily correlated. This way stationary DBGs are 
obtained, whose length matches the spatial extent of a single modulation bit 
\cite{Antman2012}. However, stationary gratings appear with a periodicity that 

(c)

Figure 2.27: Frequency response of the (a) two-tap, (b) three-tap and (c) four-tap
MWP filter in third configuration.
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2.8.4 MWP filter based on DBGs generated by a pseudo-

random sequence (4th configuration)

Unlike the previous configurations, here the two Brillouin pumps were shaped to
deliver constant power, but their optical phases were externally modulated through
a PM driven by a PRBS generator. In this configuration, the stimulated Brillouin
scattering interaction between the two pumps is efficiently restricted to narrow regions
where their phases are steadily correlated. This way stationary DBGs are obtained,
whose length matches the spatial extent of a single modulation bit [45]. However,
stationary gratings appear with a periodicity that equals half the PRBS word length,
hence multiple gratings can be implemented along a single PMF to realize multi-tap
MWP filters, as shown in Fig. 2.28(a). Since the grating delay is proportional to
twice the propagation length, the basic filter delay T corresponds to the PRBS word
length.
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equals half the PRBS word length, hence multiple gratings can be implemented 
along a single PMF to realize multi-tap MWP filters, as shown in Fig. 
\ref{fig:DBG12a}.  Since the grating delay is proportional to twice the propagation 
length, the basic filter delay $T$ corresponds to the PRBS word length.  
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Fig. 12: (a) Generation of stationary dynamic gratings using PRBS phase modulation. 

(b) Spectral response of two-tap MWP filter. 

In this experiment, a 2 m-long PMF was used as a delaying medium and the modu-
lation frequency of PRBS was varied between 6-10 GHz with 127 bits word length, 
which was the lowest available in the PRBS generator. Two correlation peaks could 
be created along the PMF with a relative delay in the range of 12.7 – 21 .1 ns. The 
FSR of the resulting MWP notch filter ranged between 47 and 78 MHz, a variation 
of 66$\%$, as shown in Fig. \ref{fig:DBG12b}  

The DBGs obtained using this methods are stationary and do not require periodic 
refreshing every $\tau$. Therefore, the restriction of the relative delay to the order 
of τ is removed. On the other hand, the continuous power of the pumps used in this 
technique is much lower than the peak power of the pump pulses that were used 
before. Since the strength of the DBG reflection scales quadratically with the pump 
power, the stationary DBGs tend to be considerably weaker than pulsed ones.    
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equals half the PRBS word length, hence multiple gratings can be implemented 
along a single PMF to realize multi-tap MWP filters, as shown in Fig. 
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Figure 2.28: (a) Generation of stationary dynamic gratings using PRBS phase mo-
dulation. (b) Spectral response of the two-tap MWP filter in fourth configuration.

In this experiment, a 2 m-long PMF was used as a delaying medium and the
modulation frequency of PRBS was varied between 6 - 10 GHz with 127 bits word
length, which was the lowest available in the PRBS generator. Two correlation peaks
could be created along the PMF with a relative delay in the range of 12.7 – 21.1 ns.
The FSR of the resulting MWP notch filter ranged between 47 and 78 MHz, which
means a variation of 66%, as shown in Fig. 2.28(b).

The DBGs obtained using this method are stationary and do not require pe-
riodic refreshing every τ . Therefore, the restriction of the relative delay to the order
of τ is removed. On the other hand, the continuous power of the pumps used in
this technique is much lower than the peak power of the pump pulses that were used
before. Since the strength of the DBG reflection scales quadratically with the pump
power, the stationary DBGs tend to be considerably weaker than pulsed ones.
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2.9 Conclusions

In this chapter, Brillouin slow light elements have been demonstrated to offer novel
and outstanding capabilities in MWP systems. In particular, thanks to the achieve-
ment of broadband fully tunable phase shifters, true time delay lines and reconfigu-
rable multi-tap filters.

SBS effects in standard optical fibers have been carried out for the develop-
ment of an innovative all-optical tunable TTD line based on separate carrier tuning
technique. Two SBS systems have been implemented to separately manage the dis-
persion characteristics at the optical carrier [26] and RF subcarrier frequencies. An
optical pump power control was deployed for adjusting the time delay, while an elec-
trical control mechanism was required for the phase shifter tunability. A TTD conti-
nuously tunable up to 8 ns was achieved, within 100 MHz instantaneous bandwidth.
It must be pointed out that this technique has no physical limitation on operating RF
frequency since the Brillouin resonance can be positioned at any desired RF frequency.
In addition, these systems can provide a signal bandwidth up to 12 GHz with high
flexibility [50]. The implementation of the SBS-based SCT technique has also been
demonstrated in a reconfigurable MWP notch filter. The TTD induced led to a 20%
tunability of the FSR of the filter, and the optical carrier phase shifting then enabled
to control the origin of the FSR variation, matching the reference frequency.

The phase response of dynamic Brillouin grating reflectors in PMFs has been
studied so as to accomplish an alternative approach for generating broadband RF true
time delays and phase shifts. Besides, four different configurations to realize multi-tap
MWP filters have been demonstrated. The spectral responses of the proposed filters
were dynamically tuned and reconfigured by simply changing the characteristics of
single or multiple DBG generations. A FSR variation larger than 60% in a two-
tap filter was achieved, within up to 1 GHz instantaneous bandwidth. The first
configuration allowed for any spectral range tunability, however the number of taps
and the central frequency could not be scaled. MWP filters based on second to fourth
configurations were based on multiple grating reflectors successively created along
the same fiber, and the need of a reference tap with a fixed optical delay line could
be eliminated. In these configurations the birefringence uniformity along the fiber
was carefully inspected for a consistent frequency response. Second configuration
improved the filter reconfigurability, yet its bandwidth and central frequency were
also restricted to the grating spectral profile. In the third configuration, two distinct
dynamic Brillouin gratings were localized at the same position, so that the resonance
frequency of one grating could match the incident optical carrier and another could
reflect one of the two modulation sidebands. This way the central operation frequency
of the filter was extended beyond that of first and second configuration. Finally, the
correlation technique based on the external PRBS optical phase modulation proposed
in fourth configuration enabled the generation of stationary DBGs. This technique
alleviates the need for periodic refreshing, help extend the range of attainable FSRs,
and improve the tunability and the scalability of the filter response.

It must be mentioned that the delay range obtained through SBS interaction
(0 - 8 ns) was demonstrated along ∼ 20 km standard fiber. However, the same results
can be achieved through DBGs with less than 1-m-long PMF. This means a footprint
reduction of more than five orders of magnitude. In addition, the signal bandwidth
is improved from 100 MHz to 1 GHz when using dynamic reflectors.
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Chapter 3

Long fiber Bragg gratings: spectral
analysis and applications

3.1 Introduction

For several decades FBGs have been considered key devices in all-fiber based systems
due to their simplicity, compatibility, polarization independence and low cost, among
others. An FBG is a fiber-optic component characterized by a periodic perturbation
of the refractive index which is permanently photo-induced along the length of a
single-mode optical fiber [60, 61]. Indeed, a uniform FBG operated in the linear
regime becomes a band-pass filter, reflecting only a narrow spectral band around its
characteristic Bragg frequency.

Several methods have been proposed to measure Bragg-frequency distribution
along an FBG [62–64] aiming at development temperature/strain sensors. In this
context, the optical low-coherence reflectometry (OLCR) technique [62] has demon-
strated a good performance in terms of spatial resolution. However, this method
shows a limited measurement range and a slow response time. Another commonly
resorted approach, the technique based on optical frequency domain reflectometry
(OFDR) [63] requires post-signal processing and an auxiliary interferometer to com-
pensate any non-linearity on the ramp signal, making the setup complex. The third
distributed sensing mechanism is that based on the synthesis of optical coherence
function (SOCF) [64]. This promising technique lets selectively address a particular
position along the FBG and move the interrogating position by simply tuning the
modulation frequency of the light source. However, this method demands a very
complicated setup and expensive devices.

In the context of photonic-assisted RF signal processing, different promis-
ing solutions have been proposed in the literature featuring tailored grating de-
signs [51, 65–67]. In particular, an optically-induced RF phase-shift by means of
OSSB modulation and the FBG narrow-band optical filtering characteristic has been
proposed in [51]. This way a four-tap tunable MWP filter has been experimentally
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demonstrated to highlight the enhanced tuning performance provided by complex co-
efficients. On the other side, an interesting TTD system is that based on the cascade
of two switched tunable chirped FBGs [65] including solenoid tuners. A three-tap fil-
ter has been implemented showing the viability of such cascaded technique. The filter
tunability was carried out through the electrical current injected to the solenoids. An
analysis of the performance of phased array antennas steered by a single 40-cm-long
chirped fiber grating is demonstrated in [66]. Furthermore, in [67] a tunable optical
delay line based on the use of a single chirped FBG through the differential group
delay curve has been presented. One significant advantage relies on the fact that this
configuration does not require any wavelength shift. Consequently, the full grating
bandwidth can be used to delay optical pulses nearly as broad as the grating reflection
band.

Finally, the design and realization of photonic equivalents to fundamental elec-
tronic devices becomes a primary step towards the practical realization of all-optical
circuits. Two important and relevant examples of these fundamental devices are a
photonic temporal differentiator [68, 69] and a photonic temporal integrator [70, 71].
These FBG-based signal processors have been identified as key elements to build up
ultrafast all-optical circuits for real-time computing [72].

In this chapter, an alternative approach to characterize the distributed optical
properties of a uniform long FBG with very low reflectivity will be demonstrated. It is
important to notice that such a weak and uniform FBG can be considered as a perma-
nent DBG, thus sensing and time delaying mechanisms so far reported in [37, 54–56]
can be exploited using the passive nature of an FBG. In this way, a distributed FBG
temperature/strain sensing system will be provided through time-resolved analysis of
the grating spectral profile after launching an ultra-short pulse into a long weak FBG.
The proposed technique will be also adapted to achieve all-fiber continuously tunable
time delays for broadband optical pulses. In addition, the distributed characteristic
of the FBG-based sensor will be exploited in order to perform MWP basic functional-
ities, such as phase shifters and true time delays. Finally, the experimental realization
of a photonic integrator design will be addressed, reporting integration of arbitrary
time-limited optical waveforms (pulses) with high bandwidth, which is required for
future ultrafast all-optical signal processing.

This chapter is the result of a collaboration between UPV and EPFL during a
three month stay at GFO in Switzerland.

3.2 Principle of operation

The operation principle to perform a distributed analysis of the spectral properties of
a weak FBG relays on optical time-domain reflectometry (OTDR) [73], as illustrated
in Fig. 3.1. An ultra-short optical pulse, which has duration much shorter than
the transit time through the FBG, is launched into the long grating. Thus, if the
grating reflectivity is weak enough (it can be controlled by the ultraviolet exposure
time during the fabrication process), the incident pulse is continuously back-reflected
while propagating through the entire grating length. Then the spectral property of
the reflection spectrum is temporally analyzed and straightforwardly transposed into
equivalent distance. The time-resolved power spectrum of the reflected light can be
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measured as a function of position along the fiber, resulting in a 3D mapping of the
localized FBG spectrum convolved with the pulse spectrum.
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Fig. 1: Principle to characterize time-resolved FBG spectrum using an ultra-short opti-
cal pulse. 

Figure 2(a) shows the amplitude variation of the back-reflected light as a function 
of the pulse central frequency while the pulse is propagating through a long FBG. 
The time duration of the pulse reflection equals the round-trip propagation time 
through the grating, i.e. twice the grating length. Indeed, it represents the distributed 
central frequency of the FBG convolved with the pulse spectrum. It is important to 
notice that the spatial resolution of this technique is essentially determined by half 
the pulse duration as in any distributed sensing system, such as SOCF 
\cite{Hotate2008}. Consequently, ambient temperature and strain information along 
the grating can be deduced since the central frequency of the FBG reflection reso-
nance exhibits a linear dependence on temperature and/or strain applied to the grat-
ing. Figure 2(b) shows theoretical simulations of ultra-short pulse propagation 
through the FBG for two different reflectivities, 40% and 95%, respectively 
\cite{Chen1997}. It is clearly observed that in case of a strong grating the incident 
pulse is completely reflected in the initial section of the grating. However, a tiny 
fraction of the pulse can be continuously reflected up to the end of the grating in the 
case of a weak FBG. Thus, the spectral response of the grating can be interrogated 
along the entire length. As a direct consequence, the linear relationship between a 
shift of the central grating frequency and a change of ambient temperature or strain 
makes possible to measure the temperature/strain distribution along the grating with 
a high spatial resolution. 
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Fig. 2: (a) Bragg frequency distribution measurement by OTDR technique. (b) Reflect-
ed pulse from a weak and strong FBG. 

Figure 3.1: Principle to characterize time-resolved FBG spectrum using an ultra-short
optical pulse.

Figure 3.2(a) shows the amplitude variation of the back-reflected light as a
function of the frequency while the pulse is propagating through a long FBG. The
time duration of the pulse reflection equals the round-trip propagation time through
the grating, i.e. twice the grating length. Indeed, it represents the distributed central
frequency of the FBG convolved with the pulse spectrum. It is important to notice
that the spatial resolution of this technique is essentially determined by half the pulse
duration, such as SOCF [64]. Consequently, ambient temperature and strain informa-
tion along the grating can be deduced since the central frequency of the FBG reflection
resonance exhibits a linear dependence on temperature and/or strain applied to the
grating. Figure 3.2(b) shows theoretical simulations of ultra-short pulse propagation
through the FBG for two different reflectivities, 40% and 95%, respectively [74]. It
is clearly observed that in case of a strong grating the incident pulse is completely
reflected in the initial section of the grating. However, a tiny fraction of the pulse
can be continuously reflected up to the end of the grating in the case of a weak FBG.
Thus, the spectral response of the grating can be interrogated along the entire length.
As a direct consequence, the linear relationship between a shift of the central grating
frequency and a change of ambient temperature or strain makes possible to measure
the temperature/strain distribution along the grating with a high spatial resolution.
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Fig. 2: (a) Bragg frequency distribution measurement by OTDR technique. (b) Reflect-
ed pulse from a weak and strong FBG. 
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Figure 3.2: (a) Bragg frequency distribution measurement by OTDR technique. (b)
Reflected pulse from a weak and strong FBG.
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3.3 Distributed sensing system

As it has been previously mentioned, in order to implement an FBG-based distributed
sensor, the coupling coefficient (defined as the optical power coupling between counter
propagating modes per unit of length) has to be sufficiently low to ensure that the FBG
reflection temporal impulse response keeps constant over the duration corresponding
to the total grating length. In this case, a 10-cm long FBG with a 40% total reflectivity
was employed as a distributed temperature sensor. Initially, the grating dependence
with temperature was measured by inserting the FBG into a thermally-controlled
oven. From Fig. 3.3 it is observed that the central frequency of the grating resonance
presents a thermal coefficient of -1.233 GHz/°C.
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Fig. 3: (a) Spectra of the grating reflections by increasing temperature. (b) FBG reso-
nance central frequency as a function of temperature. 

The experimental layout to investigate the distribution of the FBG spectrum is de-
picted in Fig. 4. A DFB-LD operating at 1549 nm was used as a light source. The 
output light was externally modulated by means of an EOM through a 2 ns repeti-
tion rate pulse train, equivalent to 40 cm in distance that is twice round-trip propa-
gation distance through the fiber sensor. Therefore, it was secured that only one 
pulse travels along the entire length of the grating, leading no reflection overlapping 
between neighboring pulses. In addition, a nonlinear-optical loop mirror (NOLM) 
\cite{Doran1988} was implemented at the output of the EOM in order to eliminate 
any stray background DC component present on the optical pulse and thus to avoid 
any interference noise possibly caused by CW reflections. As a result, a Gaussian-
shaped optical pulse with FWHM duration of 45 ps, corresponding to spatial resolu-
tion of 4.5 mm, was generated, as shown in the inset of Fig. 4. To accurately meas-
ure distribution of the grating spectral characteristics, the central frequency of the 
signal pulse was precisely controlled by the injection current applied to the DFB-
LD. An isolator was placed at the FBG output so as to avoid any undesired reflec-
tion from the end facet of the fiber. Finally, the reflected pulse was captured and 
monitored by means of an OSA and a high-speed oscilloscope. 
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Figure 3.3: (a) Spectra of the grating reflections by increasing temperature. (b) FBG
resonance central frequency as a function of temperature.

The experimental layout to investigate the distribution of the FBG spectrum
is depicted in Fig. 3.4. A DFB-LD operating at 1549 nm was used as a light source.
The output light was externally modulated by means of an EOM through a 2 ns
repetition rate pulse train, equivalent to 40 cm in distance that is twice round-trip
propagation distance through the fiber sensor. Therefore, it was guaranteed that
only one pulse travels along the entire length of the grating, leading no reflection
overlapping between neighboring pulses. In addition, a nonlinear-optical loop mirror
(NOLM) [75] was inserted at the output of the EOM in order to compress the optical
pulse and eliminate any stray background DC component present on the optical pulse,
thus to avoid any interference noise possibly caused by CW reflections. As a result,
a Gaussian-shaped optical pulse with FWHM duration of 20 ps, corresponding to a
spatial resolution of 4 mm, was generated, as shown in the inset of Fig. 3.4. To
accurately measure the distribution of the grating spectral characteristics, the central
frequency of the signal pulse was precisely controlled by the injection current applied
to the DFB-LD. An isolator was placed at the FBG output so as to avoid any undesired
reflection from the end facet of the fiber. Finally, the reflected pulse was captured
and monitored by means of an OSA and a high-speed oscilloscope.
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Figure 3.4: Experimental layout to interrogate temperature distribution with a 4 mm
spatial resolution along the 10 cm-long FBG sensor.

Figures 3.5(a) and 3.5(b) illustrate, respectively, numerical results of the dis-
tributed FBG spectrum at room temperature and when inserting a hot spot at the
center of the grating. The reflected pulse is simply the inverse Furier Transform of the
product between the input pulse spectrum and the grating reflection response. On the
other side, Fig. 3.6(a) shows an experimental measurement of the distributed FBG
spectrum with 4 mm spatial resolution obtained by step-wise scanning the central
frequency of the signal pulse. The central frequency of the FBG resonance was deter-
mined by the peak position of the reflection without any fitting process, as shown in
Fig. 3.6(b). It is clearly observed that the FBG frequency exhibits around 2 GHz of
variation along the grating when the ambient temperature along the whole length of
the grating remains constant. This measured frequency deviation may be a result of
a manufacturing non-uniformity. Nevertheless, it proves that the grating was nearly
uniformly written along its 10 cm length. To validate the concept of the proposed
distributed sensing system, an 8 mm-long hot spot was placed at the beginning of the
grating, as shown in Fig. 3.7. A local Bragg frequency shift due to the temperature
applied into the heated section is clearly observed. In addition, the frequency devi-
ation of -31 GHz shown in Fig. 3.7(b) matches the temperature variation when the
hot spot was set ∼ 25°C above the room temperature.

Figure 3.8 shows the normalized spectra for the FBG and reflected pulses at the
beginning and at the end of the grating. The nominal FBG spectrum was measured
under CW illumination giving a FWMH spectral width of 1.7 GHz. However, in
the proposed configuration when an optical pulse was launched into the long grating,
the FBG spectrum was measured to be 21.8 GHz, which roughly corresponds as
expected to the optical pulse spectral width (∼ 22 GHz). It means that in this
type of distributed sensor the grating spectral response is automatically matching
the pulse spectrum. In other words, the effective length of the grating is reduced
to the pulse spatial width instead of the real physical grating length. In case of
Gaussian transform-limited pulses, the spectral width of the pulse ∆vPulse is given as
∆vPulse ≈ 0.441/∆TFWHM [61], where ∆TFWHM denotes the pulse temporal width.
It is important to notice the existence of a tradeoff between spatial resolution and
temperature/strain accuracy in this type of sensing system. This means that when
the signal pulse is significantly compressed to achieve a higher spatial resolution the
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associated spectral broadening of the pulse and consequently of the FBG spectral
response degrades the measurement accuracy. In addition, the results depicted in the
figure show that the temporal width of the pulse reflection remains unaltered as it
propagates along the grating. On the other hand, Fig. 3.9 illustrates the results to
determine the measurement accuracy of the distributed sensing system. The FBG
was stabilized in temperature and monitored along 2 hours. 20 time equispaced
acquisitions of the grating central frequency distribution are depicted in Fig. 3.9(a).
The standard deviation of these acquisitions is shown in Fig. 3.9(b), being its average
value around 320 MHz. Thus, being ∼ 22 GHz the pulse spectral width and 0.32
GHz the spectral resolution, the resonance peak frequency can be measured with an
accuracy of 1/70.
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(b)

Figure 3.5: Numerical results for the 3D mapping of the FBG spectrum (a) in normal
condition and (b) when inserting a 5 mm hot spot at the center of the FBG.
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(b)

Figure 3.6: (a) 3D mapping of the FBG spectrum and (b) grating central frequency
distribution in normal condition.
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(b)

Figure 3.7: (a) 3D mapping of the FBG spectrum and (b) FBG central frequency
distribution when inserting an 8 mm hot piece of metal at the beginning of the FBG,
heated ∼ 25°C above the room temperature.

Moreover, although the dispersion induced by such a weak grating can be consi-
dered negligible, the chromatic dispersion may act as a limitation in terms of the spa-
tial resolution. For instance, if considering a 10 ps Gaussian transform-limited pulse
(hence 1 mm spatial resolution) and the group velocity dispersion is 17 ps/km·nm,
the pulse width broadening after propagating 1 km will be 1.0059. In this condi-
tion, no significant pulse broadening is observed, but this figure is important since it
can estimate the maximum achievable sensing range without degrading the system
performance for a desired spatial resolution.

This type of distributed sensor presents two crucial advantages when compared
with any comparable distributed sensing systems based on stimulated scattering in
fibers [76]: passive operation requiring no optical pumping, which is essentially re-
quired to create a fiber reflector and simpler configuration of the sensing setup.7    CAPÍTULO 1  
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Fig. 6: (a) 3D mapping of FBG spectrum and (b) FBG central frequency dis-
tribution when a 5 mm hot piece of metal,  set ~ 6ºC above the room tempera-
ture, is introduced in the middle of the FBG. 

 
Figure 8(a) illustrates the experimental results of the overall integration grating 
spectra for the cases seen in Figs. 5, 6 and 7. The main peak in the figure corre-
sponds to the FBG spectrum in normal condition, while second peaks denote the 
frequency shift due the hot spot. Around -7.3 and -22 GHz shift is observed, respec-
tively, in blue and red traces. It is well known that the longer the grating length the 
narrower its spectrum becomes. Therefore, second peaks exhibit a broad spectrum 
compared with the main peak since the grating length influenced by the hot piece of 
metal is shorter than the rest of the FBG. The presence of further resonances is 
clearly observed in the red trace due to the Fabry-Perot (FP) cavity created in the 
grating. In addition, the temperature gradient generated by the hot spot leads to a 
non-uniform FSR of the FP. On the other hand, Fig. 8(b) shows the normalized 
spectra for the FBG, input and reflected pulse. The nominal FBG spectrum was 
measured under CW illumination giving a FWMH spectral width of 1.8 GHz. How-

Figure 3.8: Measured spectral width for the FBG and reflected pulse.
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(b)

Figure 3.9: (a) 20 acquisitions of the grating central frequency distribution at room
temperature. (b) Standard deviation of the grating central frequency distribution at
room temperature.

3.4 Tunable delay line

The proposed distributed sensor technique has been adapted to realize a simple all-
fiber mechanically tunable delay line. By deploying the experimental setup illustrated
in Fig. 3.4, the delay line performance can be easily accomplished just matching the
central frequency of the optical pulse with that of the hot spot. The frequency-shifted
grating can be repositioned by simply changing mechanically the temperature/strain
position. Therefore, the round trip time of a signal spectrally positioned on the hot
spot resonance can be tuned to achieve time delays as long as twice the grating single
transit time.

CAPÍTULO 1  8 

ing the central frequency of the optical pulse with that of the hot spot. The frequen-
cy-shifted grating can be repositioned by simply changing mechanically the tem-
perature/strain position. Therefore, the round trip time of a signal spectrally posi-
tioned on the hot spot resonance can be tuned to achieve time delays as long as 
twice the grating single transit time. 

Figure 7(a) illustrates the 3-D maps of measured FBG spectra while displacing the 5 
mm hot spot along the grating. This also demonstrates the real capability to fully 
perform distributed measurements. Around 18 GHz of peak deviation (correspond-
ing to a temperature increase of ~15ºC) is observed at the position, where the hot 
spot acts as a dynamic grating. This spectral separation assures that the whole pulse 
spectrum (~ 10 GHz bandwidth in this particular case) will be selectively reflected 
by the spectral response of the hot spot. In this way, the pulse shape will remain 
unaltered. On the other side, Fig. 7(b) shows the normalized time waveforms of a 
delayed single pulse for different hot spot locations. By tuning the grating position, 
the optical pulse could be continuously delayed. Time delays of the back-reflected 
signal were clearly proportional to the grating position. The maximum achievable 
delay in this delay line approach is essentially determined by twice the grating 
length. The largest time delay achieved in this experiment was 585 ps with a minor 
signal distortion, but could be extended to 1 ns since the grating length is 10 cm. 
The amplitude of the reflection is given by the convolution of signal pulse spectrum 
and grating spectrum. In addition, the proposed tunable delay line must be suitable 
for real data stream. 
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Figure 3.10: Spectrogram of the FBG distributed measurement while moving a 5 mm
hot spot along the grating.

Figure 3.10 illustrates the 3-D maps of the measured FBG spectra while displa-
cing a 5 mm hot spot along the grating. This also demonstrates the real capability to
fully perform distributed measurements. 50 ps Gaussian pulses were used probe the
FBG. Around 18 GHz of peak deviation is observed at the position, where the hot
spot acts as a dynamic grating. This spectral separation assures that the whole pulse
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spectrum (∼ 10 GHz bandwidth in this particular case) will be selectively reflected
by the spectral response of the hot spot. In this way, the pulse shape will remain
unaltered. On the other side, Fig. 3.11 shows the normalized time waveforms of a
delayed single pulse for different hot spot locations. By tuning the grating position,
the optical pulse could be continuously delayed. Time delays of the back-reflected
signal were clearly proportional to the grating position. The maximum achievable
delay in this delay line approach is essentially determined by twice the grating length.
The largest time delay achieved in this experiment was 585 ps with a minor signal
distortion, but could be extended to 1 ns since the grating length is 10 cm. The opti-
cal power reflectivity is given by the convolution of signal pulse spectrum and grating
spectrum, which in this case was on the order of -30 dB. In addition, the proposed
tunable delay line must be suitable for real data stream.CAPÍTULO 1  10 
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Fig. 7: (a) Spectrogram of the FBG distributed measurement while moving 
the 5 mm hot spot along the grating.  (b) Time waveforms of the delayed sig-
nal pulses.  
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5. MWP basic functionalities 

The previously reported FBG-based distributed temperature/strain sensor brings the 
possibility of exploring MWP basic functionalities, such as phase shifters and true 
time delays. Besides, the combined back-scattered reflection from different grating 
reflectors yields the implementation of MWP filters. 

In order to perform these MWP functionalities by using the distributed FBG 
approach, hot spot tunability along the grating is required. Figure 1(a) illustrates the 
spectral location for the carrier, blue and red-shifted sidebands so as to carry out 
phase shifting and time delaying tasks, while in Fig. 1(b) are represented the phase 
response that would be obtained for each particular case. For instance, TTD can be 
accomplished by placing both the carrier and sidebands at the same frequency reso-
nance generated by the hot spot$_1$. Signal bandwidth and tunability keeps deter-
mined by the hot spot length and position along the grating, respectively. In this 
case, the central frequency is limited by the resonance bandwidth. Yet, several ap-
plications may not require true time delay operation and thus, central frequency 
constraints can be further improved. In this way, simple time delays can be 
achieved by placing the hot spot$_2$ at a fixed position within the grating. The red 
sideband will be then reflected by the tunable hot spot$_1$, while the optical carrier 

Figure 3.11: Time waveforms of the delayed signal pulses while moving the 5 mm hot
spot along the grating.

3.5 MWP basic functionalities

The previously reported FBG-based distributed temperature/strain sensor brings the
possibility of exploring MWP basic functionalities, i.e. phase shifters and TTDs.
Besides, back-scattered reflections from different grating reflectors yields the combi-
nation of delayed replicas of the same signal in the photodetector, which means MWP
filters.

In order to perform these MWP tasks through the distributed sensing system,
hot spot tunability along the grating is required. Figure 3.12(a) illustrates the spec-
tral location for the carrier, blue and red-shifted sidebands so as to carry out phase
shifting and time delaying tasks, while Fig. 3.12(b) represents the phase response
that would be obtained for each particular case after photodetection. For instance,
TTD can be accomplished by placing both the carrier and sidebands at the same
frequency resonance generated by the hot spot1. Signal bandwidth and tunability
result determined by the hot spot size and grating length, respectively. It must be
noticed that the operational frequency of this TTD system is restricted with regards
to the resonance bandwidth. Yet, several applications may not require true time de-
lay operation and thus, frequency constraints can be relaxed. In such a way, simple
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time delays can be achieved by placing the hot spot2 at a fixed position within the
grating. It is important to avoid the main grating reflection since a FP cavity is
created, and thus multiple reflections could degrade the system performance. The
red sideband is then reflected by the movable hot spot1, while the optical carrier is
back-scattered by the hot spot2. This means an operational frequency only limited by
the maximum temperature/strain change applied to the grating. For instance, these
time delays can be used for tuning the spectral range of a MWP filter. Nevertheless,
in a phased array antenna (PAA) system, changes in the operational frequency will
introduce an uncontrolled beam squint in the radiating pattern. Hence, an additional
phase shift for the optical carrier is required to perform TTD free from frequency
constraints [36]. Finally, a tunable phase shifter can be implemented by placing the
optical carrier in the central frequency of the movable resonance (hot spot1) and the
blue sideband at the hot spot2 spectral position. It is important to notice that the
frequency limitations reported for tunable delays are applied for this phase shifter
approach.   1 OLUTÍPAC 10 
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Fig. 1. (a) Hot spots physical positions within the grating and carrier, left and red-sideband spec-
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Once demonstrated the suitability for implementing tunable phase shifting and 
time delaying tasks, the MWP filter approach considering the FBG-based distribut-
ed sensor is proposed. Figure 2(a) illustrates the different hot spot locations for the 
achievement of a three-tap MWP filter, while in Fig. 2(b) is depicted the filter fre-
quency response that would be obtained. The same as occurred for the time delay 
implementation, the red sideband and the optical carrier are reflected by the hot 
spot$_1$ and hot spot$_2$, respectively. Nevertheless, two replicas of the hot 
spot$_1$ are introduced at different equispaced locations along the grating length so 
as to obtain different contributions of the same signal and thus, build up the filter 
after photodetection. The operational bandwidth and central frequency of the filter 
remains determined, respectively, by the hot spot$_1$ length and position along the 
grating. 
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Once demonstrated the suitability for implementing tunable phase shifting and 
time delaying tasks, the MWP filter approach considering the FBG-based distribut-
ed sensor is proposed. Figure 2(a) illustrates the different hot spot locations for the 
achievement of a three-tap MWP filter, while in Fig. 2(b) is depicted the filter fre-
quency response that would be obtained. The same as occurred for the time delay 
implementation, the red sideband and the optical carrier are reflected by the hot 
spot$_1$ and hot spot$_2$, respectively. Nevertheless, two replicas of the hot 
spot$_1$ are introduced at different equispaced locations along the grating length so 
as to obtain different contributions of the same signal and thus, build up the filter 
after photodetection. The operational bandwidth and central frequency of the filter 
remains determined, respectively, by the hot spot$_1$ length and position along the 
grating. 
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Figure 3.12: (a) Hot spots physical positions within the grating and carrier, left
and red-sideband spectral locations to accomplish MWP basic functionalities. (b)
Illustration of TTD, time delay and phase shift over the grating bandwidth.

The suitability of implementing tunable phase shifting and time delaying tasks
can be applied to perform reconfigurable MWP filters through multiple signal re-
flections along several hot spots. Figure 3.13(a) illustrates the different hot spots
locations for the achievement of a three-tap MWP filter, while Fig. 3.13(b) depicts
the filter frequency response that would be obtained. The same as occurred for the
time delay implementation, the red sideband and the optical carrier are reflected by
the hot spot1 and hot spot2, respectively. Nevertheless, two replicas of the hot spot1

are introduced at different equispaced locations along the grating length so as to
obtain different contributions of the same signal and thus, build up the filter after
photodetection. It must be noticed that the equivalent length between hot spots in
time corresponds to half the filter basic delay. The filter bandwidth and operational
frequency of the filter remains determined, respectively, by the hot spot1 length and
position within the grating.
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Once demonstrated the suitability for implementing tunable phase shifting and 
time delaying tasks, the MWP filter approach considering the FBG-based distribut-
ed sensor is proposed. Figure 2(a) illustrates the different hot spot locations for the 
achievement of a three-tap MWP filter, while in Fig. 2(b) is depicted the filter fre-
quency response that would be obtained. The same as occurred for the time delay 
implementation, the red sideband and the optical carrier are reflected by the hot 
spot$_1$ and hot spot$_2$, respectively. Nevertheless, two replicas of the hot 
spot$_1$ are introduced at different equispaced locations along the grating length so 
as to obtain different contributions of the same signal and thus, build up the filter 
after photodetection. The operational bandwidth and central frequency of the filter 
remains determined, respectively, by the hot spot$_1$ length and position along the 
grating. 
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Once demonstrated the suitability for implementing tunable phase shifting and 
time delaying tasks, the MWP filter approach considering the FBG-based distribut-
ed sensor is proposed. Figure 2(a) illustrates the different hot spot locations for the 
achievement of a three-tap MWP filter, while in Fig. 2(b) is depicted the filter fre-
quency response that would be obtained. The same as occurred for the time delay 
implementation, the red sideband and the optical carrier are reflected by the hot 
spot$_1$ and hot spot$_2$, respectively. Nevertheless, two replicas of the hot 
spot$_1$ are introduced at different equispaced locations along the grating length so 
as to obtain different contributions of the same signal and thus, build up the filter 
after photodetection. The operational bandwidth and central frequency of the filter 
remains determined, respectively, by the hot spot$_1$ length and position along the 
grating. 
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Figure 3.13: (a) Hot spots physical positions within the grating and carrier, left and
red-sideband spectral location to implement a MWP filter. (b) Simulated frequency
response of a three-tap filter.

The main drawback of these MWP tasks rely on the thermal control of the
grating. The FBG must be completely stabilized in temperature so as to avoid any
frequency shift. In addition, the reconfiguration time reaches ms scales, which is
larger compared with other SFL device platforms.

3.6 All-optical temporal integrator

The temporal integrator implementation is based on a previously proposed design
[71, 77] using a simple uniform FBG. It has been shown that a weak-coupling uni-
form FBG operated in reflection provides the time integral of the electric field of
an input arbitrary optical signal over a limited time window, which is fixed by the
round-trip light propagation time along the total grating length. In contrast to pre-
vious experimental integrators based on resonant cavity filters [70], the FBG-based
integrator design does not exhibit a fundamental limitation regarding the bandwidth
of the optical signals to be processed. Thus, this approach is particularly appropriate
for application in ultra-short optical pulse generation and processing.

The FBG-based integrator relies on the so-called time-domain design method,
where the functionality of an ideal integrator is emulated over a finite time window
using a linear optical filter [77]. Considering that the temporal impulse response of
an ideal integrator is proportional to the unit step function, it has been demonstrated
that a finite-time integrator can be implemented using a linear optical filter providing
a constant temporal impulse response over a certain limited duration (operation time
window of the integrator) [77,78]. As mentioned above, this required impulse response
can be practically achieved from a weak-coupling uniform FBG working in reflection
(see Fig. 3.14(a)). In this scheme, the optical signals to be processed must be spec-
trally centered at the Bragg frequency of the weak FBG. Thus, when a short pulse
enters to the FBG, the reflected light becomes proportional to part of the pulse which
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is inside the FBG. This way the reflected waveform represents the time integral of
the input optical waveform. The theoretical input waveforms and the expected out-
puts from an ideal uniform FBG-based photonic integrator are shown in Fig. 3.14(b).
The two different input pulse waveforms correspond to a transform-limited Gaussian
optical pulse and a symmetric double-pulse waveform, consisting of two temporally
separated in-phase replicas of the same Gaussian optical pulse. This integral extends
over a finite time window, as determined by the grating length. It can be easily shown
that the complex envelope of the output waveform after the integration time window
is actually given by the time-inverted cumulative integral of the time-inverted version
of the input temporal complex envelope [77].
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            (a)                 (b) 

Fig. 1. Schematic of a weak-coupling FBG-based integrator and its reflection temporal impulse 
response (a). Theoretical input and output  pulses from an ideal FBG-based temporal integrator 
for two different input waveforms: Gaussian pulse and  Symmetric double pulses (b).  

A uniform FBG with length around 10 cm was used for the experimental 
demonstration, which corresponds to a maximum round-trip propagation time (i.e. 
integration time windows) around 1 ns. Operation in the weak-coupling regime was 
ensured by keeping the FBG peak reflectivity lower than 40%. A 50 ps FWHM 
Gaussian pulse, at a repetition rate of 500 MHz, was launched to probe the grating 
with its optical frequency centered at the FBG resonance. For the time-domain 
characterization of the pulse waveforms, a slow (6 GHz) and fast (20 GHz) oscillo-
scope were employed. 

Figure 2 shows the measured temporal complex envelopes for the input and 
output optical signals in the performed experiment. The results are only for the 
integration experiment of a Gaussian pulse (Fig. 1(b)). When a high-speed oscillo-
scope is used, the reconstructed temporal waveform at the FBG integrator output 
(red markers) shows an excellent agreement both with the numerical integration of 
the corresponding measured input pulse waveform (over the 250 ps integration time 
window) and with the theoretical predictions in Fig. 1(b). However, the pulse re-
flection measured with the 6 GHz oscilloscope (green markers), exhibits a temporal 
envelope which corresponds to a 170 ps integrated pulse, the faster pulse waveform 
that can be processed by this oscilloscope. 
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Fig. 1. Schematic of a weak-coupling FBG-based integrator and its reflection temporal impulse 
response (a). Theoretical input and output  pulses from an ideal FBG-based temporal integrator 
for two different input waveforms: Gaussian pulse and  Symmetric double pulses (b).  

A uniform FBG with length around 10 cm was used for the experimental 
demonstration, which corresponds to a maximum round-trip propagation time (i.e. 
integration time windows) around 1 ns. Operation in the weak-coupling regime was 
ensured by keeping the FBG peak reflectivity lower than 40%. A 50 ps FWHM 
Gaussian pulse, at a repetition rate of 500 MHz, was launched to probe the grating 
with its optical frequency centered at the FBG resonance. For the time-domain 
characterization of the pulse waveforms, a slow (6 GHz) and fast (20 GHz) oscillo-
scope were employed. 

Figure 2 shows the measured temporal complex envelopes for the input and 
output optical signals in the performed experiment. The results are only for the 
integration experiment of a Gaussian pulse (Fig. 1(b)). When a high-speed oscillo-
scope is used, the reconstructed temporal waveform at the FBG integrator output 
(red markers) shows an excellent agreement both with the numerical integration of 
the corresponding measured input pulse waveform (over the 250 ps integration time 
window) and with the theoretical predictions in Fig. 1(b). However, the pulse re-
flection measured with the 6 GHz oscilloscope (green markers), exhibits a temporal 
envelope which corresponds to a 170 ps integrated pulse, the faster pulse waveform 
that can be processed by this oscilloscope. 

(b)

Figure 3.14: (a) Schematic of a weak-coupling FBG-based integrator and its reflection
temporal impulse response. (b) Theoretical input and output pulses from an ideal
FBG-based temporal integrator for two different input waveforms: Gaussian pulse
and symmetric double pulses.

A uniform FBG with length around 10 cm was used for the experimental
demonstration, which corresponds to a maximum round-trip propagation time, i.e.
integration time windows, around 1 ns. Operation in the weak-coupling regime was
ensured by keeping the FBG peak reflectivity lower than 40%. A 50 ps FWHM
Gaussian pulse, at a repetition rate of 500 MHz, was launched to probe the grating
with its optical frequency centered at the FBG resonance. For the time-domain cha-
racterization of the pulse waveforms, a slow (6 GHz) and fast (20 GHz) oscilloscopes
were employed.

Figure 3.15 shows the measured temporal complex envelopes for the input and
output optical signals in the performed experiment. The results are only for the
integration experiment of a Gaussian pulse. When a high-speed oscilloscope is used,
the reconstructed temporal waveform at the FBG integrator output (red markers)
shows an excellent agreement both with the numerical integration of the corresponding
measured input pulse waveform (over the 250 ps integration time window) and with
the theoretical predictions in Fig. 3.14(b). However, the pulse reflection measured
with the 6 GHz oscilloscope (green markers), exhibits a temporal envelope which
corresponds to a 170 ps integrated pulse, the faster pulse waveform that can be
processed by this oscilloscope.
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Fig. 2. Measured (markers) and calculated (black solid line) time traces of the transformed input 
signal (blue) for temporal time integration when using a 6 GHz (green) and a 20 GHz (red) band-

width oscilloscope. 

The optical integrator is characterized by low energy efficiency due to the fact 
that the integration signal is reflected from the weak-coupling FBG, while the non-
integrated signal transmits through the FBG (i.e. this integrator utilizes only a small 
portion of the input signal power). Nevertheless, it must to bear in mind that the 
efficiency of the integration process is degraded when processing an optical signal 
with a broader spectral bandwidth \cite{Azana2008}, which practically limits the 
maximum signal bandwidth that can be processed with a FBG of a given length. 

CONCLUSIONS 

In this chapter, a technique for complete analysis of the spectral characteristics of a 
long-length FBG and its potential applications for fiber distributed sensing and 
signal processing of broadband optical signals has been demonstrated. A distributed 
temperature/strain sensing mechanism with 4.5 mm spatial resolution has been 
reported along 10 cm length weak FBG. The spatial resolution is only determined 
by the time duration of the input pulse used to probe the grating. A method for 
achieving large signal delays with very low distortion in FBGs has also been ad-
dressed. 45 ps Gaussian pulses have been continuously delayed up to 585 ps by 
relocating a hot piece of metal along the entire grating. The suitability of imple-
menting tunable phase shifts and true time delays through the distributed FBG ap-
proach has been described by relocating several hot spots within the grating. In 
addition, it has been shown the time integral of the electric field of an input arbi-
trary optical signal over a 1 ns time window, which is equivalent to twice the prop-
agation length of the FBG.  

The capabilities of the FBG approach in terms of signal processing and distributed 
temperature/strain sensing have been performed in a device whose size is in the 
order of DBG’s scale (cm-scale). However, the main advantages of this technologi-
cal platform compared with DBGs rely on its passive operation requiring no optical 
pumping and also the simpler experimental setup. 

 

Figure 3.15: Measured (markers) and calculated (black solid curve) time traces of the
transformed input signal for temporal integration when using a 6 GHz and a 20 GHz
bandwidth oscilloscope.

3.7 Conclusions

In this chapter, a technique for complete analysis of the spectral characteristics of a
long-length FBG and its potential application for fiber distributed sensing and signal
processing of broadband optical signals has been demonstrated. A distributed tem-
perature/strain sensing mechanism with 4 mm spatial resolution has been reported
along a 10 cm length weak FBG. The spatial resolution is only determined by the
time duration of the input pulse used to probe the grating. A method for achieving
large signal delays with very low distortion in FBGs has also been ad-dressed. 50
ps Gaussian pulses have been continuously delayed up to 585 ps by relocating a hot
piece of metal along the entire grating. The suitability of implementing tunable phase
shifts and true time delays through the distributed FBG approach has been described
by relocating several hot spots within the grating. In addition, it has been shown the
time integral of the electric field of an input arbitrary optical signal over a 1 ns time
window, which is equivalent to twice the propagation length of the FBG.

The capabilities of the FBG approach in terms of signal processing and dis-
tributed temperature/strain sensing have been performed in a device whose size is in
the order of DBG’s scale (cm-scale). However, the main advantages of this technolo-
gical platform compared with DBGs rely on its passive operation requiring no optical
pumping as well as the simpler experimental setup.

Some of the results of this chapter have been submitted to the following inter-
national publications:

• J. Sancho, S. Chin, D. Barrera, S. Sales and L. Thévenaz, “Time-resolved
analysis of a long fiber Bragg grating: principle and its applications”, submitted
to Optics Express, 2012.

• S. Chin, J. Sancho, D. Barrera, S. Sales and L. Thévenaz, “Time-resolved
analysis of a long fiber Bragg grating: principle and its applications”, in SPIE
Photonics Europe, Brussels (Belgium), paper 8439-06, 2012.





Chapter 4

SFL effects in semiconductor optical
amplifiers for MWP applications

4.1 Introduction

During the last decades, SOAs have been widely researched and developed to accom-
plish many different signal processing tasks in optical communication systems through
several nonlinear effects, including self-phase modulation (SPM), XGM, cross phase
modulation (XPM) and four wave mixing (FWM) effects. Key applications have in-
cluded wavelength conversion [79], optical gates [80], and optical regeneration [81].
Among them, MWP applications are targeting higher operation frequencies and func-
tionalities that are demanding small devices with low weight. Semiconductor based
structures provide these features and also allow on-chip integration with other devices
while lowering the manufacturing costs [13,34,82].

CPO effects in SOAs [83] constitute one of the most promising approaches for
the processing of optically carried microwave signals. CPO effects offer continuous
tunability of the delay, or phase shift, through the injected current, as well as the
optical pump, providing another degree of freedom for manipulating the optical sig-
nal [13, 34, 82]. One of the most relevant advances of CPO in SOAs relay on the
implementation of fully tunable 360 phase shifters over bandwidths in excess of seve-
ral GHz [84]. However, when used for TTD generation, CPO effects have an intrinsic
limit in terms of operating frequency range and bandwidth, which cannot exceed few
hundred of MHz [85]. Counter-propagation XGM effects in SOAs enables to get rid of
this limitations, leading to the generation of modest time delays at high frequencies
in a single SOA device [86].

The remainder of this chapter is organized as follows. First, the principle
of operation of the CPO-based phase shifter will be shown involving the cascade of
several phase shifting stages. Then, an optical field model that contains the equations
accounting for any general order of both harmonic and intermodulation distortions
will be provided. Next, an experimental and theoretical analysis of the nonlinear
distortion introduced in the phase shifter will be addressed for structures comprising
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an SOA device under the CPO effect and an optical filtering stage. Different filtering
scenarios will discussed in order to optimize the nonlinear performance. In addition,
the cascade of three phase shifting stages comprising an SOA + filter will be subject of
the same nonlinear evaluation, which will be accomplished as a function of the SOA
input optical power, injection current and modulation frequency. Furthermore, a
fully-tunable 360° microwave phase shifter implemented using only one SOA followed
by a conveniently designed notch filter will be reported. In this way, four SOAs and
two optical filters are saved in comparison with the cascaded approach. Besides, the
performance of MWP phase shifters based on both the cascaded and single SOA
approaches will be theoretically and experimentally evaluated in terms of several
FOMs. In particular, gain, noise and nonlinear distortion will be characterized as a
function of the phase tunability control mechanism. Following, a fully tunable notch-
type filter will be demonstrated using the more compact solution. The achievement
of true time delays using XGM in a nonlinear SOA will be provided after that. The
results will be yield in a counter-propagation configuration between two optical beams.

4.2 Principle of operation

In this section, the physics underlying of CPO effects in active semiconductor wave-
guides will be briefly explained. Following, the enhancement of slow-down by optical
filtering will be discussed and finally, the most significant advances to reach 360°,
achieved by cascading several photonic shifting stages, will be provided.

4.2.1 Coherent population oscillations in SOAs

The physical process governing the SFL operation regime in SOAs is coherent popu-
lation oscillations, which leads to FWM and complex XGM [12,87–89]. Basically, the
CPO effect relies on the interaction between light and the propagation medium. Con-
sidering the SOA as a two-level system, when two laser beams with slightly different
optical frequencies, denoted as the strong pump and weak probe, propagate through
the semiconductor waveguide, the carrier population in the active region will oscillate
at the frequency difference between the pump and the probe. This carrier oscillation
will alter the gain experienced by the weak probe, as illustrated by the spectral notch
in Fig. 4.1(a). The bandwidth of the spectral notch is characterized by the inverse
of the carrier lifetime and leads to a large change of the refractive index dispersion,
which finally accounts for the SFL effects [13].

Figure 4.1(b) sketches a basic phase shifter implementation where a microwave
signal at the angular frequency Ω is initially intensity modulated onto a continuous-
wave laser. In the frequency domain this implies that the optical signal at the
Mach-Zehnder modulator (MZM) output is composed of a strong carrier acting as
the pump, and two weak sidebands comprising the probes. Due to the consequent
intensity-modulation of the population oscillation when propagating through the se-
miconductor, the gain and the refractive index will be also modulated in time and
these temporal gratings will scatter the strong pump [13].The components scattered
to both sidebands will thus modify the susceptibilities seen by the probes. Further-
more, it must be noted that the magnitude of the mentioned modification can be
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controlled either by the injection current or the input optical pump power. There-
fore, after the propagation in the semiconductor waveguide, the signal envelope will
experience a time delay / advance ∆t. After the photodetection process, this time
delay or advance will correspond to a microwave phase shift ∆φ = ∆tΩ.

 0

0

0

G

n

ng

Gain
Coefficient

Refractive 
Index

Group
Index

ω

ω

ω

(a)

‐Ω     0     Ω ω‐ω0

Intensity

time ‐Ω     0     Ω ω‐ω0

Intensity

time

∆t

SOAMZM
Laser

RF 
generator

Photodetector

Injection
current

(b)

Figure 4.1: (a) Gain, refractive index and group index resonance modification by
coherent population oscillations. (b) Basic experimental scheme to realize SFL effects
in semiconductor waveguides.

4.2.2 Enhancing the phase shifter performance by filtering

It has been confirmed in [34, 90, 91] that the use of CPO in standard SOAs presents
a small time delay bandwidth product, what implies small microwave phase shifts
(∼ 30°). Due to the detection of both microwave sidebands, the above mentioned
refractive index dynamics cancel out and, hence, the phase change is governed solely
by the gain dynamics. It has been suggested that the launching of a single sideband
signal may enhance the degree of light-speed delay due to the effect of the refractive
index dynamics [92]. However, the increase of the conjugate signal upon propagation
will effectively counteract this effect. Instead, [93] and [94] demonstrated that the
effects of the refractive index dynamics mediated wave mixing can be exploited to en-
hance the RF phase shift by the use of an optical filtering scheme prior to detection.
Fig. 4.2(a) depicts the basic configuration. After propagation through the waveguide,
the red-shifted sideband is blocked by an optical notch filter, which can be accom-
plished by an FBG. Figure 4.2(b) shows theoretical results comparing the cases of an
unfiltered double sideband signal (green curve) and a single sideband signal with a
blue (blue curve) and a red (red curve) frequency sideband, respectively. The results
demonstrate that blocking the red-shifted sideband increases the range over which
the phase shift can be tuned to approximate values of 150° for microwave frequencies
up to 50 GHz.
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Figure 4.2: (a) Basic scheme to enhance light slow-down by employing optical filtering
to remove the red-shifted sideband before detection. (b) Microwave phase shift as a
function of the optical power at the SOA input.

In order to describe qualitatively why large phase excursions can be obtained
after the detection process, and only in the case of blocking the red sideband, a per-
turbation method has been studied in [93] and [94]. Considering a small propagation
distance δL through the SOA, the spatial variation along the propagation coordinate
of the gain and refractive index gratings can be neglected. Writing the input field as

E (t, z) =
(
E0 (z) + E1 (z) ejΩt + E−1 (z) e−jΩt

)
ej(ω0t−β0z), (4.1)

with carrier field amplitude E0 and sidebands E1 and E−1 detuned from the carrier
by the microwave angular frequency Ω, the analytical expressions for the electrical
field of the sidebands after amplification and interaction in the SOA can be expressed
as {

E1 (δL) ∼= ε (1 + δγ1 + αδβ1 + jδβ1 − jαδγ1)
E−1 (δL) ∼= ε (1 + δγ1 − αδβ1 − jδβ1 − jαδγ1) .

(4.2)

Here, ε measures the strength of the sideband at the input, α is the linewidth
enhancement factor and the quantities δγ1 and δβ1 are given by{

δγ1 = −gsat (1+S)S

(1+S)2+(Ωτs)
2 δL

δβ1 = −gsat ΩτsS
(1+S)2+(Ωτs)

2 δL
, (4.3)

where gsat is the saturated modal gain, S is the power normalized to the saturation
power and τs is the carrier lifetime. For an SOA with positive gain, both δγ1 and δβ1

are always negative.

When both sidebands are detected after the SOA, the phase shift becomes δφ =
arg {1 + δγ1 + jδβ1}. A phase advance which does not depend on the α factor. On the
contrary, when the red-shifted sideband is blocked before detection, the phase change
turns δφ1 = arg {1 + δγ1 + αδβ1 + j (δβ1 − αδγ1)}. This way a contribution term
related to the α factor is included. It clearly demonstrates an additional large phase
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delay introduced by a positive (increasing) −δγ1 in the imaginary part and a negative
(decreasing) term δβ1 in the real part. On the other hand, if the blue-shifted sideband
is blocked, the phase shift becomes δφ−1 = arg {1 + δγ1 − αδβ1 + j (δβ1 + αδγ1)}.
In this case, the refractive index dynamics related to α factor will cancel out to
a significant extent because the magnitudes of both real and imaginary parts are
increased by two extra terms (−δβ1 and jδγ1) and thus, the phase shift becomes
similar to the conventional case, without optical filtering.

4.2.3 360° by cascading several SOA-based phase shifter stages

Optical filtering enhanced slow light in standalone SOAs allows to achieve a ∼ 150°
continuously tunable microwave phase shift [93]. Nonetheless, saturation effects inside
the SOA make not possible to increase that absolute phase shift value by increasing
the length of the SOA [95]. Therefore, in order to further increase the total phase
shift range beyond the values obtained for a single phase shifter stage (PSS), the
possibility of cascading several such stages has been studied in [84]. However, due to
the optical filtering process performed at the output of the SOA, the single-sideband
characteristic of the optical signal at the input of the following PSS does not allow to
obtain a significant microwave phase shift after propagation through this second slow
light stage. In other words, simply cascading several optical filtering assisted slow
light stages does not imply an increase of the expected microwave phase shift [95].
For the implementation of this full 360° functionality it is necessary to include another
SOA, acting as a regenerator (RS), between two PSS (Fig. 4.3). By exploiting high-
efficiency four-wave mixing effects, the double sideband characteristic will be restored.
After the regeneration, the optical signal will regain the same optical spectrum as the
initial input. Hence, by adding the second slow light stage, the modulated optical
signal will experience a similar effect as in the first stage. It has been demonstrated
that when a third stage is likewise incorporated, a phase shift of more than 360° can
be achieved in the frequency range from a few GHz to 40 GHz [84].
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Figure 4.3: Simplified 360° microwave photonic phase shifter diagram showing the
cascading of PSSs followed by regenerators.

However, since these phase shifters rely on signal propagation in active semi-
conductor waveguides, spontaneous emission adds noise to the signal, thus deterio-
rating the signal-to-noise ratio. Besides, it has been demonstrated [96] that filtering
the signal after the SOA, apart from increasing the phase shift, further degrades the
signal-to-noise ratio, predominantly due to the decrease of the RF amplitude. This
degradation is noticeable when sequentially adding phase shifting stages [97]. In addi-
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tion, the work reported in [98] addresses that the nonlinear distortion generated by
the SOAs can further degrade the system performance.

4.3 Propagation model for the SOA-based phase
shifter

As with any element in a microwave photonic link, the impact of the SOA-based phase
shifter must be evaluated, especially in terms of the undesired nonlinear effects leading
to harmonic and intermodulation distortions, which can degrade the systems perfor-
mance [99]. A complete model based on this analysis for true time delay applications
(SOA + detector configuration) has been recently published in the literature [98].
This model is based on the propagation of the optical intensities within the SOA
devices. It has outlined the interplay that the contributions from direct amplification
and the phase shifted components generated by CPO have on the evolution of third
order nonlinear distortion terms.

However, for MWP phase shifters (SOA + optical filter + detector configu-
ration), a full model on nonlinear distortion is missing. It must be stressed that a
theory of multichannel amplification in SOAs has been developed in [100], which is
based on the propagation of optical fields and takes into account intermodulation
distortion for the particular case of M equispaced RF channels. However, the model
does not consider the distortion induced at the amplifier input. The main purpose
of the contribution that will be shown in this section is to develop a general model
including every element required for microwave phase shifting operation.

Since many microwave photonic applications require operation at large mo-
dulation indices, it has been considered the undesirable, but potential, intermodula-
tion and harmonic distortion (up to order D) introduced by a dual-drive electrooptic
modulator (DD-EOM). Fig. 4.4 shows an electrical modulating signal composed of a
general number M of tones of angular frequencies Ω1, Ω2, ... ΩM .

1 

2. Theoretical model on intermodulation and harmon-
ic distortion 

As with any element in a microwave photonic link, the impact of the SOA-based phase 
shifter must be evaluated, especially in terms of the undesired nonlinear effects leading 
to harmonic and intermodulation distortions, which can degrade the systems perfor-
mance \cite{Cox2002}. A complete model based on this analysis for true time delay 
applications (SOA + detector configuration) has been recently published in the literature 
\cite{berger2009}. This model is based on the propagation of the optical intensities 
within the SOA devices and it has outlined the interplay that the contributions from 
direct amplification and the π-phase shifted component generated by CPO have on the 
evolution of third order nonlinear distortion terms. 

However, for MWP phase shifters (SOA + optical filter + detector configuration), 
a full model on nonlinear distortion is missing. It must be stressed that a theory of mul-
tichannel amplification in SOAs has been developed in cite{Agrawal1990}, which is 
based on the propagation of optical fields and takes into account intermodulation distor-
tion for the particular case of M equispaced RF channels. However, the model does not 
consider the distortion induced at the amplifier input. The main purpose of the contribu-
tion that will be shown in this section is to develop a general model including every 
element required for microwave phase shifting operation. 

Instead of assuming an ideal electro-optic modulator, \cite{Agrawal1990, 
Duill2009}, it has been considered the presence of harmonics and intermodulation 
products at the input of the SOA device E 
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Fig. 1. Schematic of the microwave photonics phase shifter and representative diagram of the spectral com-
plex amplitude components at the SOA input. 

Within the range of modulation frequencies and power level of interest, the 
carrier density is assumed to be linearly dependent on the optical intensity, and thus 
the main nonlinear mechanism that contributes to an oscillating gain is CPO \cite 
{Agrawal1988}. Other mechanisms such as carrier heating, two-photon absorption, 
ultrafast nonlinear refraction, and spectral hole burning have higher saturation pow-
ers \cite{Agrawal1990} can consequently be neglected. Assuming the carrier densi-
ty N to be spatially homogeneous, it can be stated that the interaction of light with 
carriers in the SOA is governed by the well-known carrier rate equation \cite 
{Agrawal1988}, defined as 

Figure 4.4: Schematic of the microwave photonic phase shifter and representative
diagram of the spectral complex amplitude components at the SOA input.

For the determination of the output optical field of a DD-EOM, i.e. the initial
conditions required at the input of the SOA device (Ein

∣∣
SOA

), a general case appli-
cable for any value of chirp in the EOM will be considered. This way the modulating
signal is composed of two RF tones of angular frequencies Ω1 and Ω2. The voltage
signals applied on both electrodes Va(t) and Vb(t) can be defined as
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Va(t) = VDCa + VRF1
cos(Ω1t+ φ1a) + VRF2

cos(Ω2t+ φ2a),
Vb(t) = VDCb + VRF1

cos(Ω1t+ φ1b) + VRF2
cos(Ω2t+ φ2b),

(4.4)

where each voltage is composed of a DC bias term, VDCa and VDCb . Besides, the RF
tones are characterised by the same amplitude VRFi and different initial phases φia
and φib, for i = 1, 2. Therefore, the general expression for the output optical field is
given by

Eout(t)|EOM =
Es
2
e
−j π

Vπ

[
Va(t)+Vb(t)

2

]
cos

[
π

Vπ

(
Va(t)− Vb(t)

2

)]
, (4.5)

where Es comes from the input intensity provided by the laser and Vπ is the quadra-
ture voltage.

Reorganising terms in Eq. 4.5, the output optical field can be defined as

Eout(t)|EOM =
Ee
4
e−jφs

[
ejϕe−j

m1
2 cos(Ω1t+φ1b)e−j

m2
2 cos(Ω2t+φ2b)+

e−jϕe−j
m1
2 cos(Ω1t+φ1a)e−j

m2
2 cos(Ω2t+φ2a)

]
. (4.6)

where φs = (VDCa + VDCa)π/(2Vπ), ϕ represents the normalized bias voltage ϕ =
(VDCa − VDCa)π/(2Vπ) and the modulation indices are defined as mi = VRFiπ/Vπ,
for i = 1, 2.

After the expansion of the exponential terms in Eq. 4.6 in terms of Bessel
functions of the first kind, the complex amplitude of the optical field, which will be
injected at the SOA input port, can be expressed as

Eout(t)|EOM = Ee
2 e
−jφs

D∑
k=−D

D∑
l=−D

(−j)k+l
Jk(m1)Jl(m2)ej(kΩ1+lΩ2)t

· cos
[
ϕ+ k(φ1b−φ1a)+l(φ2b−φ2a)

2

]
e
j
[
k(φ1a+φ1b)+l(φ2a+φ2b)

2

]
.

(4.7)

Within the range of modulation frequencies and power level of interest, the
carrier density is assumed to be linearly dependent on the optical intensity, and thus
the main nonlinear mechanism that contributes to an oscillating gain is CPO [83].
Other mechanisms such as carrier heating, two-photon absorption, ultrafast nonlinear
refraction, and spectral hole burning can be neglected since they have higher satu-
ration powers [100]. Assuming the carrier density N to be spatially homogeneous, it
can be stated that the interaction of light with carriers in the SOA is governed by the
well-known carrier rate equation [83], defined as

dN

dt
=

I

eV
− N

τs
− Γa (N −Ntr) |E|2, (4.8)

being I the injection current, e the unit electron charge, V the volume of the active
region, τs the carrier lifetime, Γ the confinement factor, a the SOA differential gain
and Ntr the transparency carrier density.
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It has been considered an optical field which propagates along a traveling wave
SOA given by

E(z, t) =

D∑
k1=−D

...

D∑
kM=−D∣∣∣∣ M∑
i=1

ki

∣∣∣∣≤D
E(k1,...kM )e

−j
[(
ωo+

M∑
i=1

kiΩi

)
t−

M∑
i=1

βkiΩiz

]
, (4.9)

where E(k1...,kM ) defines the field complex amplitude and βkiΩi the propagation cons-

tant, both related to the angular frequency ω0 +
∑M
i=1 kiΩi, being ω0 the angular

frequency of the optical carrier while Ωi the angular frequency of the i-th modulating
tone. It is clear from Eq. 4.8 that the squared modulus (intensity) of the above field
is required to solve the carrier rate equation.

Assuming perfect phase matching between the different RF terms and thus
eliminating the z dependence in the exponential functions, the optical field from Eq.
4.9 can be expressed as

|E(t, z)|2 =

D∑
k1=−D

...
D∑

kM=−D∣∣∣∣ M∑
i=1

ki

∣∣∣∣≤D
D∑

r1=−D
...

D∑
rM=−D∣∣∣∣ M∑
i=1

ri

∣∣∣∣≤D
E(k1,...kM )E

∗
(r1,...rM )e

−j
[
M∑
i=1

(ki−ri)Ωi
]
t
,

(4.10)

which can be rewritten in terms of a Fourier series as

|E(t, z)|2 =

2D∑
m1=−2D

...

2D∑
mM=−2D∣∣∣∣ M∑
i=1

mi

∣∣∣∣≤2D

S(m1,...mM )e
−j
(
M∑
i=1

miΩi

)
t
, (4.11)

where S(m1,...mM ) represents the component of the optical intensity at frequency
M∑
i=1

miΩi and can be defined as

S(m1,...mM ) =

D∑
k1=−D+m1

...

D∑
kM=−D+mN

E(k1...,kM )E
∗
(k1−m1...,kM−mM ), (4.12)

being

∣∣∣∣ M∑
i=1

ki

∣∣∣∣ ≤ D and

∣∣∣∣ M∑
i=1

ki −mi

∣∣∣∣ ≤ D. Note that S(−m1,...−mM ) = S∗(m1,...mM ),

where * denotes the complex conjugate.
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This optical beam interacts with carriers inside the semiconductor, through
stimulated emission, and modulates the carrier density, introducing carrier popula-

tion oscillations of RF frequencies
M∑
i=1

miΩi. These oscillations generate, in turn, a

temporal grating, causing dispersive gain and index modifications on the two side-
bands of the travelling optical field while inducing wave mixing between them. It can
be therefore assumed that the carrier density inside the SOA will oscillate following
a similar variation, defined by

N(t) =

2D∑
m1=−2D

...

2D∑
mM=−2D∣∣∣∣ M∑
i=1

mi

∣∣∣∣≤2D

N(m1,...mM )e
−j
(
M∑
i=1

miΩi

)
t
. (4.13)

From Eq. 4.13, the following coupled differential equation is determined as

dN(t)

dt
=

2D∑
m1=−2D

...

2D∑
mM=−2D∣∣∣∣ M∑
i=1

mi

∣∣∣∣≤2D

−j( M∑
i=1

miΩi

)
N(m1,...mM )e

−j
(
M∑
i=1

miΩi

)
t

.
(4.14)

Substituting Eq. 4.11 - 4.14 into Eq. 4.8 and identifying the left and right
handside terms for every frequency component in the carrier rate equation, yields the
coefficients for the dynamic evolution of the gain, which can be expressed as

g(t) =

2D∑
m1=−2D

...

2D∑
mM=−2D∣∣∣∣ M∑
i=1

mi

∣∣∣∣≤2D

g(m1,...mM )e
−j
(
M∑
i=1

miΩi

)
t
. (4.15)

It should be noted that for the last term in Eq. 4.8, a first order perturbation
is taken since the small RF signal approximation is assumed, therefore

(N −Ntr) |E|2 ≈
(
N(0,...0) −Ntr

)
|E|2 + S(0,...0)N − S(0,...0)N(0,...0). (4.16)

Defining the DC gain component as g(0,...0) = Γa
(
N(0,...0) −Ntr

)
, it can be

now expressed as

g(0,...0) =
Γḡ

1 + S(0,...0)/Ps
, (4.17)

where ḡ is the unsaturated modal gain given by
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ḡ = a

(
Iτs
eV
−Ntr

)
, (4.18)

while the saturation power is defined as Ps = 1/(Γaτs).

For the rest of oscillating terms, the gain can be defined as

g(m1,...mM ) = ΓaN(m1,...mM ) = −
g(0,...0)

S(m1,...mM )
Ps[

1 +
S(0,...0)

Ps
− j

(
M∑
i=1

miΩi

)
τs

] . (4.19)

Therefore, the dynamic evolution of the gain coefficient can be expressed as

g(t) =

2D∑
m1=−2D

...

2D∑
mM=−2D∣∣∣∣ M∑
i=1

mi

∣∣∣∣≤2D

g(m1,...mM )e
−j
(
M∑
i=1

miΩi

)
t
. (4.20)

The slowly varying envelope approximation of the propagation equation through
the SOA device [100] is expressed as

dE

dz
=

1

2
(−γint + g(1− jα))E, (4.21)

where γint represents the internal waveguide losses and α the SOA linewidth enhance-
ment factor.

Finally, substituting Eq. 4.9 and Eq. 4.20 in Eq. 4.21, the following coupled
differential equation is derived as

dE(k1,...kM )

dz =

−γint

2 E(k1,...kM ) + (1−jα)
2

D+k1∑
m1=−D+k1

...
D+kM∑

mM=−D+kM

g(m1,...mM )E
∗
(k1−m1,...kM−mM ),

(4.22)

being

∣∣∣∣ M∑
i=1

ki

∣∣∣∣ ≤ D and

∣∣∣∣ M∑
i=1

mi

∣∣∣∣ ≤ 2D.

Eq. 4.22 can be solved using a fourth-order Runge–Kutta method, with the
initial conditions for every complex field term being determined by the values of the
field frequency components at the output of a DD-EOM.
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Since the present contribution is based on an optical field model, the assessment
of the optical filter at the output of the SOA can be evaluated as

Eout(z, t)|SOA+filter =

D∑
k1=−D

...
D∑

kM=−D∣∣∣∣ M∑
i=1

ki

∣∣∣∣≤D
E(k1,...kM )

∣∣
SOA

H(k1,...kM )e
−j
[(
ωo+

M∑
i=1

kiΩi

)
t−

M∑
i=1

βkiΩiz

]
, (4.23)

where H(k1,... kM ) represents the filter transfer function for each frequency component.

The microwave phase shift of interest for a given frequency component is that
given by calculating the photocurrent id of a photodetector placed at the output of
the SOA + filter for a detector responsivity <, as id(m1,...mM ) = S(m1,...mM )<, where
the optical intensity S(m1,...mM ), comes through substituting the optical field obtained
from Eq. 4.23 into Eq. 4.12.

The main contribution of this model relies on the consideration of M arbitra-
rily frequency-spaced modulating tones, in a way that every fundamental, harmo-
nic and intermodulation distortion term falls at the same frequency locations within
the channels band. In this context, another relevant aspect is the extension of the
frequency components originated outside the initial electrical band. Besides, the
model presented can be easily expanded to carry out the performance analysis of
phase shifter cascaded structures.

4.4 Nonlinear distortion analysis in SOA-based phase
shifters

The performance of the phase shifter device needs to be evaluated before its incor-
poration into a real MWP system, such as a filter [20] or phased array antenna [32].
Several FOMs provide the metrics capable for carrying out a MWP subsystem eval-
uation. Among the metrics, the spurious free dynamic range (SFDR) is one quality
factor frequently employed in multi-channel systems or radar applications evaluating
the time jitter influence. In this section, the harmonic (HD) and intermodulation dis-
tortions (IMD), which yields to the SFDR assessment, will be evaluated as a function
of the phase shifter control mechanism.

The impact of the nonlinear distortion in the phase shifter performance has
been accomplished through the photodetected RF power and phase shift evaluation
at the system output. On one hand, the photodetected RF power can be defined as

Pd(m1,...mM ) =
∣∣S(m1,...mM )<

∣∣2Z0, (4.24)

being S(m1,...mM ) the Fourier component of the optical intensity specified in Eq. 4.12,
and Z0 the photodiode impedance. On the other hand, the photodetected phase shift
is calculated as
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∆φ = arg
{
S(m1,...mM )

}
− φ0, (4.25)

where φ0 is the microwave phase at some reference point, i.e. at fixed input power
level and fixed bias condition for the SOA.

The general expression given by Eq. 4.7 to compute the optical field at the
EOM output (initial conditions) has been applied. The particular case of a zero-chirp
modulator, for which Va(t) = −Vb(t), has been considered since it is the kind of modu-
lator used for the experimental validation. Under this assumption and particularizing
for initial RF phases φia = φib = 0, the SOA initial condition for the complex field
E(k1,k2) results in

E(k1,k2)(t, 0) =
Ee
2

cos [ϕ/2 + (|k1|+ |k2|)π/2] Jk1
(m1)Jk2

(m2)ej(k1Ω1+k2Ω2)t.

(4.26)

The remaining of this section is organized as follows. Sub-section 4.4.1 will be
focused on the influence of the filtering scheme in the phase shifter performance, which
will be based on a single stage (SOA + filter). The performance will be evaluated as a
function of the SOA input optical power. First, the impact of the nonlinear distortion
will be studied employing different optical filters at the input and output of the
SOA device. Second, a more detailed distortion evaluation for two distinct spectral
scenarios, with different filtering influence, will be provided. On the other hand,
in sub-section 4.4.2 will be presented again the nonlinear assessment for cascaded
structures (up to three phase shifter stages). The evaluation will be carried out as a
function of the SOA injection current as well as the modulation frequency.

4.4.1 Nonlinear distortion influence on the filtering scheme

4.4.1.1 Harmonic distortion evaluation for different filtering scenarios

As it has been pointed out in section 4.2 of this chapter, when optical filtering is in-
cluded to selectively suppress the red-shifted frequency sideband of the optical signal
before photodetection, the refractive index dynamics leads to a considerable increase
in the microwave phase shift. Yet, for those microwave photonic applications, where
large signal operation is required, and consequently high level of nonlinear distortion
is generated, two optical filtering schemes for suitable distortion reduction have been
considered. An optical harmonic filtering stage prior to the SOA and a post optical
filter implemented by an FBG operating in reflection has been considered, instead of
considering a selective sideband notch filter as in previous literature [93,94,101]. Fig-
ure 4.5 shows the experimental setup assembled for evaluating the effect of harmonic
distortion under the three aforementioned filtering schemes.

A DFB-LD operating at 1550nm was modulated by a 20 GHz microwave tone
by means of a dual-drive zero-chirp EOM. The modulator was characterized by Vπ = 4
V and was biased at VDC = 0.4975 · Vπ. The bias was slightly different from the
quadrature point VDC = 0.5 ·Vπ in order to assure that a significat value of harmonic
distortion was present at the SOA input. An electrical modulation index of m = 14%
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has been used to guarantee both small distortion and enough RF detected power to be
above the floor of the RF spectral analyzer. The SOA injection current was set at 200
mA. An EDFA booster and a variable attenuator were used for controlling the optical
input power in the measurements. On one hand, pre-filtering implementation (OF1)
was accomplish by a band-pass filter placed previous to the SOA. The band-pass filter
was accomplished by an FBG operating in reflection, which requested the use of a
circulator. This way the FBG attenuated more than 20 dB the high-order harmonics
produced by the EOM. On the other hand, post-filtering scheme (OF2) was carried
out through two different FBGs, one operating in transmission (FBG TX) and the
other one in reflection (FBG RX). FBG TX provided ∼ 40 dB attenuation level over
the red-shifted fundamental frequency component, while ∼ 30 dB attenuation over
both, the red-shifted sideband and the remaining higher order frequency components
was given by the FBG RX. Finally, harmonic levels were measured using a lightwave
spectrum analyzer (LSA), while the phase shift experienced by the fundamental tone
was detected and measured by a VNA.
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Fig. 1.  Experimental setup of a phase shifter based on different filtering schemes. Optical filtering for 
harmonic distortion reduction before SOA propagation (a). Both FBG transmission and reflection schemes for 
optical post filtering (b). 
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that a significat value of harmonic distortion was present at the SOA input. An elec-
trical modulation index of m = 14% has been used to guarantee both small distor-
tion and enough RF detected power to be above the floor of the RF spectral analyz-
er. The SOA injection current was set at 200 mA. An Erbium Doped Fiber 
Amplifier (EDFA) booster and a variable attenuator were used for controlling the 
optical input power in the measurements. On one hand, pre-filtering implementation 
was accomplish by a band-pass filter placed previous to the SOA. The band-pass 
filter was accomplished by an FBG operating in reflection, which requested the use 
of a circulator. This way the FBG attenuated more than 20 dBs the high-order har-
monics produced by the EOM. On the other hand, post-filtering scheme was carried 

Figure 4.5: Experimental setup of a phase shifter based on different filtering schemes.
(a) Optical filtering for harmonic distortion reduction before SOA propagation. (b)
Both the FBG transmission and reflection schemes for optical post filtering.

The SOA device has been designed with a high output saturation power of 15
dBm. Some parameters that have been used in the previously described model are:
linewidth enhancement factor α = 5; cavity length L = 1 mm; unsaturable loss (1/m)
γint = 4/L; unsaturated modal gain (1/m) Γḡ = 5.5/L. It must be stressed that the
microwave phase shift, in this implementation, was optically controlled by means of
the optical CW power at the SOA input.

Figure 4.6 depicts the computed and experimental values of the phase shifts
as a function of the input optical power for different values of the modulation depth
q = |E1(0)|2/|E0(0)|2. A significant dependence of the phase shift with the modu-
lation index is observed in the post-filtering notch-type results. For higher modulation
depths there is a large interaction between the fundamental tone and the harmonics
within the SOA device, leading to phase fluctuations in the measured response. In
order to overcome this dependence, the phase shifter results using the pre-filtering
scheme are also represented in Fig. 4.6. As it is shown, the phase shift performance
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is considerably more independent of the modulation depth. This means that harmo-
nic distortion terms are significantly reduced since there is no substantial energy
leak/phase change in the fundamental tone. Besides, less optical power is required to
achieve a given phase shift value compared with the results shown for the post-filtering
scheme.
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Fig. 2.  Theoretical (lines) and experimental (markers) RF phase shift for the case of post-filtering with an 
FBG operating in transmissium and for simultaneous pre and post-filtering schemes. 

Fig. 2 depicts the computed and experimental values of the phase shifts as a 
function of the input optical power for different values of the modulation depth 
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1 0(0) / (0)q E E . A significant dependence of the phase shift with the modulation 
index is observed in the post-filtering notch-type results. For higher modulation 
depths there is a negligible interaction between the fundamental tone and the har-
monics within the SOA device, leading to phase fluctuations in the measured re-
sponse. In order to overcome this dependence, the phase shifter results using also 
the pre-filtering scheme are represented in Fig. 2. As it is shown, the phase shift 
performance is considerably more independent of the modulation depth. This means 
that harmonic distortion terms are significantly reduced since there is no substantial 
energy leak/phase change in the fundamental tone. Besides, less optical power is 
required to achieve a given phase-shift value compared with the results shown for 
the post-filtering scheme. 

Figure 4.6: Theoretical (lines) and experimental (markers) RF phase shift for the case
of post-filtering with an FBG operating in transmission and for simultaneous pre and
post-filtering schemes.

However, the former scheme has the main drawback of requiring both pre and
post-filtering stages. An efficient alternative to reduce harmonic distortion consists
in using just a single band-pass post-filtering stage as shown at Fig. 4.5.

Figure 4.7 represents the theoretical and experimental photodetected RF power
for the fundamental (P (Ω))and the second harmonic power (P (2Ω)) versus the SOA
input optical power. A low modulation depth (q = 0.001) was selected. Solid curves
illustrate computed results while markers correspond to measurements. A relevant
feature is the considerable increase of the second harmonic at the SOA output due to
the semiconductor nonlinearities. Comparing with both post filtering configurations,
it is noticeable how the inclusion of the optical notch filter (FBG Tx) results in a
considerable increase of the nonlinear distortion level due to the CPO effect; which
can be significantly decreased (by more than 10 dB) when resorting to the FBG
operating in reflection. As expected [93], the photodetected RF power at the output
P (Ω)out shows, for both post filtering setups, a dip near to -2 dBm which is correlated
with the sharp increase of the microwave phase shift.
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Figure 4.7: Theoretical (lines) and experimental (markers) results for the photode-
tected RF power from the fundamental tone, P (Ω), and the second harmonic, P (2Ω),
versus the input optical power. The dashed curves are the calculated harmonics before
the SOA and the solid curves are the calculated harmonics after the SOA+FBG, op-
erating in transmission or in reflection.

4.4.1.2 Nonlinear distortion evaluation at different modulation frequen-
cies

In multi-tone MWP systems where a phase shifter implementation based on CPO in
SOA is required, the impact of nonlinear distortion leading to harmonic and inter-
modulation distortions needs to be evaluated. Two spectral separations have been
considered in order to exhibit the spectral influence by the notch filter. The perfor-
mance has been analyzed as a function of the SOA input optical power.

The detrimental nonlinear distortion generated by the microwave phase shifter
has been studied assembling the experimental setup schematically depicted in Fig.
4.8. The DFB-LD output was modulated after passing through an external dual-
drive zero-chirp EOM with two RF synthesizers. Both RF tones where generated at
the same RF power while their spectral locations were selected in order to compare
different optical filtering levels of the ref-shifted frequency components, that is, one
case for f1 = 10.5 GHz and f2 = 11 GHz and another one for f1 = 9 GHz and f2 = 12
GHz. These frequency spacings (∆f = f2−f1) of 0.5 and 3 GHz are representative of a
broadband signal transmission scenario where different analogue or digital services can
be located within the entire microwave or millimeter wave region, covering different
MWP applications. The microwave phase shifter is formed by a commercial SOA and
a filtering stage which has been implemented by an FBG operating in transmission.
The SOA saturation power was 5 dBm at a bias current of 350 mA, characterized
by a bandwidth over tens of GHz. The MZM output signal was amplified by a 20
dB-gain EDFA to assure the SOA operates under saturation conditions. The inset in
Fig. 4.8 illustrates the FBG magnitude and phase responses. The magnitude notch
presents a depth of -33 dB and a spectral -3 dB width of 11 GHz, while the maximum
phase excursion of the spectral response has a value around 300 degrees. For better
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understanding, the measured magnitude and phase shift responses of the FBG, as well
as the spectral components affected by the grating, are shown in Fig. 4.9. Finally,
the magnitude and the experienced phase shift of the fundamental, harmonic and
intermodulation distortion terms were measured using a high-bandwidth VNA.5    CAPÍTULO 1  
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Fig. 4.  Schematic of the experimental setup to evaluate the nonlinear distortion at the output of a microwave 
phase shifter based on SOA + filtering scheme. 

The detrimental nonlinear distortion generated by the microwave phase shifter 
has been studied assembling the experimental setup schematically depicted in Fig. 
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f1) of 0.5 and 3 GHz are representative of a broadband signal transmission scenario 
where different analogue or digital services can be located within the entire micro-
wave or millimeter wave region, covering different MWP applications. The micro-
wave phase shifter is formed by a commercial SOA and a filtering stage which has 
been implemented by an FBG operating in transmission. The SOA saturation power 
was 5 dBm at a bias current of 350 mA, characterized by a bandwidth over tens of 
GHz. The MZM output signal was amplified by a 20dB-gain EDFA to assure the 
SOA operates under saturation conditions. The inset in Fig. 4 illustrates the FBG 
magnitude and phase responses. The magnitude notch presents a depth of -33 dB 
and a spectral -3dB width of 11 GHz, while the maximum phase excursion of the 
spectral response has a value around 300 degrees. For better understanding, the 
measured magnitude and phase shift responses of the FBG are shown in Fig. 5. 
Finally, the magnitude and the experienced phase shift of the fundamental, 
harmonic and intermodulation distortion terms were measured using a high-
bandwidth VNA. 

On one hand, harmonic and intermodulation product terms at the SOA input 
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). The theoretical and experi-
mental evaluation has been carried out for every fundamental, harmonic and inter-
modulation distortions tones up to 3rd order, named as HD3 and IMD3. On the other 
hand, the diagram of the frequency components at the phase shifter output are de-
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Figure 4.8: Schematic of the experimental setup to evaluate the nonlinear distortion
at the output of a microwave phase shifter based on SOA + filtering scheme.

On one hand, harmonic and intermodulation product terms at the SOA input
are illustrated in the left upper part of Fig. 4.8 (Eout|MZM , which can be obtained
from Eq. 4.7). The theoretical and experimental evaluation has been carried out
for every fundamental, harmonic and intermodulation distortions tones up to 3rd

order, named as HD3 and IMD3. On the other hand, the diagram of the frequency
components at the phase shifter output are depicted on the top right corner of Fig.
4.8 as (Eout|SOA+FBG, which can be calculated from Eq. 4.23), where it can be
appreciated how the notch filter blocks not only the fundamental tones at the red-
shifted sideband (angular frequencies −Ω1 and −Ω2), yielding an attenuation level
around 32 dB for f1 = 10.5 GHz and f2 = 11 GHz while 28 dB for 9 and 12 GHz,
but also the 3rd order IMD terms placed at Ω1 − 2Ω2 and Ω2 − 2Ω1 providing an
attenuation of around 32 dB and 5 dB, respectively, for each case.

Measured and computed results of both the photodetected RF power and ex-
perienced microwave phase shift, as a function of the optical power at the SOA input,
for the case where the spectral separation between the modulating tones is 0.5 GHz
(i.e. f1 = 10.5 and f2 = 11 GHz), are shown in Figs. 4.10 - 4.11. Fundamental
tones and IMD3 terms placed at 2Ω1 − Ω2 and 2Ω2 − Ω1 are plotted in Fig. 4.10,
while second order distortion elements (HD2 and IMD2) and IMD3 contributions at
2Ω1 + Ω2 and 2Ω2 + Ω1 are illustrated in Fig. 4.11. On the other hand, the co-
rresponding results for the case where f1 = 9 GHz and f2 = 12 GHz (∆f = 3 GHz)
are illustrated in Figs. 4.12 - 4.13. The very good level of agreement between the
theoretical (lines) results (from Eq. 4.24 and Eq. 4.25) and those rendered by the
measurements (markers) confirms the validation of the aforementioned model.
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Fig. 5.  Measured FBG magnitude and phase shift reponses. 

Measured and computed results of both the photodetected RF power and expe-
rienced microwave phase shift, as a function of the optical power at the SOA input, 
for the case where the spectral separation between the modulating tones is 0.5 GHz, 
( i.e. f1=10.5 and f2=11 GHz), are shown in Figs. 7-8. Fundamental tones and IMD3 
terms placed at 2Ω1-Ω2 and 2Ω2-Ω1 are plotted in Fig.7, while second order distor-
tion elements (HD2 and IMD2) and IMD3 contributions at 2Ω1+Ω2 and 2Ω2+Ω1 are 
illustrated in Fig. 8. On the other hand, the corresponding results for the case where 
f1=9 and f2=12 GHz (Δf =3GHz) are illustrated in Figs. 10-11. The very good level 
of agreement between the theoretical (lines) results and those rendered by the 
measurements (markers) confirms the validation of the aforementioned model.  

The following values for some of the parameters related to the SOA model de-
scribed in the previous section have been adopted in order to adjust computed and 
measured results: carrier lifetime τs = 110 psec, length L = 1 mm, unsaturable loss γint 

= 4/L (1/m), unsaturated modal gain g =4.5/L (1/m), saturation power Ps = -6 dBm 
and a linewidth enhancement factor α = 7. The modeling of the optical filtering stage 
has been performed meticulously applying the pertinent measured values of atten-
uation and phase shift applied not only to the fundamental tones but also for all the 
DC, HD2, IMD2, HD3 and IMD3 terms. Note that in order to account for the effect 

Figure 4.9: Measured FBG magnitude and phase shift reponses.

The following values for some of the parameters related to the SOA model
described in the previous section (from Eq. 4.21) have been adopted in order to
adjust computed and measured results: carrier lifetime τs = 110 psec, length L =
1 mm, unsaturable loss γint = 4/L, unsaturated modal gain Γḡ = 5.5/L, saturation
power Ps = -6 dBm and a linewidth enhancement factor α = 7. The modeling of
the optical filtering stage has been performed meticulously applying the pertinent
measured values of attenuation and phase shift applied not only to the fundamental
tones but also for all the DC, HD2, IMD2, HD3 and IMD3 terms. Note that in order
to account for the effect of such filter, the optical field (and not the optical power)
signal as obtained by solving Eq. 4.22 is requested.

The expected power dip / phase shift sharp transition of around 150° when
filtering the red-shifted frequency sideband in the fundamental components is observed
independently of the spectral separation between the evaluated electrical signals (see
Figs. 4.10 and 4.12). However, smooth power / phase shift behavior is obtained for
all the 2nd order terms (see Figs. 4.11 and 4.13), with a maximum phase advance of
around 65°. Similar situation is established when no optical filtering stage is intro-
duced after SOA propagation. It is interesting the behavior of the IMD3 contributions
placed at 2Ω1 + Ω2 and 2Ω2 + Ω1 (see Figs. 4.11 and 4.13), since their phase shift
response tends to follow the sharp excursion characteristic of the fundamental signals,
although no optical filtering has been implemented at their locations.

The effect of the FBG response on the IMD3 terms placed at 2Ω1 − Ω2 and
2Ω2 − Ω1 is clearly appreciated when comparing between ∆f = 0.5 and 3 GHz.
On one hand, for ∆f = 0.5 GHz, the high level of attenuation produced at these
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frequencies (around 33 dB) results in a power notch similar to that occurred for
the modulating signals connected to an even sharper phase shifter excursion. On
the other hand, when ∆f = 3 GHz, the photodetected power for these IMD3 terms
experiences a visible smoothed behavior correlated with a reduction, of the phase shift
level from approximately 160° to 120°. Besides, the attenuation suffered from these is
reduced to values of around 3 and 5 dB and, therefore, the large phase shift applied to
these fields, due to the FBG, turns more significant after the photodetection beating.
As it is observed in Fig. 4.13(b), both IMD3 terms do not experience exactly the
same behavior, since the FBG did not apply the same phase shift to them: 100° of
negative phase shift for the 2Ω1 − Ω2 term, while positive 150° for 2Ω2 − Ω1. The
above observations yield to state than not only the red sideband attenuation plays a
significant role on the final photodected signal, but also the phase shift applied for
the FBG to these fields.

In addition, when comparing both cases, more affected by noise phase shift data
points have been measured for ∆f = 3 GHz. This is a consequence of some thermal
drifts experienced in the FBG response which lead to an appreciable fluctuation in
the level of attenuation / phase shift applied by the filter. These fluctuations are
more perceptible for the larger separation ∆f , as in this case the fundamentals and,
above all, both products at 2Ω1 − Ω2 and 2Ω2 − Ω1, are located in the slopes of the
FBG notch response (see Fig. 4.9). Since at those frequencies the red shifted optical
field components were only attenuated by 3 - 5 dB, the variations in the phase shift
applied by the FBG become more sensible to possible optical wavelength drifts.
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Fig. 7. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the fundamental [(Pd(1,0), 
Pd(0,1))] and the IMD3 [Pd(2,-1), Pd(-1,2)] terms versus the SOA input optical power for f1=10.5GHz and f2=11GHz. 

(b) Microwave phase shift [( (1,0) , (0,1) )] and [ (2 , 1)  , ( 1,2 )  ]. 
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Fig. 8. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
Pd(0,2)], IMD2 [Pd(1,1), Pd(-1,1)] and IMD3 [Pd(21) and Pd(1,2)] terms versus the SOA input optical power for 
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Fig. 8. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
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(b)

Figure 4.10: Theoretical (lines) and experimental (markers) photodetected (a) RF
power from fundamental [Pd(1,0), Pd(0,1)] and IMD3 [Pd(2,−1), Pd(−1,2)] terms versus
the SOA input optical power for f1 = 10.5 GHz and f2 = 11 GHz. (b) RF phase shift
for [φ(1,0), φ(0,1)] and [φ(2,−1), φ(−1,2)].
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Fig. 8. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
Pd(0,2)], IMD2 [Pd(1,1), Pd(-1,1)] and IMD3 [Pd(21) and Pd(1,2)] terms versus the SOA input optical power for 
f1=10.5GHz and f2=11GHz. (b) Microwave phase shift [ (2,1) and (1,2) ]. 

(b)

Figure 4.11: Theoretical (lines) and experimental (markers) photodetected (a) RF
power from HD2 [Pd(2,0), Pd(0,2)], IMD2 [Pd(1,1), Pd(−1,1)] and IMD3 [Pd(2,1), Pd(1,2)]
terms versus the SOA input optical power for f1 = 10.5 GHz and f2 = 11 GHz. (b)
RF phase shift for [φ(2,0), φ(0,2)], [φ(1,1), φ(−1,1)] and [φ(2,1), φ(1,2)].
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Fig. 10. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the fundamental 
[(Pd(1,0), Pd(0,1))] and the IMD3 [Pd(2,-1), Pd(-1,2)] terms versus the SOA input optical power for f1=9 GHz and f2 

=12 GHz. (b) Microwave phase shift [( (1,0) , (0,1) )] and [ ( 2, 1)  , ( 1,2 )  ].  
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Fig. 11. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
Pd(0,2)], IMD2 [Pd(1,1), Pd(-1,1)] and IMD3 [Pd(21) and Pd(1,2)] terms versus the SOA input optical power for f1=9 
GHz and f2=12 GHz. (b) Microwave phase shift [ (2,1) , (1,2) ]. 

 
The expected power dip / phase shift sharp transition of around 150º when fil-

tering the red-shifted frequency sideband in the fundamental components is ob-
served independently of the spectral separation between the evaluated electrical 
signals (see Figs. 7 and 10). However, smooth power/phase-shift behavior is ob-
tained for all the 2nd order terms, (see Figs. 8 and 11), with a maximum phase-
advance of around 65º. Similar situation is established when no optical filtering 
stage is introduced after SOA propagation. It is interesting the comportment of the 
IMD3 contributions placed at 2Ω1+Ω2 and 2Ω2+Ω1, (see Figs. 8 and 11), since their 
phase shift response tends to follow the sharp excursion characteristic of the fun-

(a)

CAPÍTULO 1  8 

-26 -22 -18 -14 -10 -6 -2 2
-80

-70

-60

-50

-40

-30

-20

-10

0

Input optical power (dBm)

P
h

o
to

d
e

te
ct

e
d

 R
F

 p
o

w
e

r 
(d

B
m

)

 

 

    

-26 -22 -18 -14 -10 -6 -2 2
0

20

40

60

80

100

120

140

160

Input optical power (dBm)

R
F

 P
h

a
se

 S
h

ift
 (

D
e

g
re

e
s)

 

 

1

2

21
-2

22
-1

 
 (a)                       (b) 

Fig. 10. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the fundamental 
[(Pd(1,0), Pd(0,1))] and the IMD3 [Pd(2,-1), Pd(-1,2)] terms versus the SOA input optical power for f1=9 GHz and f2 

=12 GHz. (b) Microwave phase shift [( (1,0) , (0,1) )] and [ ( 2, 1)  , ( 1,2 )  ].  
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(a)                                 (b) 

Fig. 11. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
Pd(0,2)], IMD2 [Pd(1,1), Pd(-1,1)] and IMD3 [Pd(21) and Pd(1,2)] terms versus the SOA input optical power for f1=9 
GHz and f2=12 GHz. (b) Microwave phase shift [ (2,1) , (1,2) ]. 

 
The expected power dip / phase shift sharp transition of around 150º when fil-

tering the red-shifted frequency sideband in the fundamental components is ob-
served independently of the spectral separation between the evaluated electrical 
signals (see Figs. 7 and 10). However, smooth power/phase-shift behavior is ob-
tained for all the 2nd order terms, (see Figs. 8 and 11), with a maximum phase-
advance of around 65º. Similar situation is established when no optical filtering 
stage is introduced after SOA propagation. It is interesting the comportment of the 
IMD3 contributions placed at 2Ω1+Ω2 and 2Ω2+Ω1, (see Figs. 8 and 11), since their 
phase shift response tends to follow the sharp excursion characteristic of the fun-

(b)

Figure 4.12: Theoretical (lines) and experimental (markers) photodetected (a) RF
power from fundamental [Pd(1,0), Pd(0,1)] and IMD3 [Pd(2,−1), Pd(−1,2)] terms versus
the SOA input optical power for f1 = 9 GHz and f2 = 12 GHz. (b) RF phase shift
for [φ(1,0), φ(0,1)] and [φ(2,−1), φ(−1,2)].



76 4.4. Nonlinear distortion analysis in SOA-based phase shifters

CAPÍTULO 1  8 

-26 -22 -18 -14 -10 -6 -2 2
-80

-70

-60

-50

-40

-30

-20

-10

0

Input optical power (dBm)

P
h

o
to

d
e

te
ct

e
d

 R
F

 p
o

w
e

r 
(d

B
m

)

 

 

    

-26 -22 -18 -14 -10 -6 -2 2
0

20

40

60

80

100

120

140

160

Input optical power (dBm)

R
F

 P
h

a
se

 S
h

ift
 (

D
e

g
re

e
s)

 

 

1

2

21
-2

22
-1

 
 (a)                       (b) 

Fig. 10. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the fundamental 
[(Pd(1,0), Pd(0,1))] and the IMD3 [Pd(2,-1), Pd(-1,2)] terms versus the SOA input optical power for f1=9 GHz and f2 

=12 GHz. (b) Microwave phase shift [( (1,0) , (0,1) )] and [ ( 2, 1)  , ( 1,2 )  ].  
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(a)                                 (b) 

Fig. 11. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
Pd(0,2)], IMD2 [Pd(1,1), Pd(-1,1)] and IMD3 [Pd(21) and Pd(1,2)] terms versus the SOA input optical power for f1=9 
GHz and f2=12 GHz. (b) Microwave phase shift [ (2,1) , (1,2) ]. 

 
The expected power dip / phase shift sharp transition of around 150º when fil-

tering the red-shifted frequency sideband in the fundamental components is ob-
served independently of the spectral separation between the evaluated electrical 
signals (see Figs. 7 and 10). However, smooth power/phase-shift behavior is ob-
tained for all the 2nd order terms, (see Figs. 8 and 11), with a maximum phase-
advance of around 65º. Similar situation is established when no optical filtering 
stage is introduced after SOA propagation. It is interesting the comportment of the 
IMD3 contributions placed at 2Ω1+Ω2 and 2Ω2+Ω1, (see Figs. 8 and 11), since their 
phase shift response tends to follow the sharp excursion characteristic of the fun-
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Fig. 10. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the fundamental 
[(Pd(1,0), Pd(0,1))] and the IMD3 [Pd(2,-1), Pd(-1,2)] terms versus the SOA input optical power for f1=9 GHz and f2 

=12 GHz. (b) Microwave phase shift [( (1,0) , (0,1) )] and [ ( 2, 1)  , ( 1,2 )  ].  
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(a)                                 (b) 

Fig. 11. Theoretical (lines) and experimental (markers) photodetected RF power (a) from the HD2 [Pd(2,0), 
Pd(0,2)], IMD2 [Pd(1,1), Pd(-1,1)] and IMD3 [Pd(21) and Pd(1,2)] terms versus the SOA input optical power for f1=9 
GHz and f2=12 GHz. (b) Microwave phase shift [ (2,1) , (1,2) ]. 

 
The expected power dip / phase shift sharp transition of around 150º when fil-

tering the red-shifted frequency sideband in the fundamental components is ob-
served independently of the spectral separation between the evaluated electrical 
signals (see Figs. 7 and 10). However, smooth power/phase-shift behavior is ob-
tained for all the 2nd order terms, (see Figs. 8 and 11), with a maximum phase-
advance of around 65º. Similar situation is established when no optical filtering 
stage is introduced after SOA propagation. It is interesting the comportment of the 
IMD3 contributions placed at 2Ω1+Ω2 and 2Ω2+Ω1, (see Figs. 8 and 11), since their 
phase shift response tends to follow the sharp excursion characteristic of the fun-

(b)

Figure 4.13: Theoretical (lines) and experimental (markers) photodetected (a) RF
power from HD2 [Pd(2,0), Pd(0,2)], IMD2 [Pd(1,1), Pd(−1,1)] and IMD3 [Pd(2,1), Pd(1,2)]
terms versus the SOA input optical power for f1 = 9 GHz and f2 = 12 GHz. (b) RF
phase shift for [φ(2,0), φ(0,2)], [φ(1,1), φ(−1,1)] and [φ(2,1), φ(1,2)].

The aforementioned theoretical model allows for exploring the possibility of de-
signing potential applications in frequency and phase-tunable upconversion tasks. As
it has been previously observed, the SOA increases the power of the second harmonic
by a suitable post-filtering scheme. The idea is to take advantage of this functionality
and, at the same time, by controlling the input CW power to the SOA to control the
phase shift of the up-converted signal. The phase shift results for these upconverted
signals (2Ω1 and 2Ω2) are depicted in Figs. 4.11 and 4.13. As it can be clearly appre-
ciated, a considerable phase excursion, which reaches more than 60 degrees, can be
obtained for the upconverted tone which results in an extra degree of freedom.

4.4.2 Nonlinear distortion evaluation for cascading phase shifter
stages

Once the HD and IMD, as well as the optical filtering influence, have been evaluated
for a single phase shifter stage, the results for cascaded stages will be provided. The
phase shifting control mechanism will be the SOA injection current into all the PSSs,
instead of the input optical power employed in the previous subsection. This way the
tunability speed becomes in the order of hundred of ps.

4.4.2.1 Evaluation of the phase shifter vs. the injection currents

As stated in section 4.2 of this chapter, an accumulated 360° phase shift functionality,
by using the semiconductor technology, has traditionally required the cascade of up
to three consecutive SOA + filter stages, [84]. However a complete evaluation of the
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main figures of merit, including harmonic and intermodulation distortion, is missing
for cascaded structures. From now on, the experimental and numerical evaluation
for the nonlinear terms as a function of the involved SOA injection currents will be
discussed at the output of each stage.
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Fig. 13. Experimental setup to evaluate the nonlinear distortion in three cascaded optical filtering enhanced 
slow light stages. 

Fig. 13 sketches the experimental setup involving a MWP phase shifter based 
on the cascade of three PSS, where a PSS is comprised of a SOA followed by an 
optical filter as described in sub-section 2.2 of the present chapter. The setup was 
made up by a DFB-LD operating in CW and placed at 1546.5 nm. Two RF signals 
with frequencies f1 = 20 and f2 = 20.5 GHz were imprinted on the optical carrier by 
means of a MZM. A low electrical modulation index (m = 1 %) was used. The fre-
quency spacing ∆f = f2 – f1 of 0.5 GHz is representative of a typical sub-carrier mul-
tiplexing (SCM) optical fiber transmission scenario. At the EDFA output, a variable 
optical attenuator (VOA) was used again to assure the proper optical power at the 
SOA input. Both the input and the output of the EDFA and SOA were appropriately 
isolated. Three identical FBGs were employed to block the lower frequency modu-
lation sideband at the output of each stage, their transfer function is represented in 
Fig. 6. It must be taken into account that the semiconductor waveguides resorted for 
the implementation of the three PSSs, which were identically choosen, allow for a 
high wave interaction between the spectral terms along the structure, and also for 
high frequency CPO efficiency. The same currents were injected into both RSs (150 
mA). A fixed input optical power level of 1 mW was adjusted at the first PSS input 
to assure that the SOA operates under saturation regime. The phase shift control 
mechanism consisted of progressively sweeping the injection current in the first, 
second and third PSSs respectively. Particularly, the currents I1, I2 and I3 were in-
creased from 70 mA to 240 mA to achieve the desired total RF phase shift up to 
360º. Both RF power variation and phase shift of the fundamental and nonlinear 
terms were measured using a high-frequency VNA. Theoretical results have been 
carried out by the aforementioned model through similar SOA parameters as used 
in previous sub-sections. 

Figure 4.14: Experimental setup to evaluate the nonlinear distortion in three cascaded
optical filtering enhanced slow light stages.

Figure 4.14 sketches the experimental setup involving a MWP phase shifter
based on the cascade of three PSS, where a PSS is comprised of a SOA followed by
an optical filter as described in sub-section 4.2.2 of the present chapter. The setup
was made up by a DFB-LD operating in CW and placed at 1546.5 nm. Two RF
signals with frequencies f1 = 20 and f2 = 20.5 GHz were imprinted on the optical ca-
rrier by means of a MZM. A low electrical modulation index was used. At the EDFA
output, a variable optical attenuator (VOA) was used again to assure the proper opti-
cal power at the SOA input. Both the input and the output of the EDFA and SOA
were appropriately isolated. Three identical FBGs were employed to block the lower
frequency modulation sideband at the output of each stage, their transfer function
is represented in Fig. 4.9. It must be taken into account that the semiconductor
waveguides resorted for the implementation of the three PSSs, which were identically
chosen, allow for a high wave interaction between the spectral terms along the struc-
ture, and also for high frequency CPO efficiency. The same currents were injected
into both RSs (150 mA). A fixed input optical power level of 1 mW was adjusted at
the first PSS input to assure that the SOA operates under saturation regime. The
phase shift control mechanism consisted of progressively sweeping the injection cu-
rrent in the first, second and third PSSs, respectively. Particularly, the currents I1, I2
and I3 were increased from 70 mA to 240 mA to achieve the desired total RF phase
shift up to 360°. Both RF power variation and phase shift of the fundamental and
nonlinear terms were measured using a high-frequency VNA. Theoretical results have
been carried out by the aforementioned model through similar SOA parameters as
used in previous sub-sections.

Figure 4.15 illustrates the measured and calculated photodetected RF power
and phase shift for the fundamental and all the nonlinear distortion terms, as a
function of the SOA injection current. Similar behavior for all the spectral terms
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was obtained compared to distortion evaluation carried out as a function of the SOA
optical input power and for the lowest spectral separation. At the system output, the
total amount of ∼ 150° RF phase shift is achieved at the fundamental frequencies,
while ∼ 170° is obtained for the IMD3 terms. The corresponding microwave power
changes are also shown in Fig. 4.15(a). A case without EOM distortion at the SOA
input has also been considered in simulations. Only IMD3 terms have been plotted
since the rest of frequency terms shown a slightly deviation with respect to the normal
distortion case. As it is observed, when there is no distortion prior the phase shifter,
the SOA device generates the IMD3 contributions with the power dip / phase shift
transition located at similar injection currents than the fundamental terms.11    CAPÍTULO 1  
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Fig. 14 illustrates the measured and calculated photodetected RF power and 
phase shift for the fundamental and all the nonlinear distortion terms, as a function 
of the SOA injection current. Similar behavior for all the spectral terms was ob-
tained compared to distortion evaluation carried out as a function of the SOA opti-
cal input power and for the lowest spectral separation. At the system output, the 
total amount of ~ 150º RF phase shift is achieved at the fundamental frequencies, 
while ~ 170º is obtained for the IMD3 terms. The corresponding microwave power 
changes are also shown in Fig. 14 (a). A non EOM distortion case at the SOA input 
has also been considered in simulations. Only IMD3 terms have been plotted since 
the rest of frequency terms shown a slightly deviation with respect to the normal 
distortion case. As it is observed, when there is no distortion prior the phase shifter, 
the SOA device generates the IMD3 contributions with the power dip / phase shift 
transition located at similar injection currents than the fundamental terms. 
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Fig. 14 illustrates the measured and calculated photodetected RF power and 
phase shift for the fundamental and all the nonlinear distortion terms, as a function 
of the SOA injection current. Similar behavior for all the spectral terms was ob-
tained compared to distortion evaluation carried out as a function of the SOA opti-
cal input power and for the lowest spectral separation. At the system output, the 
total amount of ~ 150º RF phase shift is achieved at the fundamental frequencies, 
while ~ 170º is obtained for the IMD3 terms. The corresponding microwave power 
changes are also shown in Fig. 14 (a). A non EOM distortion case at the SOA input 
has also been considered in simulations. Only IMD3 terms have been plotted since 
the rest of frequency terms shown a slightly deviation with respect to the normal 
distortion case. As it is observed, when there is no distortion prior the phase shifter, 
the SOA device generates the IMD3 contributions with the power dip / phase shift 
transition located at similar injection currents than the fundamental terms. 
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Figure 4.15: Theoretical (lines) and experimental (markers) photodetected (a) RF
power and (b) phase shift from fundamental, HD2, IMD2, HD3 and IMD3 terms
versus the SOA injection current for f1 = 20 GHz and f2 = 20.5 GHz at the output
of the first PSS.

Figure 4.16 shows the measured RF power changes and phase shifts for the
fundamental and nonlinear terms at the output of the second PSS. It demonstrates
the ability to double the microwave phase shift by cascading two optical filtering
assisted SOAs. Initially, I2 was fixed at 70 mA and then I1 was continuously swept
from 70 mA to 240 mA, obtaining in this way an accumulative phase shift of around
100° for the fundamental terms. However, it must be noted that no power dip /
phase transition is observed for the IMD3 terms. The current dependence of the RF
phase shift is not as sharp as seen in [95]. This behavior can be attributed to the
chirp of the optical signal propagation through SOA1, first RS and SOA2, since the
magnitude of the phase shift depends strongly on the chirp when exploiting FWM
effects in combination with optical filtering [95].

Following, I2 was kept fixed at 240 mA. By increasing I1 from 70 to 240 mA,
the input optical signal into SOA1 experiences a ∼ 150° phase delay induced by SOA2,
which will be added to the phase shift imposed by SOA1. The input optical signal
into SOA2 has a similar optical spectrum since the red-shifted sideband blocked by
FBG1 is restored after the regeneration. The final RF phase delay successfully reaches
a phase shift of ∼ 270° by cascading two PSSs, which is accompanied by more than
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Fig. 14 illustrates the measured and calculated photodetected RF power and 
phase shift for the fundamental and all the nonlinear distortion terms, as a function 
of the SOA injection current. Similar behavior for all the spectral terms was ob-
tained compared to distortion evaluation carried out as a function of the SOA opti-
cal input power and for the lowest spectral separation. At the system output, the 
total amount of ~ 150º RF phase shift is achieved at the fundamental frequencies, 
while ~ 170º is obtained for the IMD3 terms. The corresponding microwave power 
changes are also shown in Fig. 14 (a). A non EOM distortion case at the SOA input 
has also been considered in simulations. Only IMD3 terms have been plotted since 
the rest of frequency terms shown a slightly deviation with respect to the normal 
distortion case. As it is observed, when there is no distortion prior the phase shifter, 
the SOA device generates the IMD3 contributions with the power dip / phase shift 
transition located at similar injection currents than the fundamental terms. 
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Fig. 14 illustrates the measured and calculated photodetected RF power and 
phase shift for the fundamental and all the nonlinear distortion terms, as a function 
of the SOA injection current. Similar behavior for all the spectral terms was ob-
tained compared to distortion evaluation carried out as a function of the SOA opti-
cal input power and for the lowest spectral separation. At the system output, the 
total amount of ~ 150º RF phase shift is achieved at the fundamental frequencies, 
while ~ 170º is obtained for the IMD3 terms. The corresponding microwave power 
changes are also shown in Fig. 14 (a). A non EOM distortion case at the SOA input 
has also been considered in simulations. Only IMD3 terms have been plotted since 
the rest of frequency terms shown a slightly deviation with respect to the normal 
distortion case. As it is observed, when there is no distortion prior the phase shifter, 
the SOA device generates the IMD3 contributions with the power dip / phase shift 
transition located at similar injection currents than the fundamental terms. 
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Fig. 15. Theoretical (lines) and experimental (markers) photodetected RF power (a) and phase shift (b) for the 
fundamental, HD2, IMD2, HD3 and IMD3 terms versus the SOA injection currents for f1=20GHz and 
f2=10.5GHz at the output of the second PSS. 
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Figure 4.16: Theoretical (lines) and experimental (markers) photodetected (a) RF
power and (b) phase shift from fundamental, HD2, IMD2, HD3 and IMD3 terms
versus the SOA injection current for f1 = 20 GHz and f2 = 20.5 GHz at the output
of the second PSS.

20 dB of power variation for the fundamental tones. A sharp phase change of ∼ 130°
is also shown for the IMD3 frequencies. The power dips seen in the right part of Fig.
4.16(a) are correlated with the sharp phase change and is caused by SOA2.

Figure 4.17 presents the measured and calculated photodetected RF power and
phase shift for the fundamental and nonlinear distortion terms, as a function of the
injection currents of SOA1, SOA2, and SOA3. At the system output, ∼ 100°, ∼ 105°,
and ∼ 190° phase delays are obtained by increasing I1, I2, and I3, respectively. In
this case, a total 395° phase shift at 20 GHz and 20.5 GHz is obtained. Since non-
linear phase shifts and large amplitude changes will be unacceptable for most MWP
applications, these characteristics, as well as its frequency response, can be optimized
by choosing different current combinations. Actually, by properly controlling all the
three currents, less than 10 dB of RF power variation is possible to obtain. It is
noticeable the high second order distortion increment at the third PSS output, while
fundamental and IMD3 terms experience a power level attenuation. It must be noted
that the third stage misalignment, concerning the Ω2−Ω1 term, is mainly due to the
nonlinear behavior of the low-band frequency filter used by the VNA.

Among this, the good agreement observed between the theoretical and the ex-
perimental results verifies the scalability of the proposed scheme. Actually, not only
the role of the five involved SOA devices have been taken into account for the theo-
retical simulations, but also the proper amplitude and phase change applied by every
notch-filter to each optical field frequency component. Additionally, the frequency
responses of the EOM, the EDFA and the photodetector have also been considered
to obtain a proper validation of the experimental results.

Despite more than 360° have been achieved by cascading three PSS, the ASE
noise could significantly reduce the carrier population, which in fact turns the rege-
neration efficiency weaker. To avoid this situation, three band-pass optical filters can
be included after each PSS in the experimental setup shown in Fig. 4.14.
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Fig. 15 shows the measured RF power changes and phase shifts or the funda-
mental and nonlinear terms at the output of the second PSS. It demonstrates the 
ability to double the microwave phase shift by cascading two optical filtering as-
sisted SOAs. Initially, I2 was fixed at 70 mA and then I1 was continuously swept 
from 70 mA to 240 mA, obtaining in this way an accumulative phase shift of 
around 100º was obtained for the fundamental terms. However, it must be noted 
that no phase transition/power dip is observed for the IMD3 terms. The current de-
pendence of the RF phase shift is not as sharp as seen in \cite{Xue2009}. This be-
havior can be attributed to the chirp of the optical signal propagation through SOA1, 
first RS and SOA2, since the magnitude of the phase shift strongly depends on the 
chirp when exploiting FWM effects in combination with optical filtering 
\cite{Xue2009}. 

Following, I2 was kept fixed at 240 mA. By increasing I1 from 70 to 240 mA, 
the input optical signal into SOA1 experiences a ~ 150° phase delay induced by 
SOA2, which will be added to the phase shift imposed by SOA1. The input optical 
signal into SOA2 has a similar optical spectrum since the red-shifted sideband 
blocked by FBG1 is restored after the regeneration. The final RF phase delay success-
fully reaches a phase shift of ~ 270° by cascading two PSSs, which is accompanied by 
more than 20 dB of power variation for the fundamental tones. A sharp phase change of 
~ 130º is also shown for the IMD3 frequencies. The power dips seen in the right part of 
Fig. 15(a) are correlated with the sharp phase change and is caused by SOA2. 
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Fig. 16 presents the measured and calculated photodetected RF power and 
phase shift for the fundamental and nonlinear distortion terms, as a function of the 
injection currents of SOA1, SOA2, and SOA3. At the system output, ~ 100º, ~ 105º, 
and ~ 190º phase delays are obtained by increasing I1, I2, and I3, respectively. In this 
case, a total 395º phase shift at 20 GHz and 20.5 GHz is obtained. Since nonlinear 
phase shifts and large amplitude changes will be unacceptable for most MWP ap-
plications, these characteristics, as well as its frequency response, can be optimized 
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Fig. 16 presents the measured and calculated photodetected RF power and 
phase shift for the fundamental and nonlinear distortion terms, as a function of the 
injection currents of SOA1, SOA2, and SOA3. At the system output, ~ 100º, ~ 105º, 
and ~ 190º phase delays are obtained by increasing I1, I2, and I3, respectively. In this 
case, a total 395º phase shift at 20 GHz and 20.5 GHz is obtained. Since nonlinear 
phase shifts and large amplitude changes will be unacceptable for most MWP ap-
plications, these characteristics, as well as its frequency response, can be optimized 
by choosing different current combinations. Actually, by properly controlling all the 

(b)

Figure 4.17: Theoretical (lines) and experimental (markers) photodetected (a) RF
power and (b) phase shift from fundamental, HD2, IMD2, HD3 and IMD3 terms
versus the SOA injection current for f1 = 20 GHz and f2 = 20.5 GHz at the output
of the third PSS.

4.4.2.2 Theoretical evaluation of the phase shifter vs. the modulating
frequency

Targeting the evaluation of the nonlinear distortion influence on the frequency res-
ponse, several simulations of the 360° phase shifter, comprising up to three PSSs, have
been performed. Applications in MWP, such as filters, request broadband operation
with a nearly constant RF power and phase shifts. The simulation results are capa-
ble of theoretically demonstrating the scalability of the phase shifting enhancement
over a bandwidth of several tens of GHz. This feature becomes difficult to achieve in
commercial microwave phase shifters or even in those based on other SFL approaches.
Same values chosen for the proper adjustment of the theoretical and experimental re-
sults carried out in the previous section have been now applied for the analysis of the
frequency response performance.

The frequency response of the photodetected RF power and phase shift from
every fundamental tone, HD2, IMD2 and IMD3 at the first PSS output and for a low
modulation index is plotted in Fig. 4.18. It must be taken into account that every
photodetected power and microwave phase shift curve has been plotted in terms of a
common frequency. This is a generalized practice in the evaluation of the amplitudes
and electrical powers of nonlinear RF terms. Both the RF power and phase shift have
been calculated for the maximum (Imax = 240 mA) relative to the minimum current
(Imin = 70 mA) used in the previous experiment.

A different spectral behavior is observed when comparing both fundamental
signals with the rest of oscillating terms. When filtering the red-shifted frequency
component, a maximum phase shift transition of around 160 degrees is obtained as
expected for the tones at Ω1 and Ω2. This phase shift slope occurs at frequencies
below a linear relation between the carrier lifetime τs and the linewidth enhancement
factor α [93], while for higher frequencies the SOA pure amplification phenomenon
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ticeable the high second order distortion increment at the third PSS output, while 
fundamental and IMD3 terms experience a power level attenuation. It must be noted 
that the third stage misalignment, concerning the Ω2-Ω1 term, is mainly due to the 
nonlinear behavior of the low-band frequency filter used by the VNA.  

Among this, the good agreement observed between the theoretical and the ex-
perimental results verifies the scalability of the proposed scheme. Actually, not only 
the role of the five involved SOA devices have been taken into account for the theo-
retical simulations, but also the proper amplitude and phase change applied by eve-
ry notch-filter to each optical field frequency component. Additionally, the frequen-
cy responses of the EOM, the EDFA and the photodetector have also been consid-
ered to obtain a proper validation of the experimental results. 

Despite more than 360º have been achieved by cascading three PSS, the Am-
plified Spontaneous Emission (ASE) could significantly reduce the carrier popula-
tion, which in fact turns the regeneration efficiency weaker. To avoid this situation, 
three band-pass optical filters can be included after each PSS in the experimental 
set-up shown in Fig. 13. 

3.4 Theoretical evaluation of the MWP phase shifter frequency response. 

Targeting the evaluation of the nonlinear distortion influence on the frequency re-
sponse, several simulations of the 360º phase shifter, comprising up to three PSSs, 
have been performed. The simulation results are capable of theoretically demon-
strating the scalability phase shifting enhancement over a bandwidth of several tens 
of GHz. This feature becomes difficult to achieve in commercial microwave phase 
shifters or even in those based on other SFL approaches. Same values chosen for 
the proper adjustment of the theoretical and experimental results carried out in the 
previous section have been now applied for the analysis of the frequency response 
performance. 
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Fig. 17. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the first PSS for the maximum current and m=0.01. 
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Fig. 17. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
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Figure 4.18: Calculated (a) RF power and (b) phase shift as a function of the mi-
crowave frequency from fundamental, HD2, IMD2, HD3 and IMD3 terms at the output
of the first PSS when m = 0.01.

dominates. For the fundamental tones, the power dip occurs where the signal is suf-
fering a transition between these two regimes, being the one due to amplification in
phase with the incident beat-note, while the CPO effect is in anti phase. However,
in the case of HD and IMD2 they mainly experience a low-pass frequency response,
with no sharp transition in their respective phase shifts, in concordance with the
results presented as a function of either the SOA injection current or input optical
power. The IMD3 frequency response is characterized by the same power dip / phase
transition observed for the fundamental tones. The sharp phase shift transition, that
characterizes the components at 2Ω1 −Ω2 and 2Ω2 −Ω1, reaches a remarkable maxi-
mum value of around 170°. Nonetheless, since lower injection currents are requested
to perform the phase shift transition, as it is shown previously, the spectral bandwidth
becomes higher than the fundamental frequencies.

The same results but for very high electrical modulation index are illustrated
in Fig. 4.19. As expected, the RF phase shift performance is degraded since for very
high m values there exists a non-negligible interaction between the fundamental and
the different nonlinear contributions within the SOA, which consequently leads to
important power and phase fluctuations. As it is shown, the nonlinear degradation
turns higher at lower frequencies, since the higher the frequency, the lower the CPO
efficiency becomes. It should be stressed that despite the above results correspond
to large RF signal transmission, the application of the SOA device as a MWP linear
phase shifting element must be considered under small signal regime.

Figure 4.20 illustrates the RF phase shift calculated values for different mo-
dulation indexes as a function of the microwave frequency. As it is observed, by
increasing the electrical modulation index both the maximum achievable phase shift
and linearity decay. For low modulation indexes, a quasi-linear behavior over almost
20 GHz is obtained; also more than 150° can be achieved up to 50 GHz, while less than
130° is obtained for higher modulation indexes. Better results can be accomplished by
further increasing either the SOA injection current or the input optical power. Since
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the phase shifter degradation can even, if required, be counteracted, an approach
without EOM distortion has been considered in simulations. As it is shown, when
distortion does not appear at the SOA input the phase shifter performance becomes
improved. Actually, it turns difficult to get an EOM with no distortion generation,
so in reality, it can be carried out by properly filtering the high-order harmonics
and intermodulation products at the SOA input (band-pass filter). Furthermore, the
same approach can be accomplished by filtering them after the SOA propagation sim-
ply modifying the selective notch filter that is required for assuring the MWP phase
shifter functionality, as described in sub-section 4.4.1.1

CAPÍTULO 1  14 

The frequency response of the photodetected RF power and phase shift from 
every fundamental tone, HD2, IMD2 and IMD3 at the first PSS output and for 
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(Imin=70) used in the previous experiment. 
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component, a maximum phase shift transition of around 160 degrees is obtained as 
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Fig. 18. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the first PSS for the maximum current and m=0.5. 

The same results but for very high electrical modulation index (m=0.5) are il-
lustrated in Fig 18. As expected, the RF phase shift performance is degraded since 
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Fig. 18. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the first PSS for the maximum current and m=0.5. 

The same results but for very high electrical modulation index (m=0.5) are il-
lustrated in Fig 18. As expected, the RF phase shift performance is degraded since 
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Figure 4.19: Calculated (a) RF power and (b) phase shift as a function of the mi-
crowave frequency from fundamental, HD2, IMD2, HD3 and IMD3 terms at the output
of the first PSS when m = 0.5.
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for very high m values there exists a non-negligible interaction between the funda-
mental and the different nonlinear contributions within the SOA, which consequent-
ly leads to important power and phase fluctuations. As it is shown, the nonlinear 
degradation turns higher at lower frequencies, since the higher the frequency, the 
lower the CPO efficiency becomes. It should be stressed that despite the above 
results correspond to large RF signal transmission, the application of the SOA de-
vice as a MWP linear phase shifting element must be considered under small signal 
regime.  
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Fig. 19. Calculated  RF phase shift as a function of both the microwave frequency and electrical modulation index 
from the fundamental term at the output of the first PSS. 

Fig. 19 illustrates the RF phase shift calculated values for different modulation 
indexes as a function of the microwave frequency. As it is observed, by increasing 
the electrical modulation index both the maximum achievable phase shift and line-
arity decay. For low modulation indexes, a quasi-linear behavior over almost 20 
GHz is obtained; also more than 150º can be achieved up to 50 GHz, while less than 
130º is obtained for higher modulation indexes. Better results can be accomplished 
by further increasing either the SOA injection current or the input optical power. 
Since the phase shifter degradation can even, if required, be counteracted, a non 
EOM distortion approach has been considered in simulations. As it is shown, when 
distortion does not appear at the SOA input the phase shifter performance becomes 
improved. Actually, it turns difficult to get an EOM with no distortion generation, 
so in reality, it can be carried out by properly filtering the high-order harmonics and 
intermodulation products at the SOA input (band-pass filter). Furthermore, the same 
approach can be accomplished by filtering them after the SOA propagation simply 
modifying the selective notch filter that is required for assuring the MWP phase 
shifter functionality, as described in sub-section 3.1 

Figure 4.20: Calculated RF phase shift as a function of both the microwave frequency
and electrical modulation index from the fundamental term at the output of the first
PSS.

The frequency plots in Fig. 4.21 show the calculated RF power and phase shift
from every fundamental tone, HD2, IMD2 and IMD3 at the output of the second PSS.
As expected, the two power notches are correlated with the two phase shift transitions
for the fundamental frequencies. ∼ 290° of maximum phase shift is obtained at the
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neighboring frequencies of 20 GHz. Compared with one PSS, higher injection currents
are requested to achieve the maximum phase value, which means less operational
bandwidth. While IMD3 terms address a similar behavior than the fundamental
ones, less phase shift is obtained. In addition, the second notch is not observed at
power curves since it occurs at further frequencies. It is important to mention that
the spectral bandwidth of the notch-type filter used to block the red-shifted sideband,
has not been taken into account in these simulations. Actually, the filter used for the
experimental validation was characterized by a 10 GHz bandwidth. This means, not
only a limited instantaneous bandwidth but also low frequency restrictions since the
optical carrier must not be influenced by the filter.CAPÍTULO 1  16 
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Fig. 20. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the second PSS for the maximum current and 
m=0.01. 

The frequency plots in Fig. 20 show the calculated RF power and phase shift 
from every fundamental tone, HD2, IMD2 and IMD3 at the output of the second 
PSS. As expected, the two power notches are correlated with the two phase shift 
transitions for the fundamental frequencies. ~ 290º of maximum phase shift is ob-
tained at the neighboring frequencies of 20 GHz. Compared with one PSS, higher 
injection currents are requested to achieve the maximum phase value, which means 
less operational bandwidth. While IMD3 terms address a similar behavior than the 
fundamental ones, less phase shift is obtained. In addition, the second notch is not 
observed at power curves since it occurs at further frequencies. It is important to 
mention that the spectral bandwidth of the notch-type filter used to block the red-
shifted sideband, has not been taken into account in these simulations.  Actually, the 
filter used for the experimental validation was characterized by a 10 GHz -3dB 
bandwidth. This means, not only a limited instantaneous bandwidth but also low 
frequency restrictions since the optical carrier must not be influenced by the filter.  
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Fig. 21. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the third PSS for the maximum current and m=0.01. 
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Fig. 20. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the second PSS for the maximum current and 
m=0.01. 

The frequency plots in Fig. 20 show the calculated RF power and phase shift 
from every fundamental tone, HD2, IMD2 and IMD3 at the output of the second 
PSS. As expected, the two power notches are correlated with the two phase shift 
transitions for the fundamental frequencies. ~ 290º of maximum phase shift is ob-
tained at the neighboring frequencies of 20 GHz. Compared with one PSS, higher 
injection currents are requested to achieve the maximum phase value, which means 
less operational bandwidth. While IMD3 terms address a similar behavior than the 
fundamental ones, less phase shift is obtained. In addition, the second notch is not 
observed at power curves since it occurs at further frequencies. It is important to 
mention that the spectral bandwidth of the notch-type filter used to block the red-
shifted sideband, has not been taken into account in these simulations.  Actually, the 
filter used for the experimental validation was characterized by a 10 GHz -3dB 
bandwidth. This means, not only a limited instantaneous bandwidth but also low 
frequency restrictions since the optical carrier must not be influenced by the filter.  
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Fig. 21. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the third PSS for the maximum current and m=0.01. 

(b)

Figure 4.21: Calculated (a) RF power and (b) phase shift as a function of the mi-
crowave frequency from fundamental, HD2, IMD2, HD3 and IMD3 terms at the output
of the second PSS when m = 0.01.

Finally, the same frequency evaluation has been carried out when considering
the whole three-PPS-based phase shifter. As it can be seen in in Fig. 4.22 a maximum
phase shift value higher than 360° is achieved for the fundamental terms. As occurred
for two PSSs, the higher the current needed to obtain the phase shift, the lower the
operational frequency and bandwidth become. It is remarkable that only two notches
are illustrated in the power plot although three were expected instead. Probably,
a small third notch would appear at higher frequencies. Despite the harmonic and
intermodulation distortions follow the same behavior that for previous stages, its
noticeable in this case the higher power increasing of these terms compared with the
fundamental tones.

For the SOA comprising each PSS and RS, as the microwave frequency in-
creases, the phase shift generation and sideband regeneration efficiency will decrease.
Dotted curves represent the calculated RF power and phase shift from the funda-
mental tones when the maximum injection current of all the three SOAs is further
increased from 240 mA to 300 mA. As expected, not only the central frequency in-
creases, but also the operational bandwidth where the maximum phase shift takes
place. Compared with the 240 mA case, lower phase shifts are obtained at lower fre-
quencies since once achieved maximum phase shift, increasing the injection currents
turns detrimental due to saturation effects.
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Fig. 20. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the second PSS for the maximum current and 
m=0.01. 

The frequency plots in Fig. 20 show the calculated RF power and phase shift 
from every fundamental tone, HD2, IMD2 and IMD3 at the output of the second 
PSS. As expected, the two power notches are correlated with the two phase shift 
transitions for the fundamental frequencies. ~ 290º of maximum phase shift is ob-
tained at the neighboring frequencies of 20 GHz. Compared with one PSS, higher 
injection currents are requested to achieve the maximum phase value, which means 
less operational bandwidth. While IMD3 terms address a similar behavior than the 
fundamental ones, less phase shift is obtained. In addition, the second notch is not 
observed at power curves since it occurs at further frequencies. It is important to 
mention that the spectral bandwidth of the notch-type filter used to block the red-
shifted sideband, has not been taken into account in these simulations.  Actually, the 
filter used for the experimental validation was characterized by a 10 GHz -3dB 
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mental, HD2, IMD2, HD3 and IMD3 terms at the output of the third PSS for the maximum current and m=0.01. 
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Fig. 20. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
mental, HD2, IMD2, HD3 and IMD3 terms at the output of the second PSS for the maximum current and 
m=0.01. 

The frequency plots in Fig. 20 show the calculated RF power and phase shift 
from every fundamental tone, HD2, IMD2 and IMD3 at the output of the second 
PSS. As expected, the two power notches are correlated with the two phase shift 
transitions for the fundamental frequencies. ~ 290º of maximum phase shift is ob-
tained at the neighboring frequencies of 20 GHz. Compared with one PSS, higher 
injection currents are requested to achieve the maximum phase value, which means 
less operational bandwidth. While IMD3 terms address a similar behavior than the 
fundamental ones, less phase shift is obtained. In addition, the second notch is not 
observed at power curves since it occurs at further frequencies. It is important to 
mention that the spectral bandwidth of the notch-type filter used to block the red-
shifted sideband, has not been taken into account in these simulations.  Actually, the 
filter used for the experimental validation was characterized by a 10 GHz -3dB 
bandwidth. This means, not only a limited instantaneous bandwidth but also low 
frequency restrictions since the optical carrier must not be influenced by the filter.  
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Fig. 21. Calculated  RF  power (a) and phase shift (b) as a function of the microwave frequency from the funda-
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(b)

Figure 4.22: Calculated (a) RF power and (b) phase shift as a function of the mi-
crowave frequency from fundamental, HD2, IMD2, HD3 and IMD3 terms at the output
of the third PSS when m = 0.01.

4.5 Figures of merit for cascaded SOA-based phase
shifter structures

With the objective of properly comparing the performance of MWP phase shifters
implemented with different SFL technologies, a set of different Figures of Merit (FOM)
must be analyzed. In this sense, the performance of the previously demonstrated
cascaded-SOA-based full phase shifter will be evaluated in terms of the following
well-known FOMs: the radiofrequency link gain (GRF ), the noise figure (NF) and
the spurious free dynamic range (SFDR), [102]. Their characterization, which will
require the built up of the experimental setup previously sketched in Fig. 4.14, will
be accomplished in the phase shifter operation region governed by the combination
of the three SOA injection currents.

The linear end-to-end RF gain (or loss) of a general MWP link is defined as
the ratio of the RF power (at the modulating angular frequency Ω), delivered to a
matched load at the photodetector output, to the available RF power at the input
(at the same angular frequency Ω).

On the other hand, the degradation experienced by the microwave signal due
to the existing noise sources will be accomplished by evaluating the noise figure pa-
rameter. In the present section, the laser noise contribution, the input and output
thermal noises, the phase noise of the RF synthesizer, the shot noise as well as the
amplified emission noise generated by the EDFA and all the five SOAs will be taken
into account.

Finally, for the dynamic range evaluation, a common figure of merit will be
resorted, the SFDR. It is widely employed to simultaneously characterize the linearity
and noise characteristics of microwave devices, analogue-to-digital converters and opti-
cal devices such as laser diodes and external modulators [102–104]. It must be noted
that the nonlinearity introduced by both the external electrooptic modulator and
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optical processing stage can increase the nonlinear distortion affecting the SOA-based
phase shifter, [98].

4.5.1 RF net gain evaluation

The RF net gain of a MWP link can be defined as the ratio between the RF power
delivered at the detector output and the available RF power at the modulation device
input,

GRF ≡ 10 log

(
PRF |out
PRF |in

)
. (4.27)

In addition, the input RF power can be expressed as a function of the modu-
lation index (m), the quadrature voltage (Vπ) and the RF generator impedance (Z0)
as

PRF |in =
VRF

2

Zo
=

(mVπ/π)
2

Zo
. (4.28)

Figure 4.23 reports the RF net gain as a function of the three PSS injection
currents at the modulating frequency of 20 GHz (f1). It is important to mention that
the RF net gain keeps unaltered over a broad spectral bandwidth. Both measured
(markers) and calculated (lines) results are illustrated showing good agreement. A
common input power level of -15 dBm was obtained placing the photodetector at the
input of the phase shifter. The results for the photodetected RF power, illustrated in
the previous section, have been used to accomplish all the gain curves.

As it is clearly observed, the RF gain follows exactly the same behavior than
the RF power at the output of each PSS, since the input RF power level does not
depends on the injection current. The low RF gain values, especially for the third
PSS, are mainly due to the saturation effects present in all the SOAs as well as the
sideband suppression caused by the FBG. However, it can be improved by using
amplification before photodetection.

On the other hand, the observed RF power variation within the phase shift
tuning range represents a serious constraint to be considered. In particular, an RF
power variation around 10 dB is obtained at the output of the third PSS. This fact
could limit the assembling of this cascaded-SOA-based approach in real MWP appli-
cations.

The average RF net gain evolution as a function of the number of cascaded
PSS is shown in Fig. 4.24. Average gain levels around 2 dB, -5 dB and -17 dB are
obtained for the first, second and third PSS, respectively. It is important to notice
that the large gain degradation, caused by further increasing from two to three PSSs,
is due to the fact that the ASE noise accumulation at the input of the third PSS
highly saturates the last stage.

Poor metrics performance can hamper the practical assembling in current
applications. For this purpose, recommendations aiming at enhancing the perfor-
mance of such an approach must be conveniently derived.
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Figure 22 reports the RF net gain as a function of the three PSS injection cur-
rents at the modulating frequency of 20GHz (f1). It is important to mention that the 
RF net gain keeps unaltered over a broad spectral bandwidth. Both measured 
(markers) and calculated (lines) results are illustrated showing good agreement. A 
common input power level of -15 dBm was obtained placing the photodetector at 
the input of the phase shifter. The results for the photodetected RF power, illustrat-
ed in the previous section, have been used to accomplish all the gain curves.  
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On the other hand, the observed RF power variation within the phase shift tun-
ing range represents a serious constraint to be considered. In particular, an RF pow-
er variation around 10 dB is obtained at the output of the third PSS. This fact could 
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currents at the output of the first (a), second (b) and third (c) PSS. 
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Figure 22 reports the RF net gain as a function of the three PSS injection cur-
rents at the modulating frequency of 20GHz (f1). It is important to mention that the 
RF net gain keeps unaltered over a broad spectral bandwidth. Both measured 
(markers) and calculated (lines) results are illustrated showing good agreement. A 
common input power level of -15 dBm was obtained placing the photodetector at 
the input of the phase shifter. The results for the photodetected RF power, illustrat-
ed in the previous section, have been used to accomplish all the gain curves.  

 As it is clearly observed, the RF gain follows exactly the same behavior than 
the RF power at the output of each PSS, since the input RF power level does not 
depends on the injection current. The low RF gain values, especially for the third 
PSS, are mainly due to the saturation effects present in all the SOAs as well as the 
sideband suppression caused by the FBG. However, it can be improved by using 
amplification before photodetection.  

On the other hand, the observed RF power variation within the phase shift tun-
ing range represents a serious constraint to be considered. In particular, an RF pow-
er variation around 10 dB is obtained at the output of the third PSS. This fact could 
limit the assembling of this cascaded-SOA-based approach in real MWP applica-
tions. 
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Figure 22 reports the RF net gain as a function of the three PSS injection cur-
rents at the modulating frequency of 20GHz (f1). It is important to mention that the 
RF net gain keeps unaltered over a broad spectral bandwidth. Both measured 
(markers) and calculated (lines) results are illustrated showing good agreement. A 
common input power level of -15 dBm was obtained placing the photodetector at 
the input of the phase shifter. The results for the photodetected RF power, illustrat-
ed in the previous section, have been used to accomplish all the gain curves.  

 As it is clearly observed, the RF gain follows exactly the same behavior than 
the RF power at the output of each PSS, since the input RF power level does not 
depends on the injection current. The low RF gain values, especially for the third 
PSS, are mainly due to the saturation effects present in all the SOAs as well as the 
sideband suppression caused by the FBG. However, it can be improved by using 
amplification before photodetection.  

On the other hand, the observed RF power variation within the phase shift tun-
ing range represents a serious constraint to be considered. In particular, an RF pow-
er variation around 10 dB is obtained at the output of the third PSS. This fact could 
limit the assembling of this cascaded-SOA-based approach in real MWP applica-
tions. 
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Fig. 22. Theoretical (solid lines) and experimental (markers) RF net gain as a function of the SOA injection 
currents at the output of the first (a), second (b) and third (c) PSS. 

The average RF net gain evolution as a function of the number of cascaded 
PSS is shown in Fig. 23. Average gain levels around 2 dB, -5 dB and -17 dB are 
obtained for the first, second and third PSS respectively. It is important to notice 
that the large gain degradation, caused by further increasing from two to three PSSs, 
is due to the fact that the ASE noise accumulation at the input of the third PSS high-
ly saturates the last stage. 
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Figure 4.23: Theoretical (solid curves) and experimental (markers) RF net gain as a
function of the SOA injection currents at the output of the (a) first, (b) second and
(c) third PSS.3    CAPÍTULO 1  
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Fig. 23. Average RF gain as a function of the stage output. 

Poor metrics performance can hamper the practical assembling in current ap-
plications. For this purpose, recommendations aiming at enhancing the performance 
of such an approach must be conveniently derived. 

As already mentioned, the RF net gain can be improved by using amplification. 
Nonetheless, the RF output power variation is determined by the underlying physics 
of the CPO phenomenon accompanied by optical filtering. The phase shift slopes 
abruptness depends on the saturation status of all the SOAs and the degree of filter-
ing of the lower frequency modulation sideband \cite{Chen2008}. By adjusting the 
polarization state of the optical signal at each SOA input, the CPO efficiency can be 
controlled. This allows obtaining less deep RF power dips and consequently more 
relaxed linear behavior of the phase shift. As suspected, this fact would reduce the 
total RF power variation and therefore the NF peaks would also become lower.  

4.2 Noise figure evaluation 

As previously stated, the evaluation of the signal degradation in MWP links attend-
ing to the system added noise sources will require the analysis of the NF parameter 
\cite{Xue2010}. NF is defined as the ratio of the signal-to-noise ratio at the input, 
SNRin, to the signal-to-noise ratio at the output, SNRout, while the SNR can be de-
fined as the ratio between the RF power and the noise power level. 

10log 10log .RF noisein in in

out RF noiseout out

P PSNR
NF

SNR P P

  
         

 
 

(27) 

In such a cascaded structure (Fig. 13), several noise sources contribute to the 
total output noise level. In particular, the relative intensity noise (RIN), the phase 
noise of the RF synthesizer, the amplified emission noise generated by the EDFA 
and all the five SOAs and the thermal and shot noises added by the detector, 

 2 2 2 2 210 log .
phasenoise RIN RF ASE Thermal ShotP            (28)

Under typical real-application conditions, the term which mostly contributes to 
the total output noise is the RIN at the SOA output \cite{Duill2010}. The SOA 
gain, which is in this case saturated, has important implications on the ASE noise 
generation \cite{Shtaif1996}.  

Figure 4.24: Average RF gain as a function of the stage output.

As already mentioned, the RF net gain can be improved by using amplification.
Nonetheless, the RF output power variation is determined by the underlying physics
of the CPO phenomenon accompanied by optical filtering. The phase shift slopes
abruptness depends on the saturation status of all the SOAs and the degree of filtering
of the lower frequency modulation sideband [94]. By adjusting the polarization state of
the optical signal at each SOA input, the CPO efficiency can be controlled. This allows
obtaining less deep RF power dips and consequently more relaxed linear behavior of
the phase shift. As suspected, this fact would reduce the total RF power variation
and therefore the NF peaks would also become lower.
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4.5.2 Noise figure evaluation

As previously stated, the evaluation of the signal degradation in MWP links attending
to the system added noise sources will require the analysis of the NF parameter [84].
NF is defined as the ratio of the signal-to-noise ratio at the input, SNRin, to the
signal-to-noise ratio at the output, SNRout, while the SNR can be defined as the ratio
between the RF power and the noise power level.

NF ≡ 10 log

(
SNRin
SNRout

)
= 10 log

(
PRF |in/Pnoise|in
PRF |out/Pnoise|out

)
. (4.29)

In such a cascaded structure (Fig. 4.14), several noise sources contribute to the
total output noise level. In particular, the relative intensity noise of the laser (RIN),
the phase noise of the RF synthesizer, the ASE noise generated by the amplifiers, the
ASE and signal beat noise the thermal and shot noise.

Pnoise = 10 log
(
σ2
RIN + σ2

RFphase
+ σ2

ASE−ASE + σ2
ASE−Signal + σ2

Thermal + σ2
Shot

)
.

(4.30)

Under typical real-application conditions, the term which mostly contributes
to the total output noise is the ASE added by the SOAs [105].It is relevant to mention
that the SOA gain has important implications on the ASE noise generation [106].

To characterize the dependence of the NF as a function of the injection current
applied to each SOA, both the RF signal and noise levels must be obtained. These
levels were measured at each PSS output to also characterize the impact of serially
cascading stages on the noise performance.
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lines) and output (markers) (a), SNR and NF (b) as a function of the first and second PSS injection currents. 

(a)

CAPÍTULO 1  4 

To characterize the dependence of the NF as a function of the injection current 
applied to each SOA, both the RF signal and noise levels must be obtained. These 
levels were measured at each PSS output to also characterize the impact of serially 
cascading stages on the noise performance.  

20

25

30

35

40

45

50

S
N

R
ou

t (
d

B
)

70 104 138 172 206 240
0

5

10

15

20

25

30

N
F

 (
d

B
)

 70 104 138 172 206 240
-70

-60

-50

-40

-30

-20

-10

0

R
F

 p
o

w
e

r 
(d

B
m

)

Noise floor at 100 MHz BW (input)

Noise floor at 100MHz BW (output)

1
 (output)

1
 (input)

 I
1
 (mA)   I

1
(mA)  

 (a)      (b) 
Fig. 24. Theoretical (solid lines) and experimental (markers) RF power and noise level at the input (dashed 
lines) and output (markers) (a), SNR and NF (b) as a function of the first PSS injection current. 

0

5

10

15

20

25

30

35

40

S
N

R
ou

t (
d

B
)

70 127 183 240 / 70 127 183 240
0

5

10

15

20

25

30

35

40

N
F

 (
d

B
)

 70 127 183 240 / 70 127 183 240
-70

-60

-50

-40

-30

-20

-10

0

R
F

 p
o

w
e

r 
(d

B
m

)

Noise floor at 100 MHz BW (input)

1
 (output)

1
 (input)

Noise floor at 100MHz BW (output)

 I
1
 (mA)    |   I

2
 (mA)   I

1
 (mA)    |   I

2
(mA)  

 
(a)      (b) 

Fig. 25. Theoretical (solid lines) and experimental (markers) RF power and noise level at the input (dashed 
lines) and output (markers) (a), SNR and NF (b) as a function of the first and second PSS injection currents. 

(b)

Figure 4.25: Theoretical (solid curves) and experimental (markers) (a) RF power and
noise level at the input (dashed curves) and output (markers), (b) SNR and NF as a
function of the first PSS injection current.



88 4.5. Figures of merit for cascaded SOA-based phase shifter structures

Figure 4.25(a) illustrates the RF power and noise levels as a function of the
SOA injection current at the input and output of the first PSS. An average RF power
level of 13 dB is obtained. As it is observed, the noise increases according to the
current I1, specifically a noise degradation by more than 10 dB is obtained from 70
mA to 240 mA. The system bandwidth for noise integration purposes was 100 MHz.
On the other hand, the evolution of the output SNR and final NF is shown on the
right (Fig. 4.25(b)). The output SNR behavior mainly follows the RF output power
showing a dip at the current where the maximum phase variation takes place. In
average, an output SNR level of ∼ 40 dB is reached, while ∼ 48 dB of SNR has
been obtained at the system input. It is important to remark that the SNRin keeps
unaltered as a function of the phase shifting control mechanism. As expected, the
minimum in the SNRout corresponds to the maximum level of NF. In general terms,
the NF is characterized by the SNRout complementary behavior. It must be noted
that NF upper level of 20 dB is reached, while its average level turns around 8 dB.
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cascading stages on the noise performance.  

20

25

30

35

40

45

50

S
N

R
ou

t (
d

B
)

70 104 138 172 206 240
0

5

10

15

20

25

30

N
F

 (
d

B
)

 70 104 138 172 206 240
-70

-60

-50

-40

-30

-20

-10

0

R
F

 p
o

w
e

r 
(d

B
m

)

Noise floor at 100 MHz BW (input)

Noise floor at 100MHz BW (output)

1
 (output)

1
 (input)

 I
1
 (mA)   I

1
(mA)  

 (a)      (b) 
Fig. 24. Theoretical (solid lines) and experimental (markers) RF power and noise level at the input (dashed 
lines) and output (markers) (a), SNR and NF (b) as a function of the first PSS injection current. 
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Fig. 25. Theoretical (solid lines) and experimental (markers) RF power and noise level at the input (dashed 
lines) and output (markers) (a), SNR and NF (b) as a function of the first and second PSS injection currents. 

(b)

Figure 4.26: Theoretical (solid curves) and experimental (markers) (a) RF power and
noise level at the input (dashed curves) and output (markers), (b) SNR and NF as a
function of the first and second PSS injection currents.

Figure 4.26(a) depicts the RF power and noise levels at the system input and
second PSS output, while both the output SNR and NF are illustrated in Fig. 4.26(b).
In this case, as expected, two SNR notches matching the maxima phase changes
accomplished in both PSSs, respectively, can be observed. Since the saturation regime
is different in both SOAs, different depth dips are obtained. In average, an output
SNR level of around 32 dB is reached. This means an SNR degradation of 8 dB
regarding the case in which a single PSS is implemented. The minimum value of the
SNR is lowered until 21 dB. This value again corresponds to the upper limit of the
NF, which in this case goes up to 26 dB. In average, a NF level of approximately 16
dB is obtained.

An interesting behavior can be observed in Fig. 4.27(a), since the noise power
level remains constant for the two initial PSSs while, by increasing the third PSS
injection current, the noise level increases accordingly. When taking into account three
PSSs, an output SNR experiencing three smooth notches is obtained, as illustrated
in Fig. 4.27(b). On average, the SNR level centers at 18 dB, which means a 14 dB
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degradation regarding the two PSSs based implementation. The minimum SNR level
is 9 dB, which corresponds to the maximum value of the NF. Now, this maximum
level rises up to 37 dB, while getting an average value of about 30 dB.5    CAPÍTULO 1  
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Fig. 26. Theoretical (solid lines) and experimental (markers) RF power and noise level at the input (dashed 
lines) and output (markers) (a), SNR and NF (b) as a function of the first, second and third PSS injection 
currents. 

Figure 24(a) illustrates the RF power and noise levels as a function of the SOA 
injection current at the input and output of the first PSS. An average RF power level 
of 13 dB is obtained. As it is observed, the noise increases according to the current 
I1, specifically a noise degradation by more than 10 dB is obtained from 70 mA to 
240 mA. The system bandwidth for noise integration purposes was 100 MHz. On 
the other hand, the evolution of the output SNR and final NF is shown on the right 
(Fig. 24 (b)).The output SNR behavior mainly follows the RF output power show-
ing a dip at the current where the phase slope takes place. In average, an output 
SNR level of ~ 40 dB is reached, while ~ 48 dB of SNR has been obtained at the 
system input. It is important to remark that the SNRin keeps unaltered as a function 
of the phase shifting control mechanism. As expected, the minimum in the SNRout 

corresponds to the maximum level of NF. In general terms, the NF is characterized 
by the SNRout complementary behavior. It must be noted that NF upper level of 20 
dB is reached, while its average level turns around 8 dB. 

Figure 25(a) depicts the RF power and noise levels at the system input and se-
cond PSS output, while both the output SNR and NF are illustrated in Fig. 25(b). In 
this case, as expected, two SNR notches corresponding to both phase slopes, carried 
out in both PSSs respectively, can be observed. Since the saturation regime is dif-
ferent in both SOAs, different depth dips are obtained. In average, an output SNR 
level of around 32 dB is reached. This means an SNR degradation of 8 dB regard-
ing the case in which a single PSS is implemented. The minimum value of the SNR 
is lowered until 21 dB. This value again corresponds to the upper limit of the NF, 
which in this case goes up to 26 dB. In average, a NF level of approximately 16 dB 
is obtained. 

An interesting noise behavior can be observed in Fig. 26(a), since its power 
level keeps constant for the two initial PSSs while, by increasing the third PSS in-
jection current, the noise level increases accordingly. When taking into account 
three PSSs, an output SNR experiencing three smooth notches is obtained, as illus-
trated in Fig. 26(b). In average, the SNR level centers at 18 dB, which means a 14 
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Fig. 26. Theoretical (solid lines) and experimental (markers) RF power and noise level at the input (dashed 
lines) and output (markers) (a), SNR and NF (b) as a function of the first, second and third PSS injection 
currents. 

Figure 24(a) illustrates the RF power and noise levels as a function of the SOA 
injection current at the input and output of the first PSS. An average RF power level 
of 13 dB is obtained. As it is observed, the noise increases according to the current 
I1, specifically a noise degradation by more than 10 dB is obtained from 70 mA to 
240 mA. The system bandwidth for noise integration purposes was 100 MHz. On 
the other hand, the evolution of the output SNR and final NF is shown on the right 
(Fig. 24 (b)).The output SNR behavior mainly follows the RF output power show-
ing a dip at the current where the phase slope takes place. In average, an output 
SNR level of ~ 40 dB is reached, while ~ 48 dB of SNR has been obtained at the 
system input. It is important to remark that the SNRin keeps unaltered as a function 
of the phase shifting control mechanism. As expected, the minimum in the SNRout 

corresponds to the maximum level of NF. In general terms, the NF is characterized 
by the SNRout complementary behavior. It must be noted that NF upper level of 20 
dB is reached, while its average level turns around 8 dB. 

Figure 25(a) depicts the RF power and noise levels at the system input and se-
cond PSS output, while both the output SNR and NF are illustrated in Fig. 25(b). In 
this case, as expected, two SNR notches corresponding to both phase slopes, carried 
out in both PSSs respectively, can be observed. Since the saturation regime is dif-
ferent in both SOAs, different depth dips are obtained. In average, an output SNR 
level of around 32 dB is reached. This means an SNR degradation of 8 dB regard-
ing the case in which a single PSS is implemented. The minimum value of the SNR 
is lowered until 21 dB. This value again corresponds to the upper limit of the NF, 
which in this case goes up to 26 dB. In average, a NF level of approximately 16 dB 
is obtained. 

An interesting noise behavior can be observed in Fig. 26(a), since its power 
level keeps constant for the two initial PSSs while, by increasing the third PSS in-
jection current, the noise level increases accordingly. When taking into account 
three PSSs, an output SNR experiencing three smooth notches is obtained, as illus-
trated in Fig. 26(b). In average, the SNR level centers at 18 dB, which means a 14 

(b)

Figure 4.27: Theoretical (solid curves) and experimental (markers) (a) RF power and
noise level at the input (dashed curves) and output (markers), (b) SNR and NF as a
function of the first, second and third PSS injection currents.

Figure 4.28 depicts the average level for the NF and the output SNR as a func-
tion of the number of PSSs taken in consideration. Results show a system degradation
in terms of both the SNR and NF, proportional to the RF gain metric. The NF is
directly dependent on the amount of phase shift that one wants to synthetize.
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dB degradation regarding the two PSSs based implementation. The minimum SNR 
level is 9 dB, which corresponds to the maximum value of the NF. Now, this max-
imum level rises up to 37 dB, while getting an average value of around 30 dB. 
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Fig. 27. Average SNR at the output and NF of the RF signal as a function of the stage output. 

In Fig 27, the average level for the NF and the output SNR are depicted as a 
function of the number of PSSs taken in consideration. Results show a system deg-
radation in terms of both the SNR and NF, proportional to the RF gain metric. The 
NF is directly dependent on the amount of phase shift that one wants to synthetize. 

The NF level can be further enhanced by proper adjustment of each SOA bias 
point in terms of the injection current. It is well-known that the added noise in sem-
iconductor waveguides is proportional to its power gain \cite{Lloret2011}. By in-
creasing the input optical power and reducing the injection current, the power gain 
can be lowered without altering the CPO efficiency while operating the SOA in the 
saturation regime \cite{Chen2008}. As a consequence, the noise floor could be 
lowered and the SNRout increased, giving as a result a NF reduction. Moreover, the 
total noise at the system output can be reduced by band-pass filtering the output of 
each PSS. In such a way, part of the added noise at the stage output will not be am-
plified by the following cascades stages. In addition, optical filtering prior to photo-
detection will also lower the noise level and, in consequence, the NF. 

4.3 Spurious Free Dynamic Range evaluation 

The most common metric used for featuring the nonlinear behavior of a MWP link 
is the SFDR. The SFDR is widely used to simultaneously characterize the linearity 
and noise characteristics of microwave devices (e.g. amplifiers, mixers, etc.) and 
optical devices such as laser diodes and external modulators \cite{Cox2004, 
Urick2006, Urick2007}. Two-tone SFDR is defined as the carrier-to-noise ratio 
when the noise floor in the signal bandwidth equals to the power of a given order 
intermodulation product (usually the 3rd order IMD3).  

In this context, the SFDR of an RF link limited by 2nd (SFDR2) or 3rd (SFDR3) 
intermodulation distortion can be computed as  

Figure 4.28: Average SNR at the output and NF of the RF signal as a function of
the stage output.

The NF level can be further enhanced by a proper adjustment of each SOA
bias point in terms of the injection current. It is well-known that the added noise
in semiconductor waveguides is proportional to the power gain [97]. By increasing
the input optical power and reducing the injection current, the power gain can be
lowered without altering the CPO efficiency while operating the SOA in the saturation
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regime [94]. As a consequence, the noise floor could be lowered and the SNRout

increased, giving as a result a NF reduction. Moreover, the total noise at the system
output can be reduced by band-pass filtering the output of each PSS. In such a way,
part of the added noise at the stage output will not be amplified by the following
cascades stages. In addition, optical filtering prior to photodetection will also lower
the noise level and, in consequence, the NF.

4.5.3 Spurious free dynamic range evaluation

Two-tone SFDR is defined as the carrier-to-noise ratio when the noise floor in the
signal bandwidth equals to the power of a given order intermodulation product.

In this context, the SFDR of an RF link limited by 2nd (SFDR2) or 3rd

(SFDR3) intermodulation distortion can be computed as

SDFR2 = 1/2 (IP2 − Pnoise)
(
dB ·Hz1/2

)
SDFR3 = 2/3 (IP3 − Pnoise)

(
dB ·Hz2/3

)
,

(4.31)

where IP2 and IP3 corresponds to the linearly extrapolated input powers in dBm
at which respectively the fundamental and 2nd or 3rd intermodulation output po-
wers would be equal. Pnoise is the electrical noise power in dBm contained in 1-Hz
bandwidth, which is derived from the previous subsection.

To obtain the values of the SFDR, the difference between the power intersection
points with the noise curve relative to the fundamental (PΩ1

) and the second (PΩ2+Ω1

and PΩ2−Ω1
) or third order intermodulation products (P2Ω1−Ω2

and P2Ω2−Ω1
) has

been calculated. Actually, nonlinear distortion of 3rd order is found to be the most
harmful due to the nearby spectral placement of the fundamental frequencies. The
SFDR referred to the fundamental term at the angular frequency Ω1, can be thus
expressed as

SFDR2 =
{
PΩ2+Ω1

, PΩ2−Ω1

}
− PΩ1

(
dB ·Hz1/2

)
SFDR3 =

{
P2Ω1−Ω2

, P2Ω2−Ω1

}
− PΩ1

(
dB ·Hz2/3

)
,

(4.32)

for every pair of IMD2 and IMD3 contributions. It is important to mention that
SFDR values as high as possible are desired for enhancing the performance in terms
of nonlinear distortion.
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where IP2 and IP3 corresponds to the linearly extrapolated input powers in dBm at 
which respectively the fundamental and 2nd or 3rd intermodulation output powers 
would be equal. Pnoise is the electrical noise power in dBm contained in 1-Hz band-
width, which is derived from the previous subsection.  

To obtain the values of the SFDR, the difference between the power intersec-
tion points with the noise curve relative to the fundamental (PΩ1) and the second 
(PΩ2+Ω1, PΩ2-Ω1) or third order intermodulation products (P2Ω1-Ω2, P2Ω2-Ω1) has been 
calculated. Actually, nonlinear distortion of 3rd order is found to be the most harm-
ful due to the nearby spectral placement of the fundamental frequencies. The SFDR 
referred to the fundamental term at the angular frequency Ω1, can be thus expressed 
as 
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for every pair of IMD2 and IMD3 contributions. It is important to mention that 
SFDR values as high as possible are desired for enhancing the performance in terms 
of nonlinear distortion. 
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Fig. 28. Theoretical (dashed lines) and experimental (markers) photodetected RF power from the fundamental 
[(Ω1 and Ω2)], IMD2 [(Ω2 – Ω1 and Ω2 + Ω1)] and IMD3 [(2Ω1 – Ω2 and 2Ω2 – Ω1)] terms as function of the 
input RF power including 2nd and 3rd order SFDR determination at the first SOA input.  

In order to study the impact of the nonlinear distortion in the phase shifter per-
formance, the photodetected RF power versus the RF input power to the EOM 
(which is related to the common electrical modulation index m) have been per-
formed. These measured (markers) and computed (dashed lines) results are repre-
sented in Fig. 28 for every modulating frequency signal order and intermodulation 

product of interest; i.e. the fundamental and relevant IMD2 and IMD3 terms. They 

Figure 4.29: Theoretical (dashed curves) and experimental (markers) photodetected
RF power from the fundamental [(Ω1 and Ω2)], IMD2 [(Ω2 − Ω1 and Ω2 + Ω1)] and
IMD3 [(2Ω1 − Ω2 and 2Ω2 − Ω1)] terms as function of the input RF power including
2nd and 3rd order SFDR determination at the first SOA input.

In order to study the impact of the nonlinear distortion in the phase shifter
performance, the photodetected RF powers versus the RF input power to the EOM
(which is related to the common electrical modulation index m) have been performed.
These measured (markers) and computed (dashed curves) results are represented in
Fig. 4.29 for every modulating frequency signal order and intermodulation product of
interest; i.e. the fundamental and relevant IMD2 and IMD3 terms. They represent the
equivalent detected RF power collected by the photodetector placed at the first SOA
input. An input RF power level of 5 dBm is requested to accomplish the modulation
index employed in the previous section (m = 1%). The measured input noise level of
around -142 dBm/Hz was used for computing the different intersection points. The
values of SFDR from each pair of both 2nd and 3rd intermodulation products reach
83 dB·Hz1/2 and 100 dB·Hz2/3, respectively.

Figures 4.30(a) - 4.32(a) show the RF power for the fundamental signals (Ω1

and Ω2), IMD2 (Ω2−Ω1 and Ω2 +Ω1) and IMD3 (2Ω1−Ω2 and 2Ω2−Ω1) terms as a
function of the input RF power when injecting the largest currents into all the three
PSS. In order to get a common reference between the three representations, the results
at the phase shifter input, shown in Fig. 4.29, are represented in Figs. 4.30(a) - 4.32(a)
as dashed curves. It is easy to infer the RF gain/loss experienced by the different
stages for the maximum SOA injection currents at the fundamental frequencies (20
and 20.5 GHz). As expected [102], the slope for the 2nd and 3rd order distortion terms
is roughly twice and three times the slope for the fundamental signals, respectively.
The noise floor reaches -127.5 dBm/Hz , -127.1 dBm/Hz and -122.7 dBm/Hz at the
output of the first, second and third PSS, respectively. At the first PSS output,
SFDR2 and SFDR3 values around 70 dB·Hz1/2 and 97 dB·Hz2/3 are achieved. While
at the second PSS output, values around 65 dB·Hz1/2 and 93 dB·Hz2/3 for the second
and third order SFDR are respectively obtained. Lastly, around 45 dB·Hz1/2 and
62 dB·Hz1/2 SFDR2, and 75 dB·Hz2/3 SFDR3 values are achieved at the third PSS
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represent the equivalent detected RF power collected by the photodetector placed at 
the first SOA input. An input RF power level of 5 dBm is requested to accomplish 
the modulation index employed in the previous section (m = 0.1). The measured 
input noise level of around -142 dBm/Hz was used for computing the different inter-
section points. The values of SFDR from each pair of both 2nd and 3rd intermodula-
tion products reach 83 dB·Hz1/2 and 100 dB·Hz2/3, respectively. 
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(a)      (b) 

Fig. 29. Fundamental, IMD2 and IMD3 terms at the first PSS output when IPSS1 = 240 mA. Dashed lines corre-
spond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection currents at 
the first PSS output (b).  
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(a)      (b) 

Fig. 30. Fundamental, IMD2 and IMD3 terms at the second PSS output when IPSS1 = IPSS2=240 mA. Dashed 
lines correspond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection 
currents at the second PSS output (b).  

(a)
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represent the equivalent detected RF power collected by the photodetector placed at 
the first SOA input. An input RF power level of 5 dBm is requested to accomplish 
the modulation index employed in the previous section (m = 0.1). The measured 
input noise level of around -142 dBm/Hz was used for computing the different inter-
section points. The values of SFDR from each pair of both 2nd and 3rd intermodula-
tion products reach 83 dB·Hz1/2 and 100 dB·Hz2/3, respectively. 
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(a)      (b) 

Fig. 29. Fundamental, IMD2 and IMD3 terms at the first PSS output when IPSS1 = 240 mA. Dashed lines corre-
spond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection currents at 
the first PSS output (b).  
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Fig. 30. Fundamental, IMD2 and IMD3 terms at the second PSS output when IPSS1 = IPSS2=240 mA. Dashed 
lines correspond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection 
currents at the second PSS output (b).  

(b)

Figure 4.30: (a) Fundamental, IMD2 and IMD3 terms at the first PSS output when
IPSS1 = 240 mA. Dashed curves correspond to the RF power at the first SOA input.
(b) SFDR2 and SFDR3 as a function of the injection current at the first PSS output.
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represent the equivalent detected RF power collected by the photodetector placed at 
the first SOA input. An input RF power level of 5 dBm is requested to accomplish 
the modulation index employed in the previous section (m = 0.1). The measured 
input noise level of around -142 dBm/Hz was used for computing the different inter-
section points. The values of SFDR from each pair of both 2nd and 3rd intermodula-
tion products reach 83 dB·Hz1/2 and 100 dB·Hz2/3, respectively. 
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Fig. 29. Fundamental, IMD2 and IMD3 terms at the first PSS output when IPSS1 = 240 mA. Dashed lines corre-
spond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection currents at 
the first PSS output (b).  
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Fig. 30. Fundamental, IMD2 and IMD3 terms at the second PSS output when IPSS1 = IPSS2=240 mA. Dashed 
lines correspond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection 
currents at the second PSS output (b).  
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represent the equivalent detected RF power collected by the photodetector placed at 
the first SOA input. An input RF power level of 5 dBm is requested to accomplish 
the modulation index employed in the previous section (m = 0.1). The measured 
input noise level of around -142 dBm/Hz was used for computing the different inter-
section points. The values of SFDR from each pair of both 2nd and 3rd intermodula-
tion products reach 83 dB·Hz1/2 and 100 dB·Hz2/3, respectively. 
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Fig. 29. Fundamental, IMD2 and IMD3 terms at the first PSS output when IPSS1 = 240 mA. Dashed lines corre-
spond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection currents at 
the first PSS output (b).  
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Fig. 30. Fundamental, IMD2 and IMD3 terms at the second PSS output when IPSS1 = IPSS2=240 mA. Dashed 
lines correspond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection 
currents at the second PSS output (b).  

(b)

Figure 4.31: (a) Fundamental, IMD2 and IMD3 terms at the second PSS output when
IPSS1 = IPSS2 = 240 mA. Dashed curves correspond to the RF power at the first
SOA input. (b) SFDR2 and SFDR3 as a function of the injection currents at the
second PSS output.
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 (a)      (b) 
Fig. 31. Fundamental, IMD2 and IMD3 terms at the third PSS output when IPSS1 = IPSS2= IPSS3=240 mA. Dashed 
lines correspond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection 
currents at the third PSS output (b).  

Figures 29(a) – 31(a) show the RF power for the fundamental signals (Ω1 and 
Ω2), the 2nd order intermodulation distortion signals (Ω2 – Ω1, Ω2 + Ω1), and the 3rd 
order distortion signals (2Ω1 – Ω2 and 2Ω2 – Ω1) as a function of the input RF power 
when injecting the largest currents into all the three PSS. In order to get a common 
reference between the three representations, input results shown in Fig. 28 are rep-
resented in Fig. 29(a) – 31(a) as dashed lines. It is easy to infer the RF gain/losses 
experienced by the different stages for the maximum SOA injection currents at the 
fundamental frequencies (20 & 20.5 GHz). As expected \cite{Cox2004}, the slope 
for the 2nd and 3rd order distortion terms is roughly twice and three times the slope 
for the fundamental signals respectively. The noise floor reaches -127.5 dBm/Hz , -
127.1 dBm/Hz and -122.7 dBm/Hz at the output of the first, second and third PSS 
respectively. At the first PSS output, SFDR2 and SFDR3 values around 70 dB·Hz1/2 
and 97 dB·Hz2/3 are achieved. While at the second PSS output, values around 65 
dB·Hz1/2 and 93 dB·Hz2/3 for the second and third order SFDR are respectively ob-
tained. Lastly, around 45 dB·Hz1/2 and 62 dB·Hz1/2 SFDR2, and 75 dB·Hz2/3 
SFDR3values are achieved at the third PSS output. The low power behavior experi-
enced by the Ω2 – Ω1 term at the third PSS output, is owned to the nonlinear behav-
ior of the low-band frequency filter used by the VNA. An interesting feature that 
can be observed in all the PSSs is related to the fact that the CPO effect produces 
mainly second order distortion as compared to third order contributions. This fea-
ture can be explained by analyzing Eq. (15), for the IMD2 and HD2 optical fields, 
where the dominant wave mixing terms in the double summation are due to the 
product of the fundamental component of the SOA dynamic gain (first-order CPO) 
and the fundamental signal contribution. For instance, in the case of the equation 
describing the evolution of dE(1,1)/dz, the dominant terms are { g(0,1)E(1,0) + g(1,0)E(0,1) 

}, the magnitude of which is higher than those of the dominant wave mixing terms 
contained in the propagation equations for the IMD3 contributions, which are pro-
portional to 2nd order gain coefficients. 

On the other hand, Figs. 29(b) – 31(b) illustrate the evolution for both the 
SFDR2 and SFDR3 as a function of the SOA injection currents comprising one, two 
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Fig. 31. Fundamental, IMD2 and IMD3 terms at the third PSS output when IPSS1 = IPSS2= IPSS3=240 mA. Dashed 
lines correspond to the RF power at the first SOA input (a). SFDR2 and SFDR3 as a function of the injection 
currents at the third PSS output (b).  

Figures 29(a) – 31(a) show the RF power for the fundamental signals (Ω1 and 
Ω2), the 2nd order intermodulation distortion signals (Ω2 – Ω1, Ω2 + Ω1), and the 3rd 
order distortion signals (2Ω1 – Ω2 and 2Ω2 – Ω1) as a function of the input RF power 
when injecting the largest currents into all the three PSS. In order to get a common 
reference between the three representations, input results shown in Fig. 28 are rep-
resented in Fig. 29(a) – 31(a) as dashed lines. It is easy to infer the RF gain/losses 
experienced by the different stages for the maximum SOA injection currents at the 
fundamental frequencies (20 & 20.5 GHz). As expected \cite{Cox2004}, the slope 
for the 2nd and 3rd order distortion terms is roughly twice and three times the slope 
for the fundamental signals respectively. The noise floor reaches -127.5 dBm/Hz , -
127.1 dBm/Hz and -122.7 dBm/Hz at the output of the first, second and third PSS 
respectively. At the first PSS output, SFDR2 and SFDR3 values around 70 dB·Hz1/2 
and 97 dB·Hz2/3 are achieved. While at the second PSS output, values around 65 
dB·Hz1/2 and 93 dB·Hz2/3 for the second and third order SFDR are respectively ob-
tained. Lastly, around 45 dB·Hz1/2 and 62 dB·Hz1/2 SFDR2, and 75 dB·Hz2/3 
SFDR3values are achieved at the third PSS output. The low power behavior experi-
enced by the Ω2 – Ω1 term at the third PSS output, is owned to the nonlinear behav-
ior of the low-band frequency filter used by the VNA. An interesting feature that 
can be observed in all the PSSs is related to the fact that the CPO effect produces 
mainly second order distortion as compared to third order contributions. This fea-
ture can be explained by analyzing Eq. (15), for the IMD2 and HD2 optical fields, 
where the dominant wave mixing terms in the double summation are due to the 
product of the fundamental component of the SOA dynamic gain (first-order CPO) 
and the fundamental signal contribution. For instance, in the case of the equation 
describing the evolution of dE(1,1)/dz, the dominant terms are { g(0,1)E(1,0) + g(1,0)E(0,1) 

}, the magnitude of which is higher than those of the dominant wave mixing terms 
contained in the propagation equations for the IMD3 contributions, which are pro-
portional to 2nd order gain coefficients. 

On the other hand, Figs. 29(b) – 31(b) illustrate the evolution for both the 
SFDR2 and SFDR3 as a function of the SOA injection currents comprising one, two 

(b)

Figure 4.32: (a) Fundamental, IMD2 and IMD3 terms at the third PSS output when
IPSS1 = IPSS2 = IPSS3 =240 mA. Dashed curves correspond to the RF power at the
first SOA input. (b) SFDR2 and SFDR3 as a function of the injection currents at the
third PSS output.

output. The low power behavior experienced by the Ω2 − Ω1 term at the third PSS
output, is due to the nonlinear behavior of the low-band frequency filter used by the
VNA. An interesting feature that can be observed in all the PSSs is related to the fact
that the CPO effect produces mainly second order distortion as compared to third
order contributions. This feature can be explained by analyzing Eq. 4.22, for the
IMD2 and HD2 optical fields, where the dominant wave mixing terms in the double
summation are due to the product of the fundamental component of the SOA dynamic
gain (first-order CPO) and the fundamental signal contribution. For instance, in the
case of the equation describing the evolution of dE(1,1)

/
dz, the dominant terms are

g(0,1)E(1,0) +g(1,0)E(0,1), the magnitude of which is higher than those of the dominant
wave mixing terms contained in the propagation equations for the IMD3 contributions,
which are proportional to 2nd order gain coefficients.

On the other hand, Figs. 4.30(b) - 4.32(b) illustrate the evolution for both
the SFDR2 and SFDR3 as a function of the SOA injection currents comprising one,
two and three PSS, respectively. The tendency is roughly the same for both SFDR3

terms, since their spectral components are located relatively close to each other (0.5
GHz). However, slightly different behavior is observed for the SFDR2 terms due
to its large spectral separation (40 GHz). In principle, the SFDR is expected to
experience similar performance that the output RF power (see Figs. 4.15 - 4.17).
However, the current values in which the power dips appear do not correspond to
those for which the SFDR drops. After observing the dynamics of the SFDR with the
bias currents, one concludes that the distortion generation efficiency depends on the
injected currents. This means that the slopes of the 2nd and 3rd order distortion RF
powers are slightly altered as a function of the bias point. In particular, dips are due
to slope relaxation. For both the 2nd and 3rd order distortions, the above-mentioned
slope relaxation occurs at the same currents. This effect dominates over the SFDR
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dips as a consequence of the phase shifting transitions. That is the reason why the
SFDR presents such a behavior.
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and three PSS respectively. The tendency is roughly the same for both SFDR3 
terms, since their spectral components are located relatively close to each other (0.5 
GHz). However, slightly different behavior is observed for the SFDR2 terms due to 
its large spectral separation (40 GHz). In principle, the SFDR is expected to experi-
ence similar performance that the output RF power (see Figs. 14 - 16). However, 
the currents in which the power dips appear do not correspond to those for which 
the SFDR drops. After observing the dynamics of the SFDR with the bias currents, 
one concludes that the distortion generation efficiency depends on the injected cur-
rents. This means that the slopes of the 2nd and 3rd order distortion RF powers are 
slightly altered as a function of the bias point. In particular, dips are due to slope 
relaxation. For both the 2nd and 3rd order distortions, the above-mentioned slope 
relaxation occurs at the same currents. This effect dominates over the SFDR dips as 
a consequence of the phase shifting transitions. That is the reason why the SFDR 
presents such a behavior. 
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Fig. 32. Average SFDR2 and SFDR3 as a function of the stage output. 

Both the average SFDR2 and SFDR3 levels as a function of the stage output are 
represented in Fig. 32. SFDR values at the system input are also illustrated. It is 
clearly appreciable the large nonlinear degradation when cascading three PSSs. 
Similar degradation was obtained for the gain and noise evolution, since RF power 
and noise values are requested for obtaining the SFDR levels. It can be observed 
that a reasonably good margin of SFDR3 up to the second PSS is achieved, high 
enough for the majority of applications where the phase shifter can be integrated. 
Note that while the 2nd order intermodulation distortion can be significant, its effect 
can be neglected if the two subcarriers are placed within an octave in the RF spec-
trum. 

In terms of the nonlinear distortion optimization, the limiting factor consists of 
the dependence of the generation efficiency of the 2nd and 3rd order products on the 
bias currents. The minimum values of SFDR could be further improved by engi-
neering the SOAs in order to minimize the above-mentioned dependence. 

 

Figure 4.33: Average SFDR2 and SFDR3 as a function of the stage output.

Both the average SFDR2 and SFDR3 levels as a function of the stage output
are represented in Fig. 4.33. SFDR values at the system input are also illustrated.
It is clearly appreciable the large nonlinear degradation when cascading three PSSs.
Similar degradation was obtained for the gain and noise evolution, since RF power
and noise values are requested for obtaining the SFDR levels. It can be observed that
a reasonably good margin of SFDR3 up to the second PSS is achieved, high enough
for the majority of applications where the phase shifter can be integrated. Note that
while the 2nd order intermodulation distortion can be significant, its effect can be
neglected if the two subcarriers are placed within an octave in the RF spectrum.

In terms of the nonlinear distortion optimization, the limiting factor consists of
the dependence of the generation efficiency of the 2nd and 3rd order products on the
bias currents. The minimum values of SFDR could be further improved by engineering
the SOAs in order to minimize the above-mentioned dependence.

4.6 Fully tunable MWP phase shifter based on a
single SOA

As it has been conceptually described in section 4.2 of this chapter, and subsequently
evaluated in terms of system performance and figures of merit in previous sections (4.4
and 4.5), a full 360° phase shift functionality based on semiconductor technology has
been achieved, so far, using a cascade of three consecutive SOA based phase shifter
stages, [84]. This technique allows obtaining cumulative phase shifts of more than 360°
at microwave frequencies up to 40 GHz while providing, as previously demonstrated in
this chapter, a nearly linear phase transition with less than 10 dB of power variation
along the entire microwave bandwidth.

Nevertheless, achieving 2π phase shift by means of this approach requires the
cascade of at least five SOA devices, being three of them followed by an optical filtering
stage while the remaining two needed for regenerating the previously removed red-
shifted sidebands. This complex configuration not only requests an independently
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current control for each device but also implies a high RF deterioration in terms of
noise level and nonlinear distortion, as reported in section 4.5.

On the other hand, one of the aspects that attracts most of the interest in
the semiconductor based approach is related to the fact that previous work has ex-
perimentally demonstrated positive and negative phase shifts for different optimized
modulation chirp values. In fact, ∼ 120° phase delay and ∼ 170° phase advance have
been obtained at 19 GHz in a single phase shifter stage [95]. Although, at a first
glance this particular behavior could open the possibility of reaching high microwave
phase shift levels, the combination of both slow and fast light effects becomes actually
not large enough to the get desired full 360° phase shift characteristic. This is highly
desirable for many microwave photonics applications, such as microwave photonic
filters and antenna beamsteering systems [20,32].

It must be noted that previously reported work resorts to the use of optical
notch filters solely directed to reject the red-shifted frequency sideband aiming at
increasing the achievable microwave phase shift [84]. Nonetheless, the dispersion
slope and the amplitude transfer function of the optical filter can play an important
role in the phase shifter performance, as it has been demonstrated [107]. Actually,
since the detected microwave signal depends on the coherent addition of two different
beat components between the carrier and both sidebands, the delay or phase shift
incurred to the signal by the filter placed at the SOA output sideband could be a
decisive factor for the design of the required microwave phase shift.

As a consequence, this section deals with the particular proposal of an optical
notch filter conveniently designed in order to obtain the proper phase shift and power
attenuation combination required after the SOA propagation which, as a result, allows
to implement a fully tunable microwave phase shifter by handling both slow and fast
light effects. This means releasing four SOAs and two optical filters in comparison
with the best approach previously reported [84]. It must be taken into account that
the terms slow or fast light will be understood to refer to whether the phase shift of the
modulation signal relative to a reference phase, is positive or negative, respectively.

4.6.1 Principle of operation

To overcome some of the main drawbacks of the cascaded structures and, at the same
time, to reach the desired 360° phase shift, the basic phase shifter configuration based
on CPO in SOAs described in subsection 4.2.2 of this chapter, which was actually
firstly reported in [93], has been considered. Fig. 4.34 shows the phase shifter general
schematic. The microwave signal modulated on the optical carrier suffers a phase shift
as it propagates through the SOA [83]. A tailored optical filter is included as part of
the optical signal processing to generate the maximum effect on the microwave phase
shifts in combination with the SOA. The principle of operation of the novel approach
proposed in this section focuses on exploiting not only the amplitude, but also the
phase response of the optical filter to enhance the effect of the red signal sideband,
resulting in either positive or negative microwave phase shifts, i.e. slow or fast light.
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both slow and fast light effects. This means releasing four SOAs and two optical 
filters in comparison with the best approach previously reported \cite{Xue2010}. It 
must be taken into account that the terms slow or fast light will be understood to 
refer to whether the phase shift of the modulation relative to a reference phase, is 
positive or negative respectively, as the SOA input optical power or the SOA injec-
tion current is increased from a low value. 

5.1 Principle of operation 

To overcome some of the main drawbacks of the cascaded structures and, at the 
same time, reach the desired 360º, the basic phase shifter configuration based on 
CPO in a SOA described in subsection 1.2 of this chapter ,which was actually first-
ly reported in \cite{Xue2008},  has been considered. Fig. 33 shows the phase shifter 
general schematic. The microwave signal modulated on the optical carrier suffers a 
phase shift as it propagates through the SOA \cite{Agrawal1988}. A tailored optical 
filter is included as part of the optical signal processing to generate the maximum 
influence on the microwave phase shifts in combination with the SOA. The princi-
ple of operation of the novel approach proposed in this section focuses on exploit-
ing not only the amplitude, but also the phase response of the optical filterto en-
hance the effect of the red signal sideband, resulting in either positive or negative 
microwave phase shifts, i.e. slow or fast light.  
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Fig. 33. Schematic of a RF/microwave phase shifter based on SOA and optical filtering. 

The microwave phase shift can be tuned by controlling the operation condi-
tions of the SOA as well as the filter dispersion. The use of an optical notch filter, in 
our case an FBG, allows implementing modifications on the amplitude and phase of 
the red-shifted sideband in order to maximize the microwave phase shift. It has 
been considered in our study that the red sideband is the only spectral component 
affected by the FBG. Thus, the bandwidth of the notch filter must be narrower than 
the modulating frequency. 

Based on the weak modulation assumption, the electric field at the phase shift-
er output can be approximated as 
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Figure 4.34: Schematic of a RF/microwave phase shifter based on SOA and optical
filtering.

Based on the weak modulation assumption, the electric field at the phase shifter
output can be approximated by

Eout (t, z) =
(∣∣Eout0

∣∣ eiφ0 +
∣∣Eout1

∣∣ e−iΩt+iφ1 +
∣∣Eout−1

∣∣ |H| eiΩt+iφ−1+iφH
)
e−i(ω0t−k0z),

(4.33)

where ω0 is the frequency of the optical carrier, k0 is the propagation constant of the
carrier, and Ω is the modulation frequency. Eout0 , Eout1 and Eout−1 are respectively the
complex amplitudes of the carrier, blue and red-shifted sideband, while φ0, φ1 and φ−1

are the corresponding optical phase features. The modulus and phase components of
the filter transfer function are represented by |H| and φH , respectively.

Due to the beating between the optical waves in the photodetector, the pho-
tocurrent at the modulation frequency Ω is proportional to

i (Ω) ∝
∣∣Eout0

∣∣ ∣∣Eout1

∣∣ ei(−φ0+φ1) +
∣∣Eout0

∣∣ ∣∣Eout−1

∣∣ |H| ei(φ0−φ−1−φH). (4.34)

The phase shift of the microwave signal is determined by arg{i(Ω)} minus a
phase reference, normally corresponding to the phase obtained at the minimum input
optical power or electrical injection current.

Figure 4.35 exhibits the evolution of the signal complex phasors in a polar
representation by controlling the injection current of the SOA. Blue phasors represent
the evolution of the first photocurrent term according to Eq. 4.34 (beating between
the carrier and the blue-shifted sideband), red phasors correspond to the second term
(the beat between the carrier and the filtered red-shifted sideband) and, finally, the
total microwave photodetected signal is represented by black phasors. Moreover,
dotted phasors designate the reference point. Fig. 4.35(a) illustrates the results
reported in previous work [93], where the optical filter simply attenuates the red-
shifted sideband and thus, a large positive phase shift is created. Nevertheless, as
shown in Fig. 4.35(b), by inducing the proper phase change on the attenuated red
sideband, an opposite phase slope behavior on the black phasor can be achieved,
which means negative phase shift or fast light. Since the blue sideband at the SOA
output has a depth power dip where the phase slope takes place, the attenuated red
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sideband, with the proper applied phase change, can easily modify the behavior of
the phase shifter performance.

Hence, the desired 360° phase shift range can be easily achieved by combining
the SOA output with a tailored filter providing the desired phase and amplitude
changes on the red-shifted sideband.
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Fig. 34. Illustrations of the evolution of the complex phasors in a polar representation for two cases: (a) when 
the red-shifted sideband is only attenuated and (b) when it is attenuated and also phase shifted. 
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Figure 4.35: Illustrations of the evolution of the complex phasors in a polar repre-
sentation for two cases: (a) when the red-shifted sideband is only attenuated and (b)
when it is attenuated and also phase shifted.

4.6.2 Computed results

Numerical calculations of the RF phase shift as a function of the attenuation and
phase induced by the photonic notch filter are shown in Fig. 4.36. The following
main parameters of the SOA have been used: Psat = 4 dBm, τs = 140 ps, α = 6,
Γ = 0.45, γ = 3000 m−1, Pin = 0 dBm, Ω = 20 GHz, L = 1000 µm. All RF phase
shifts are obtained upon increasing the injection current from 100 mA to 200 mA.
On one hand, Fig. 4.36(a) depicts different RF phase shifts when the attenuation of
the filter is fixed at -20 dB and the phase induced on the red-shifted sideband (φH)
is tuned from -100° to 100°. It is easy to infer the existence of a high dependence on
the phase parameter. When -100° ≤ φH ≤ 0°, slow light effect is observed inducing
positive phase shifts. However, when 10° ≤ φH ≤ 100°, fast light behavior is achieved
which induces a negative RF phase shift. Maximum phase delay and phase advance
values of ∼ 175° and ∼ 185°, respectively, can be achieved. On the other hand,
Fig. 4.36(b) depicts the total RF phase shift versus the filter-induced phase shift for
different attenuation values. As it is clearly observed, an increase of the red sideband
attenuation is accompanied by an increase in the RF phase shift. Thus, there are less
filter phase constraints to obtain the full 360° phase shift. However, the higher the
filter attenuation, the lower the signal-to-noise ratio becomes, since the photodetected
RF power would be lower.
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Figure 35. (a) Calculated RF phase shifts as a function of the injection current as well as the . (b) Maxi-
mum values of phase shift induced by increasing the injection current as a function of  and |H|. 

The novel proposed phase shifter configuration exhibits a large flexibility in 
terms of the number of parameters that can be tuned in order to achieve the desired 
360º phase excursion. For instance, the influence of the SOA input power is evalu-
ated in Fig. 36, which shows the evolution of the RF phase shift for different optical 
power levels at the SOA input. The attenuation of the red-shifted sideband is kept to 
a constant value of 30 dB, while the induced phase remains 20º. By tuning the SOA 
input optical power from -6 dBm to 8 dBm, the sign of the RF phase shift changes 
from negative to positive, since the attenuation and phase provided by the filter 
cannot satisfy the fast light condition for optical input powers greater than 1dBm. 
When the SOA becomes more saturated, the efficiency of the CPO decays and 
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a constant value of 30 dB, while the induced phase remains 20º. By tuning the SOA 
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Figure 4.36: (a) Calculated RF phase shifts as a function of the injection current as
well as the φH . (b) Maximum values of phase shift induced by increasing the injection
current as a function of φH and |H|.

The novel proposed phase shifter configuration exhibits a large flexibility in
terms of the number of parameters that can be tuned in order to achieve the desired
360° phase excursion. For instance, the influence of the SOA input power is evaluated
in Fig. 4.37, which shows the evolution of the RF phase shift for different optical
power levels at the SOA input. The attenuation of the red-shifted sideband is kept
to a constant value of 30 dB, while the induced phase remains at 20°. By tuning
the SOA input optical power from -6 dBm to 8 dBm, the sign of the RF phase shift
changes from negative to positive, since the attenuation and phase provided by the
filter cannot satisfy the fast light condition for optical input powers greater than 1
dBm. When the SOA becomes more saturated, the efficiency of the CPO decays
and therefore the phase slope is modified. As it is shown, by properly fixing the
attenuation and phase values of the filter, moving from slow light to fast light regime
is also possible by tuning the SOA input power.
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Figure 36. Calculated RF phase shifts induced by increasing the optical power at the SOA input as a function 
of the injection current. 

5.3 Experimental results 

In order to experimentally validate the aforementioned principle, some issues concern-
ing the optical notch filter must be taken into account. A large FBG amplitude and 
phase dependence on the final RF phase shift has been previously shown, which re-
quests high spectral stability to obtain the desired influence. Besides, it is well known 
that FBGs are very sensitive to strength and temperature modifications 
\cite{James1996}, hence the FBG employed was properly stabilized in order to mini-
mize its impact. Furthermore, the polarization of the signal which will be filtered by the 
grating can further modify the FBG spectral response. Fig. 37 shows the amplitude 
response of the FBG used in the experimental setup when two different and orthogonal 
polarizations were launched to probe the grating. As it can be observed, the amplitude 
depth is slightly different for the two polarizations. In addition, the left slope of the 
spectral shape response is detuned by approximately 500 MHz. 
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Figure 37. Measured FBG amplitude response as a function of the frequency detuning for two orthogonal 
polarizations at the grating input. 

Figure 4.37: Calculated RF phase shifts induced by increasing the optical power at
the SOA input as a function of the injection current.



4. SFL effects in semiconductor optical amplifiers for MWP applications 99

4.6.3 Experimental results

In order to experimentally validate the aforementioned principle, some issues con-
cerning the optical notch filter must be taken into account. A large FBG amplitude
and phase dependence on the final RF phase shift has been previously shown, which
requests high spectral stability to obtain the desired influence. Besides, it is well
known that FBGs are very sensitive to strength and temperature modifications [108],
hence the FBG employed was properly stabilized in order to minimize environmental
fluctuations. Furthermore, the polarization of the signal which will be filtered by the
grating can further modify the FBG spectral response. Fig. 4.38 shows the amplitude
response of the FBG used in the experimental setup when two different and ortho-
gonal polarizations were launched to probe the grating. As it can be observed, the
amplitude depth is slightly different for the two polarizations. In addition, the left
slope of the spectral shape response is detuned by approximately 500 MHz.
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Figure 36. Calculated RF phase shifts induced by increasing the optical power at the SOA input as a function 
of the injection current. 
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Figure 37. Measured FBG amplitude response as a function of the frequency detuning for two orthogonal 
polarizations at the grating input. Figure 4.38: Measured FBG amplitude response as a function of the frequency de-

tuning for two orthogonal polarizations at the grating input.

Since the FBG response depends slightly on the polarization state, the SOA
influence on the polarization must be evaluated. This study has been carried out for
two different and orthogonal polarization states at the SOA input (i.e. Pol X and Pol
Y). A polarization beam splitter (PBS) was placed at the SOA output in order to
characterize each polarization state as a function of the SOA injection current. Optical
peak power of the carrier, red and blue sideband were measured by an optical spectrum
analyzer (OSA) for Pol X, Pol Y and both combined at the SOA output. The main
results are represented in Fig. 4.39. As it is observed, for the input polarization used
in Fig. 4.39(a), all the spectral components experience a similar behavior as a function
of the injection current. Yet, different optical power levels for each spectral line are
obtained due to the beam splitter, since the polarization state was not maximized
at the beam splitter input. On the other hand, by rotating the polarization to an
orthogonal state at the SOA input (Fig. 4.39(b)), an interesting behavior is observed
for the blue sideband. The optical power notch, where the maximum phase change
takes place, occurs at different injection current values depending on the polarization
state at the SOA output. The most important issue is related to the fact that the
red-shifted sideband does not follow that specific behavior. This demonstrates that
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whatever the polarization state feeds the SOA, the red sideband will not experience
any polarization rotation at the SOA output, which means the same amplitude and
phase level applied by the FBG to the red-shifter sideband along the SOA tunability.
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Figure 38. Optical peak power for the carrier, red and blue sidebands as a function of SOA injection current 
when applying one polarization (a) or its orthogonal (b) at the SOA input. Polarization 1, its orthogonal (Pol 
2) and both combined measured at the SOA output are also represented. 

Once verify the notch-filter stability, the suggested 2π phase shifter configura-
tion has been experimentally investigated using the set-up depicted in Fig. 1. It is 
based on the post-filtering scheme performed by a transmission FBG. A CW laser 
at 1556 nanometers was modulated using a microwave tone at 20 GHz by means of 
an external zero-chirp Mach-Zehnder modulator. The nonlinear SOA device, from 
CIP photonics, was designed with a low saturation output power of 4 dBm. As Fig. 
37 illustrates, the grating can provide an attenuation greater than 40 dB at the fre-
quency where the notch is centered and -3 dB bandwidth of approximately 10 GHz. 
The optical signal was photodetected and acquired by using a VNA. 
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phase level applied by the FBG along the SOA tunability. 
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     (a)                                                                              (b) 

Figure 38. Optical peak power for the carrier, red and blue sidebands as a function of SOA injection current 
when applying one polarization (a) or its orthogonal (b) at the SOA input. Polarization 1, its orthogonal (Pol 
2) and both combined measured at the SOA output are also represented. 

Once verify the notch-filter stability, the suggested 2π phase shifter configura-
tion has been experimentally investigated using the set-up depicted in Fig. 1. It is 
based on the post-filtering scheme performed by a transmission FBG. A CW laser 
at 1556 nanometers was modulated using a microwave tone at 20 GHz by means of 
an external zero-chirp Mach-Zehnder modulator. The nonlinear SOA device, from 
CIP photonics, was designed with a low saturation output power of 4 dBm. As Fig. 
37 illustrates, the grating can provide an attenuation greater than 40 dB at the fre-
quency where the notch is centered and -3 dB bandwidth of approximately 10 GHz. 
The optical signal was photodetected and acquired by using a VNA. 

(b)

Figure 4.39: Optical peak power for the carrier, red and blue sidebands as a function
of SOA injection current when applying (a) one polarization or (b) its orthogonal at
the SOA input. Polarization X, its orthogonal (Pol Y) and both combined measured
at the SOA output are also represented.

Once verified the notch filter stability, the suggested 2π phase shifter configu-
ration has been experimentally investigated using the setup depicted in Fig. 4.34. It
is based on the post-filtering scheme performed by a transmission FBG. A CW laser
at 1556 nanometers was modulated using a microwave tone at 20 GHz by means of an
external zero-chirp Mach-Zehnder modulator. The nonlinear SOA device, from CIP
photonics, was designed with a low saturation output power of 4 dBm. As Fig. 4.38 il-
lustrates, the grating can provide an attenuation greater than 40 dB at the frequency
where the notch is centered and -3 dB bandwidth of approximately 10 GHz. The
optical signal was photodetected and acquired by using a VNA.

3D and contour plots in Figs. 4.40 and 4.41 represent the experimental results
for the microwave phase shift as a function of the SOA injection current, as well as
the spectral position of the red-shifted sideband within the FBG. Different RF phase
shift values were measured for different red-shifted sideband locations. The results
were obtained for two optical powers at the SOA input of 0 dBm (Fig. 4.40) and
2dBm (Fig. 4.41). The targeted frequency areas are labelled as phase advance and
delay. The measured spectral response of the FBG is shown in Fig. 4.42. Solid curves
represent the measured amplitude and phase shift responses, while markers illustrate
the spectral positions used to obtain the results illustrated in Figs. 4.40 and 4.41.
The frequency area which allows generating positive and negative RF phase shifts is
symbolized by the red inverted delta marker (∇). They correspond to an attenuation
of ∼ 40 dB and a phase shift ranging from 20° to 80°, which means more than 1 GHz
operational bandwidth.
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Figure 39. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 0dBm optical power is applied at the SOA input. 
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(a)                                                                 (b) 

Figure 40. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 2dBm optical power is applied at the SOA input. 
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Figure 41. Measured (solid lines) FBG amplitude (a) and phase (b) response. Markers represent the spectral 
locations used to obtain the 3D and contour results. 

3D and contour plots in Fig. 39 and 40 represent the experimental results for 
the microwave phase shift as a function of the SOA injection current, as well as the 
spectral position of the red-shifted sideband within the FBG. Different RF phase 
shift values were measured for different red-shifted sideband locations. The results 
were obtained for two optical powers at the SOA input of 0dBm (Fig. 39) and 
2dBm (Fig. 40). The targeted frequency areas are labelled as phase advance and 
delay. The measured spectral response of the FBG is shown in Fig. 41. Solid lines 
represent the measured amplitude and phase shift responses, while markers illus-
trate the spectral positions used to obtain the results illustrated in Fig. 39 and 40. 
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Figure 39. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 0dBm optical power is applied at the SOA input. 
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Figure 40. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 2dBm optical power is applied at the SOA input. 

-10 -5 0 5 10
-50

-40

-30

-20

-10

0

10

A
m

p
lit

u
d

e
 (

d
B

)

Frequency detunning (GHz)Frequency detunning (GHz)         
-10 -5 0 5 10

-200

-100

0

100

200

300

Frequency detunning (GHz)

P
h

a
se

 S
h

ift
 (

d
e

g
re

e
s)

 
         (a)                                                                                  (b) 

Figure 41. Measured (solid lines) FBG amplitude (a) and phase (b) response. Markers represent the spectral 
locations used to obtain the 3D and contour results. 

3D and contour plots in Fig. 39 and 40 represent the experimental results for 
the microwave phase shift as a function of the SOA injection current, as well as the 
spectral position of the red-shifted sideband within the FBG. Different RF phase 
shift values were measured for different red-shifted sideband locations. The results 
were obtained for two optical powers at the SOA input of 0dBm (Fig. 39) and 
2dBm (Fig. 40). The targeted frequency areas are labelled as phase advance and 
delay. The measured spectral response of the FBG is shown in Fig. 41. Solid lines 
represent the measured amplitude and phase shift responses, while markers illus-
trate the spectral positions used to obtain the results illustrated in Fig. 39 and 40. 

(b)

Figure 4.40: (a) 3D and (b) contour representation of the measured RF phase shift
as a function of both SOA input current and FBG frequency detuning when 0 dBm
optical power is applied at the SOA input.
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Figure 39. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 0dBm optical power is applied at the SOA input. 
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Figure 40. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 2dBm optical power is applied at the SOA input. 
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Figure 41. Measured (solid lines) FBG amplitude (a) and phase (b) response. Markers represent the spectral 
locations used to obtain the 3D and contour results. 

3D and contour plots in Fig. 39 and 40 represent the experimental results for 
the microwave phase shift as a function of the SOA injection current, as well as the 
spectral position of the red-shifted sideband within the FBG. Different RF phase 
shift values were measured for different red-shifted sideband locations. The results 
were obtained for two optical powers at the SOA input of 0dBm (Fig. 39) and 
2dBm (Fig. 40). The targeted frequency areas are labelled as phase advance and 
delay. The measured spectral response of the FBG is shown in Fig. 41. Solid lines 
represent the measured amplitude and phase shift responses, while markers illus-
trate the spectral positions used to obtain the results illustrated in Fig. 39 and 40. 
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Figure 39. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 0dBm optical power is applied at the SOA input. 
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Figure 40. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 2dBm optical power is applied at the SOA input. 
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Figure 41. Measured (solid lines) FBG amplitude (a) and phase (b) response. Markers represent the spectral 
locations used to obtain the 3D and contour results. 

3D and contour plots in Fig. 39 and 40 represent the experimental results for 
the microwave phase shift as a function of the SOA injection current, as well as the 
spectral position of the red-shifted sideband within the FBG. Different RF phase 
shift values were measured for different red-shifted sideband locations. The results 
were obtained for two optical powers at the SOA input of 0dBm (Fig. 39) and 
2dBm (Fig. 40). The targeted frequency areas are labelled as phase advance and 
delay. The measured spectral response of the FBG is shown in Fig. 41. Solid lines 
represent the measured amplitude and phase shift responses, while markers illus-
trate the spectral positions used to obtain the results illustrated in Fig. 39 and 40. 

(b)

Figure 4.41: (a) 3D and (b) contour representation of the measured RF phase shift
as a function of both SOA input current and FBG frequency detuning when 2 dBm
optical power is applied at the SOA input.
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Figure 39. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 0dBm optical power is applied at the SOA input. 
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Figure 40. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 2dBm optical power is applied at the SOA input. 
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Figure 41. Measured (solid lines) FBG amplitude (a) and phase (b) response. Markers represent the spectral 
locations used to obtain the 3D and contour results. 

3D and contour plots in Fig. 39 and 40 represent the experimental results for 
the microwave phase shift as a function of the SOA injection current, as well as the 
spectral position of the red-shifted sideband within the FBG. Different RF phase 
shift values were measured for different red-shifted sideband locations. The results 
were obtained for two optical powers at the SOA input of 0dBm (Fig. 39) and 
2dBm (Fig. 40). The targeted frequency areas are labelled as phase advance and 
delay. The measured spectral response of the FBG is shown in Fig. 41. Solid lines 
represent the measured amplitude and phase shift responses, while markers illus-
trate the spectral positions used to obtain the results illustrated in Fig. 39 and 40. 
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Figure 39. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 0dBm optical power is applied at the SOA input. 
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Figure 40. 3D (a) and contour (b) representation of the measured RF phase shift as a function of both SOA 
input current and FBG frequency detuning when 2dBm optical power is applied at the SOA input. 
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Figure 41. Measured (solid lines) FBG amplitude (a) and phase (b) response. Markers represent the spectral 
locations used to obtain the 3D and contour results. 

3D and contour plots in Fig. 39 and 40 represent the experimental results for 
the microwave phase shift as a function of the SOA injection current, as well as the 
spectral position of the red-shifted sideband within the FBG. Different RF phase 
shift values were measured for different red-shifted sideband locations. The results 
were obtained for two optical powers at the SOA input of 0dBm (Fig. 39) and 
2dBm (Fig. 40). The targeted frequency areas are labelled as phase advance and 
delay. The measured spectral response of the FBG is shown in Fig. 41. Solid lines 
represent the measured amplitude and phase shift responses, while markers illus-
trate the spectral positions used to obtain the results illustrated in Fig. 39 and 40. 

(b)

Figure 4.42: Measured (solid curves) FBG (a) amplitude and (b) phase response.
Markers represent the spectral locations used to obtain the 3D and contour results.
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The frequency area which allows generating positive and negative RF phase shifts 
is symbolized by the red inverted delta marker ( ). They correspond to an attenua-
tion of ~ 40 dB and a phase shift ranging from 20º to 80º, which means more than 
1GHz operational bandwidth.  
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Figure 42. Theoretical (lines) and experimental (markers) photodetected RF power and phase shift as function 
of the SOA input current when the input power is fixed at 0dBm and 2dBm. 

Fig. 42 illustrates the experimental (markers) and theoretical (solid lines) re-
sults for the phase shift and power variation induced by slow and fast light effects 
through changing the injection current of the SOA for two different optical input 
powers, 0 and 2 dBm. For these two optical power levels, the reference phase is 
chosen at the injection current of 200 mA and for 0 dBm optical power. To reach 
these high values of RF phase shift, the FBG frequency detuning was fixed to pro-
vide 40dB attenuation level and 60º phase shift over the red-shifted sideband. Being 
the SOA less saturated (0 dBm), ~185º phase advance is achieved. On the other 
hand, the additional ~175º phase delay, shown in the right part of Fig. 42, is in-
duced by increasing 2 dB the optical input power. The phase shift reaches 360º by 
the combination of both slow and fast light effects. As expected, the sharp increase 
of the phase shift corresponds to a depth dip in the RF power. In addition, this con-
figuration provides more degrees of tunability. Since the total phase shift depends 
on the filter detuning, the central frequency of the laser as well as the grating spec-
tral position can be used for this purpose. Moreover, as with the optical power, the 
polarization state at the SOA input enables the modification of the CPO efficiency. 

It has been shown that the optical filter enhances the available microwave fre-
quency up to high values. Nonetheless, the instantaneous bandwidth of the micro-
wave phase shifter highly depends on the filtering scheme. It has to ensure that at a 
certain frequency range the fast light condition is met. In this particular case, it can 
be achieved within a bandwidth greater than 1GHz. Narrower filters would allow 
operating at lower frequencies but at the cost of using less operational bandwidth. 

5.4 FOMs evaluation 

The proposed structure is now evaluated in terms of several FOMs in order to as-
sure its implementation in real MWP systems. As it was evaluated for the SOA-
cascade-based phase shifter, RF net gain, NF and SFDR concerning 2nd and 3rd 

Figure 4.43: Theoretical (lines) and experimental (markers) photodetected RF power
and phase shift as function of the SOA input current when the input power is fixed
at 0 dBm and 2 dBm.

Figure 4.43 illustrates the experimental (markers) and theoretical (solid curves)
results for the phase shift and power variation induced by slow and fast light effects
through changing the injection current of the SOA for two different optical input
powers, 0 and 2 dBm. For these two optical power levels, the reference phase is
chosen at the injection current of 200 mA and for 0 dBm optical power. To reach
these high values of RF phase shift, the FBG frequency detuning was fixed to provide
40 dB attenuation level and 60° phase shift over the red-shifted sideband. Being the
SOA less saturated (0 dBm), ∼ 185° phase advance is achieved. On the other hand,
the additional ∼ 175° phase delay, shown in the right part of Fig. 4.43, is induced
by increasing 2 dB the optical input power. The phase shift reaches 360° by the
combination of both slow and fast light effects. As expected, the sharp increase of the
phase shift corresponds to a deep dip in the RF power. In addition, this configuration
provides more degrees of tunability. Since the total phase shift depends on the filter
detuning, the central frequency of the laser as well as the grating spectral position
can be used for this purpose. Moreover, as with the optical power, the polarization
state at the SOA input enables the modification of the CPO efficiency.

It has been shown that the optical filter enhances the available microwave
frequency. Nonetheless, the instantaneous bandwidth of the microwave phase shifter
depends highly on the filtering scheme. It has to ensure that at a certain frequency
range the fast light condition is met. In this particular case, it can be achieved within
a bandwidth greater than 1 GHz. Narrower filters would allow operating at lower
central frequencies but at the cost of using less operational bandwidth.

4.6.4 FOMs evaluation

The proposed structure is now evaluated in terms of several FOMs in order to assure
its implementation in real MWP systems. As it was evaluated for the SOA-cascade-
based phase shifter, RF net gain, NF and SFDR concerning 2nd and 3rd order intermo-
dulation products are the metrics employed for the cited assessment. The evaluation
has been carried out at the same modulating frequencies used in section 4.5 (20 GHz
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and 20.5 GHz) and for the SOA injection current values where the RF phase shifts
take place. Furthermore, average metric levels for this phase shifter implementation,
as well as the cascaded approach by using 3 PSSs, are represented in order to make
a comparison between both solutions.

9    CAPÍTULO 1  
 

order intermodulation products are the metrics employed for the cited assessment. 
The evaluation has been carried out for the SOA injection current values where the 
RF phase shifts take place. The performance has been evaluated at the same modu-
lating frequencies used in section 4, 20 GHz and 20.5 GHz. Furthermore, average 
metric levels for this phase shifter implementation, as well as the cascaded approach 
by using 3PSS, are represented in order to make a comparison between both solu-
tions. 

200 175 150 125 100 125 150 175 200
-30

-25

-20

-15

-10

-5

0

5

SOA injection current (mA)

R
F

 g
a

in
 (

d
B

)

Pin=0dBm
Pin=2dBm

Average RF gain

Average RF gain 3PSS
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power illustrated in Fig. 42. More than 25 dB of gain variation are achieved by 
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average RF gain level of around -5 dBm is obtained. This means an improvement of 
the average gain level in around 12 dB compared to the cascaded case. 
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Fig. 44. Theoretical (solid lines) and experimental (markers) output SNR (a) and NF (b) as a function of the 
SOA injection current when the input power is set either at 0dBm or 2dBm. Dashed lines represent the average 
level for the single SOA implementation while “x” markers show the average gain when cascading 3 PSS.  

Figure 4.44: Theoretical (solid curve) and experimental (squared markers) RF net
gain as a function of the SOA injection current when the input power is set either
at 0 dBm or 2 dBm. Dashed curve represents the average level for the single SOA
implementation while ”x” markers show the average gain when cascading 3 PSSs.

Figure 4.44 reports the RF net gain as a function of the SOA injection current
for two different optical input powers, 0 dBm and 2 dBm, at 20 GHz of modulation
frequency. As expected, it obeys the same behavior than the photodetected RF power
illustrated in Fig. 4.43. More than 25 dB of gain variation are achieved by tuning the
injection current. Besides, by using an input RF power of -15 dBm, an average RF
gain level of around -5 dBm is obtained. This means an improvement of the average
gain level of about 12 dB compared with the cascaded case.

Figures 4.45(a) and 4.45(b) show respectively the evolution of the output SNR
and NF as a function of the SOA injection current for two different optical powers at
the SOA input. The inset in Fig. 4.45(a) represents the noise floor level integrated
in a 100 MHz bandwidth by tuning the SOA injection current. A noise degradation
of more than 10 dB is observed. On average, an output SNR level of around 33 dB is
reached, while 48 dB of SNR is obtained at the system input. An SNR improvement of
more than 15 dB compared with the case where 3 PSSs are implemented is illustrated.
On the right, peaks in the NF response match the depth dips in the SNRout plot.
NF upper limit of 36 dB is reached, while its average levels turns around 15 dB. This
means an increase of the NF level of ∼ 15 dB with respect to the case in which 3
PSSs are implemented.

On the other hand, Figs. 4.46(a) and 4.46(b) illustrate the evolution of both
SFDR2 and SFDR3 terms, respectively, as a function of the SOA injection current
comprising again 0 dBm and 2 dBm of optical power at the SOA input. It is clearly
observed that the tendency is roughly the same for the SFDR2 and SFDR3 terms,
despite the large spectral separation (40 GHz) between both SFDR2 terms. At the
SOA output, average SFDR2 and SFDR3 values around 63 dB·Hz1/2 and 88 dB·Hz2/3

are achieved. The values of SFDR from each pair of both 2nd and 3rd intermodulation
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Fig. 44. Theoretical (solid lines) and experimental (markers) output SNR (a) and NF (b) as a function of the 
SOA injection current when the input power is set either at 0dBm or 2dBm. Dashed lines represent the average 
level for the single SOA implementation while “x” markers show the average gain when cascading 3 PSS.  

(b)

Figure 4.45: Theoretical (solid curves) and experimental (markers) output (a) SNR
and (b) NF as a function of the SOA injection current when the input power is set
either at 0 dBm or 2 dBm. Dashed curves represent the average level for the single
SOA implementation while ”x” markers show the average gain when cascading 3 PSSs.
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Fig. 44(a) and 44(b) show the evolution of the output SNR and NF respective-
ly as a function of the SOA injection current for two different optical powers at the 
SOA input. The inset in Fig 44(a) represents the noise floor level integrated in a 
100MHz bandwidth by tuning the SOA injection current. Noise degradation by 
more than 10 dB is observed. In average, an output SNR level of around 33 dB is 
reached, while 48 dB of SNR is obtained at the system input. An SNR improvement 
of more than 15 dB compared with the case where 3PSSs are implemented is illus-
trated. On the right, peaks in the NF response match the depth dips in the SNRout 
plot. NF upper limit of 36 dB is reached, while its average levels turns around 15 
dB. This means an increase of the NF level of ~ 15 dB with respect to the case in 
which 3 PSSs are implemented. 
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Fig. 45. Theoretical (solid lines) and experimental (markers) SFDR2 (a) and SFDR3 (b) as a function of the 
SOA injection current when the input power is set either at 0dBm or 2dBm. Dashed lines represent the aver-
age level for the single SOA implementation while “x” markers show the average gain when cascading 3PSS.  

On the other hand, Fig. 45(a) and 45(b) illustrate the evolution of both SFDR2 
and SFDR3 respectively as a function of the SOA injection current comprising 
again 0 dBm and 2 dBm of optical power at the SOA input. It is clearly observed 
that the tendency is roughly the same for the SFDR2 and SFDR3 terms, despite the 
large spectral separation (40 GHz) between both SFDR2 terms. At the SOA output, 
average SFDR2 and SFDR3 values around 63 dB·Hz1/2 and 88 dB·Hz2/3 are achieved. 
The values of SFDR from each pair of both 2nd and 3rd intermodulation products at 
the SOA input are 83 dB·Hz1/2 and 100 dB·Hz2/3 respectively. Higher 2nd order non-
linear distortion degradation (20 dB) is obtained compared with third order distor-
tion (12 dB). However, an SFDR increase of ~ 14 dB and ~ 20 dB, respectively for 
the second and third order intermodulation, is obtained compared to the case in 
which the cascaded structure is assembled. The depth dips deviation in their re-
sponses indicates that the SFDR dynamics don’t follow the same behavior as a 
function of the injection current compared to that seen either in Fig 43 or 44(a). 
This can be understood in terms of 2nd and 3rd order distortion, since their RF pow-
ers are slightly deviated as a function of the bias point.  

(a)
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Fig. 45. Theoretical (solid lines) and experimental (markers) SFDR2 (a) and SFDR3 (b) as a function of the 
SOA injection current when the input power is set either at 0dBm or 2dBm. Dashed lines represent the aver-
age level for the single SOA implementation while “x” markers show the average gain when cascading 3PSS.  

On the other hand, Fig. 45(a) and 45(b) illustrate the evolution of both SFDR2 
and SFDR3 respectively as a function of the SOA injection current comprising 
again 0 dBm and 2 dBm of optical power at the SOA input. It is clearly observed 
that the tendency is roughly the same for the SFDR2 and SFDR3 terms, despite the 
large spectral separation (40 GHz) between both SFDR2 terms. At the SOA output, 
average SFDR2 and SFDR3 values around 63 dB·Hz1/2 and 88 dB·Hz2/3 are achieved. 
The values of SFDR from each pair of both 2nd and 3rd intermodulation products at 
the SOA input are 83 dB·Hz1/2 and 100 dB·Hz2/3 respectively. Higher 2nd order non-
linear distortion degradation (20 dB) is obtained compared with third order distor-
tion (12 dB). However, an SFDR increase of ~ 14 dB and ~ 20 dB, respectively for 
the second and third order intermodulation, is obtained compared to the case in 
which the cascaded structure is assembled. The depth dips deviation in their re-
sponses indicates that the SFDR dynamics don’t follow the same behavior as a 
function of the injection current compared to that seen either in Fig 43 or 44(a). 
This can be understood in terms of 2nd and 3rd order distortion, since their RF pow-
ers are slightly deviated as a function of the bias point.  

(b)

Figure 4.46: Theoretical (solid curves) and experimental (markers) (a) SFDR2 and (a)
SFDR3 as a function of the SOA injection current when the input power is set either
at 0 dBm or 2 dBm. Dashed curves represent the average level for the single SOA
implementation while ”x” markers show the average gain when cascading 3 PSSs.
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products at the SOA input are 83 dB·Hz1/2 and 100 dB·Hz2/3, respectively. Higher
2nd order nonlinear distortion degradation (20 dB) is obtained compared with third
order distortion (12 dB). However, an SFDR increase of ∼ 14 dB and ∼ 20 dB,
respectively, for the second and third order intermodulation, is obtained compared to
the case in which the cascaded structure is assembled. The depth dips deviation in
their responses indicates that the SFDR dynamics do not follow the same behavior
as a function of the injection current compared to that seen either in Fig 4.44 or
4.45(a). This can be understood in terms of 2nd and 3rd order distortion, since their
RF powers are slightly deviated as a function of the bias point.

Once observed the obtained metrics, it is possible to conclude that the main
drawback of this technique is the inverse relation between total phase shift and low RF
power level. Sharp phase slopes, and therefore depth power dips, are required to reach
the desired 360°. This way the system performance turns diminished in terms of gain,
noise and SFDR due to its straight dependence. For smaller phase shift requirements,
i.e. less than 2π, different filtering scenarios can be considered in order to reduce the
depth of the dip. The SNR performance can be also enhanced equalizing the detected
power over the entire phase shifting tunability range. However, this implementation
can be efficiently employed to obtain discrete phase shifts, either π or 2π, featuring
high operational bandwidth and very fast tunability speed (hundred of ps) without
power penalties.

4.7 Fully tunable MWP filter using the single SOA
based phase shifter implementation

Based on the results exposed in last section, it can be concluded that a tailored
filtering scheme after the SOA can provide a way to achieve a 360° microwave phase
shift by combination of both slow and fast light effects. Therefore, this single-SOA
basic configuration appears as one promising alternative for developing fully tunable
MWP filters. In such a way, a tunable notch-type incoherent MWP filter has been
accomplished by means of the phase shifter implementation described in section 4.5.

1 
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Fig. 46. Experimental setup of a fully tunable two-tap MWP notch filter based on the single SOA phase shifter 
performance.  

Fig. 46 shows the experimental set-up. The microwave notch filter itself com-
prised a simple Mach-Zehnder interferometer composed of two arms, one of which 
incorporates the microwave phase shifter, shown in the upper path, which was made 
up of an SOA followed by a tailored FBG. The EDFA and VOA1 were used to ad-
just the SOA input optical power in order to switch from slow to fast light regime. 
A fixed delay was introduced in the lower branch of the MPF layout to provide the 
desired spectral response. In addition, a balanced photodetector was employed to 
avoid coherence constraints, since the optical path length imbalance between the 
two branches was not large enough to accomplish the condition of incoherent 
regime. A second tunable attenuator (VOA2) provided microwave power balance 
between the two arms to compensate the power variations at the phase shifter out-
put. Tuning the central frequency of the filter was accomplished by two different 
control mechanisms: changing the SOA injection current or varying the optical 
input power. The RF input and output signal were, respectively, generated and 
collected by using a high-bandwidth VNA. 

The transfer function of a two tap Finite Impulse Response (FIR) filter [5], as 
the one implemented in this section, can be expressed as  

    
1 2

2 ,i f TH f a a e       
(1) 

where a1 and a2 are complex coefficients related to each filter tap, ∆T represents the 
filter’s nominal delay and ϕ symbolizes the phase shift. In principle, the notch depth 
depends on the amplitude difference between both coefficients a1 and a2, while the 
response period or free spectral range (FSR) is inversely related to that elementary 

Figure 4.47: Experimental setup of a fully tunable two-tap MWP notch filter based
on the single SOA phase shifter performance.
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4.7. Fully tunable MWP filter using the single SOA based phase shifter

implementation

Figure 4.47 shows the experimental setup. The microwave notch filter com-
prised a simple Mach-Zehnder interferometer composed of two arms, one of which
incorporates the microwave phase shifter, shown in the upper path, which was made
up of an SOA followed by a tailored FBG. The EDFA and VOA1 were used to ad-
just the SOA input optical power in order to switch from slow to fast light regime.
A fixed delay was introduced in the lower branch of the filter layout to provide the
desired spectral response. In addition, a balanced photodetector was employed to
avoid coherence constraints, since the optical path length imbalance between the two
branches was not large enough to accomplish the condition of incoherent regime. A
second tunable attenuator (VOA2) provided microwave power balance between the
two arms to compensate the power variations at the phase shifter output. Tuning
the central frequency of the filter was accomplished by two different control mecha-
nisms: changing the SOA injection current or varying the optical input power. The
RF input and output signal were, respectively, generated and collected by using a
high-bandwidth VNA.

It has been previously reported that microwave phase shifts up to 360° were
obtained at 20 GHz by combination of slow and fast light effects in SOAs. Further
achievements are presented in Fig. 4.48, where the measured RF power and phase
shifter responses within 1 GHz bandwidth centered at 40 GHz are illustrated. As it
can clearly seen, different SOA injection currents and optical input power combina-
tions yield nearly constant phase shifts over 1 GHz bandwidth. Full 2π tunability is
demonstrated at 40 GHz. However, a low-pass filtering behavior is observed in the
power response, due to the SOA dynamics. A maximum RF power variation of ∼
2 dB is obtained. It should be noted that at certain combinations of current and
optical power, the power response is highly degraded (more than 20 dB) as it has
been shown in Fig. 4.43. Nevertheless, normalized power results have been plotted
since this degradation can be compensated by a tunable attenuator.
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delay between adjacent filter contributions (FSR=1/∆T). The tuning of the central 
frequency of a transversal filter requires the variation of ϕ, thus the phase shifter 
tunability can modify the spectral location of the filter notches. 
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Fig. 47. Normalized RF power (a) and phase shift (b) responses as a function of the modulation frequency for 
different SOA injection currents and input optical powers. 

It has been previously reported that microwave phase shifts up to 360º were 
obtained at 20 GHz by combination of slow and fast light effects in SOAs. Further 
achievements are presented in Fig. 47, where the measured RF power and phase 
shifter responses within 1 GHz bandwidth centered at 40 GHz are illustrated. As we 
can clearly see, different SOA injection currents and optical input power combina-
tions yield nearly constant phase shifts over 1 GHz bandwidth. Full 2π tunability is 
demonstrated at 40 GHz. However, a low-pass filtering behavior is observed in the 
power response, due to the SOA dynamics. A maximum RF power variation of ~ 2 
dB is obtained. It should be noted that at certain current and optical power combina-
tions, the power response turns in highly degradation (more than 20 dB) as it has 
been shown in Fig. 42. Nevertheless, normalized power results have been plotted 
since this degradation can be compensated by a tunable attenuator. 
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Fig. 48. Frequency response of the two-tap complex-valued filter showing tunability. 
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Fig. 47. Normalized RF power (a) and phase shift (b) responses as a function of the modulation frequency for 
different SOA injection currents and input optical powers. 

It has been previously reported that microwave phase shifts up to 360º were 
obtained at 20 GHz by combination of slow and fast light effects in SOAs. Further 
achievements are presented in Fig. 47, where the measured RF power and phase 
shifter responses within 1 GHz bandwidth centered at 40 GHz are illustrated. As we 
can clearly see, different SOA injection currents and optical input power combina-
tions yield nearly constant phase shifts over 1 GHz bandwidth. Full 2π tunability is 
demonstrated at 40 GHz. However, a low-pass filtering behavior is observed in the 
power response, due to the SOA dynamics. A maximum RF power variation of ~ 2 
dB is obtained. It should be noted that at certain current and optical power combina-
tions, the power response turns in highly degradation (more than 20 dB) as it has 
been shown in Fig. 42. Nevertheless, normalized power results have been plotted 
since this degradation can be compensated by a tunable attenuator. 
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Fig. 48. Frequency response of the two-tap complex-valued filter showing tunability. 

(b)

Figure 4.48: Normalized (a) RF power and (b) phase shift responses as a function
of the modulation frequency for different SOA injection currents and input optical
powers.
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Figure 4.49 shows the measured filter response for different SOA injection
currents and optical input powers. The SOA injection currents and optical input
power combinations for each curve correspond to those illustrated in Fig. 4.48(b).
Experimental measurements (solid curve) are compared to theoretical calculations
(markers) showing excellent agreement. The spectral response at the SOA injection
current of 200 mA and optical input power of 0 dBm is chosen as the reference. The
FSR obtained corresponds to 340 MHz, which means ∼ 60 cm optical fiber length
imbalance between the two optical paths. A continuously 100% fractional tuning is
obtained, while high notch rejection is achieved over the entire tuning range.

It is noticeable that the shape of the filter transfer function remains unaltered
since there is no need to change the filter’s basic delay in order to tune the transfer
function. A stable filter response was obtained using the balanced photodetector,
demonstrating that the tunable notch filter is free of coherence interference. The
main drawback of the proposed scheme is derived from the fact that tuning the phase
shifter performance not only affects its phase shift, but also alters its power level.
However, this can be compensated by a tunable attenuator (VOA2).
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delay between adjacent filter contributions (FSR=1/∆T). The tuning of the central 
frequency of a transversal filter requires the variation of ϕ, thus the phase shifter 
tunability can modify the spectral location of the filter notches. 
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Fig. 47. Normalized RF power (a) and phase shift (b) responses as a function of the modulation frequency for 
different SOA injection currents and input optical powers. 

It has been previously reported that microwave phase shifts up to 360º were 
obtained at 20 GHz by combination of slow and fast light effects in SOAs. Further 
achievements are presented in Fig. 47, where the measured RF power and phase 
shifter responses within 1 GHz bandwidth centered at 40 GHz are illustrated. As we 
can clearly see, different SOA injection currents and optical input power combina-
tions yield nearly constant phase shifts over 1 GHz bandwidth. Full 2π tunability is 
demonstrated at 40 GHz. However, a low-pass filtering behavior is observed in the 
power response, due to the SOA dynamics. A maximum RF power variation of ~ 2 
dB is obtained. It should be noted that at certain current and optical power combina-
tions, the power response turns in highly degradation (more than 20 dB) as it has 
been shown in Fig. 42. Nevertheless, normalized power results have been plotted 
since this degradation can be compensated by a tunable attenuator. 
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Figure 4.49: Frequency response of the two-tap complex-valued filter showing tuna-
bility.

4.8 True time delay line based on cross gain modu-
lation in SOAs

The reported results shown in previous sections have been obtained through CPO
effects in SOAs. This way a 360° phase shifter with broadband operation has been
successfully obtained. In addition, a fully tunable notch-type MWP filter over its
entire FSR has been demonstrated. Nevertheless, the achievement of TTD by using
CPO effects cannot be accomplished over a broad bandwidth, i.e. tens of GHz, due
to fundamental limitations [13, 109]. Up-converted CPO, in combination with XGM
effects in SOAs [79,110], enables to get rid of extend the operating frequency, leading
to the generation of time delays at any high frequencies in a single SOA device [111].
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However, in this co-propagating configuration, the XGM response exhibits a narrow-
band TTD response (< 1 GHz) [85].

Nevertheless, XGM effects in SOAs can perform the achievement of broadband
TTDs among two counter-propagating optical signals [86]. When these two optical
beams propagate in opposite directions along the semiconductor waveguide the XGM
response drops off significantly faster with the modulation frequency compared with
the co-propagation case [111]. Altering the slope of the fall-off edge of the XGM
response will lead to group velocity changes of the converted probe beam after the SOA
propagation. In this way, tunable true time delays ∼ 10 ps have been demonstrated
over a microwave frequency band from few GHZ to 35 GHz [86].

Here, the possibility to improve the reported TTD value is investigated by a
tailored engineered nonlinear SOA. Relevant features are its small cross section, 1
mm-long waveguide and a low saturation power Psat of 1 mW.

Figure 4.50 depicts the experimental setup to measure the time delay induced
by XGM effects when two optical beams are counter-propagating through the SOA.
The DFB-LD 1 light output at 1556.53 nm was modulated by the VNA RF output
port. Its optical power at the input of the SOA was controlled by both the EDFA and
VOA. The wavelength of the DFB-LD 2 was set at 1545 nm, and its optical power
was fixed at -5 dBm. Four-wave mixing effects between both lasers can be neglected
due to the large detuning. The SOA was electrically biased at 300 mA. PCs were
used to maximize the XGM effect. After the SOA propagation, the light coming from
the DBF-LD 2 was selected by an optical circulator, detected and measured by the
VNA RF input port.
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7. True time delay based on cross gain modulation in 
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The reported results shown in previous sections have been obtained through CPO 
effects in SOAs. This way a 360\textdegree $\rm{ }$ phase shifter with broadband 
operation has been successfully obtained. In addition, a fully tunable notch-type 
MWP filter over its entire FSR has been demonstrated. Nevertheless, the achieve-
ment of TTD by using CPO effects cannot be accomplished over a broad band-
width, i.e. tens of GHz, due to fundamental limitations \cite{Uskov2006, 
Mork2005}.  

The XGM effect in SOAs can perform the achievement of broadband TTDs among 
two counter-propagating optical signals \cite{Xue2011}. It has been also demon-
strated in a co-propagating configuration \cite{Xue2011}. However, in this case, 
the XGM response exhibits a low-pass filter behavior (few GHz), since the SOA 
cannot follow the optical power variation when the intensity modulation frequency 
is larger than the inverse of the carrier lifetime. For the counter-propagating config-
uration, when two optical beams propagate in opposite directions in the semicon-
ductor waveguide the XGM response drips off significantly faster with the modula-
tion frequency compared with the co-propagation case. Altering the slope of the 
fall-off edge of the XGM response will lead to group velocity changes of the con-
verted probe beam after the SOA propagation. In this way, tunable true time delays 
up to 10.5 ps have been demonstrated over a microwave frequency band from few 
GHZ to 35 GHz \cite{Xue2011}. 

Here, the possibility to improve the reported TTD value is investigated by a tailored 
engineered nonlinear SOA. Relevant features are its low cross section, 1.5 mm-long 
waveguide and a low saturation power $P_{sat}$ of 1 mW. 

Figure \ref{fig:SOATTD1} depicts the experimental setup to measure the time 
delay induced by XGM effects when two optical beams are counter-propagating 
through the SOA. The DFB-LD 1 light output at 1556.53 nm was modulated by the 
VNA RF output port. Its optical power at the input of the SOA was controlled by 
the EDFA and VOA. The wavelength of the DFB-LD 2 was set at 1545 nm, and its 
optical power was fixed at -5 dBm. Four-wave mixing effects between both lasers 
can be neglected due to the large detuning. The SOA was electrically biased at 300 
mA. PCs were used to maximize the XGM effect. After the SOA propagation, the 
light coming from the DBF-LD 2 was selected by an optical circulator, detected and 
measured by the VNA RF input port. 
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Figure 4.50: Experimental setup of a tunable true time delay line based on XGM
effects in an SOA.

Figures 4.51(a) and 4.51(b) show the experimental RF power and phase shift
responses of the XGM effect, respectively, as a function of the RF frequency when
the optical power of the DFB-LD 1 is changed from -9 to 6 dBm. These results
have been normalized to their minimum value in order to clearly compare the slopes.
The power variation of the XGM response seen in 4.51(a) is caused by the transit
time effect between both counter-propagating signals [112]. These slope changes thus
imply large variations in the phase response of the RF signal carried by the DFB-LD
2, as illustrated in Fig. 4.51(b). As it is clearly observed, the phase shift exhibits a
nearly linear behavior over a frequency range from few MHz to 40 GHz.
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SOATTD1. Experimental setup of a tunable true time delay line based on XGM effects in an SOA. 

Figures \ref{fig:SOATTD2a} and \ref{fig:SOATTD2b} show the experi-
mental RF power and phase shift responses of the XGM effect, respectively, as a 
function of the RF frequency when the optical power of the DFB-LD 1 is changed 
from -9 to 6 dBm. These results have been normalized to their minimum value in 
order to clearly compare the slopes. The power variation of the XGM response seen 
in \ref{fig:SOATTD2a} is caused by the transit time effect between both counter-
propagating signals \ref{Nielsen2000}. These slope changes thus imply large varia-
tions in the phase response of the RF signal carried by the DFB-LD 2, as illustrated 
in Fig. \ref{fig:SOATTD2b}. As it is clearly observed, the phase shift exhibits a 
nearly linear behavior over a frequency range from few MHz to 40 GHz. 
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SOATTD2. (a) Normalized RF power and (b) phase shift of the XGM response as a function of the modula-
tion frequency for different SOA input optical powers. 

On the other hand, the measured time delay is illustrated in Fig. 
\ref{fig:SOATTD3}. Around 40 ps tunable true time delay is obtained up to 35 
GHz by tuning 15 dB the SOA input optical power. 
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SOATTD3. RF delay of the XGM response as a function of the modulation frequency for different SOA input 
optical powers. 
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tions in the phase response of the RF signal carried by the DFB-LD 2, as illustrated 
in Fig. \ref{fig:SOATTD2b}. As it is clearly observed, the phase shift exhibits a 
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SOATTD2. (a) Normalized RF power and (b) phase shift of the XGM response as a function of the modula-
tion frequency for different SOA input optical powers. 

On the other hand, the measured time delay is illustrated in Fig. 
\ref{fig:SOATTD3}. Around 40 ps tunable true time delay is obtained up to 35 
GHz by tuning 15 dB the SOA input optical power. 
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SOATTD3. RF delay of the XGM response as a function of the modulation frequency for different SOA input 
optical powers. 

(b)

Figure 4.51: Normalized (a) RF power and (b) phase shift of the XGM response as a
function of the modulation frequency for different optical powers at the SOA input

On the other hand, the measured time delay is illustrated in Fig. 4.52. Around
40 ps tunable true time delay can be obtained up to 35 GHz by tuning 15 dB the
SOA input optical power.
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order to clearly compare the slopes. The power variation of the XGM response seen 
in \ref{fig:SOATTD2a} is caused by the transit time effect between both counter-
propagating signals \ref{Nielsen2000}. These slope changes thus imply large varia-
tions in the phase response of the RF signal carried by the DFB-LD 2, as illustrated 
in Fig. \ref{fig:SOATTD2b}. As it is clearly observed, the phase shift exhibits a 
nearly linear behavior over a frequency range from few MHz to 40 GHz. 
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SOATTD2. (a) Normalized RF power and (b) phase shift of the XGM response as a function of the modula-
tion frequency for different SOA input optical powers. 

On the other hand, the measured time delay is illustrated in Fig. 
\ref{fig:SOATTD3}. Around 40 ps tunable true time delay is obtained up to 35 
GHz by tuning 15 dB the SOA input optical power. 
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SOATTD3. RF delay of the XGM response as a function of the modulation frequency for different SOA input 
optical powers. Figure 4.52: RF delay of the XGM response as a function of the modulation frequency

for different SOA input optical powers.

4.9 Conclusions

In this chapter, a theoretical and experimental evaluation of the propagation, gene-
ration and amplification of signal, harmonic and intermodulation distortion terms in
a MWP phase shifter, comprehending one or several stages of SOA under CPO regime
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followed by an optical filter have been presented. A general optical field based model
applicable to any number of arbitrarily spaced modulating tones that accounts for
nonlinear distortion up to order D has been described.

For MWP applications where large signal operation is required, two different
optical filtering implementations for the proper design of distortion-free phase shifters
have been proposed. The performance of the phase shifter has been evaluated con-
sidering up to 3rd order distortion when the modulating signal is composed of two
RF tones, distinguishing two different spectral separations between them, namely 0.5
and 3 GHz, with the purpose of covering different MWP applications. The nonlinear
evaluation has been carried out as a function of the SOA input optical power, injec-
tion current and modulation frequency. It has been confirmed that CPO based phase
shifters are mainly limited by second order nonlinear distortion which can, neverthe-
less be overcome by pacing all the relevant input signals within an octave in the RF
spectrum. This nonlinear distortion increases beyond the signal level after cascading
three phase shifter structures, mainly due to the ASE accumulation.

In addition, the SFL effects induced by the optical filtering stage placed at
the SOA output have been investigated. This way up to 360° phase shift has been
demonstrated in a single SOA followed by a tailored FBG. The proposed scheme
saves four SOAs and two optical filters compared with the best scheme previously
reported [84]. In order to obtain an increase of the total phase shift by adding slow
and fast effects, a very deep notch is induced in the phase shifter performance, which
diminishes the SNR in the range of injected currents where the abrupt phase change
takes place. It has been demonstrated that the phase shifter bandwidth, as well as
the operating frequency, are strongly dependent on the filtering scheme. It has to be
ensured that at a certain frequency range the fast light condition is met. In this case,
an instantaneous bandwidth greater than 1 GHz has been successfully achieved.

The performance of the cascaded and single SOA MWP phase shifter configu-
rations has been evaluated and compared in terms of several figures of merit. Indeed,
the evaluation has focused on the assessment of the RF net gain, NF and SFDR as
a function of the bias currents injected into the phase shifter stages. The behavior
shown by the net gain and NF has been determined by the RF output power. Howe-
ver, the SFDR results have been mainly imposed by slightly changes in the slope of
the generated distortion as a function of the bias currents. Maximum RF net gain
variation of 27 dB, upper NF limit of 36 dB and minimum SFDR3 of 70 dB·Hz2/3

have been obtained for a single PSS, while the cascaded structure has reached ∼ 10
dB gain variation, 37 dB maximum NF and 60 dB·Hz2/3 minimum SFDR3. On the
other hand, the average levels at the output of the cascaded structure turned in a
system degradation of 12 dB, 15 dB and 20 dB for the RF net gain, NF and SFDR
respectively compared with the single PSS based approach. Optimized performance
can be accomplished, especially for the cascaded structure, by proper adjustment of
the optical input power and the bias currents injected into all the SOAs.

The implementation of the fully tunable MWP phase shifter based on the single
SOA approach has been deployed for the development of a reconfigurable MWP notch
filter. The phase shifter, which was placed in one branch of the MZ structure, led
to the 100% tunability of the filter central frequency without any spectral and shape
alteration.
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Finally, a MWP true time delay line realized by XGM effects in SOAs has been
addressed in a counter-propagation configuration [86]. Around 40 ps continuously
tunable true time delay up to 35 GHz has been demonstrated.

The reported phase shifter based on CPO effects requires the use of an optical
filter after the SOA propagation. Despite an FBG has been deployed in this chapter,
the combination of SOA followed by a more compact structure, such as a ring reso-
nator, can perform the same results. In this way, the basic MWP functionalities, i.e.
phase shifters and true time delays, can be achieved through a mm-scale SOA device
based on CPO and XGM effects. This means a footprint reduction of six orders of
magnitude compared with SBS effects in standard fibers and one order of magnitude
compared with DBGs and FBGs.
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Chapter 5

SFL effects in photonic crystals for
MWP applications

5.1 Introduction

MWP signal processing based on the previously described techniques (SBS effects in
chapter 2, FBGs in chapter 3 and SOAs in chapter 4), along with additional reported
approaches in the literature [113–115], rely on discrete optoelectronic devices, optical
fibers and components leading to bulky, expensive and power-consuming architec-
tures.

It must be taken into account that typical delay line footprints range from
several tens of cm when using FBGs or DBGs to a few km when resorting to nonlinear
effects in standard optical fibers. This characteristic will thus not be compatible with
cost-effective solutions as it does not allow the integration of MWP devices on-chip.
A different limitation will also imply that semiconductor-based approaches will not be
capable of outperforming state-of-the-art electronic functionalities. Although SOA-
based TTD (see section 4.8) reduce the footprint to mm-scale, the nonlinear distortion
generation and tunability losses limit its performance in real MWP applications.

Indeed, the miniaturization of MWP processors, such as MWP filters, has been
already reported on resonant delay lines provided by ring cavities and coupled reso-
nant optical waveguides [116,117].Nevertheless, the delay line functionalities achieved
with all these approaches rely on resonant operation, which means that tunable delay
lines are obtained only at selected regions of the optical spectrum and with a limited
operation bandwidth per delay product. Thus, non-resonant tunable dispersive opti-
cal delay lines will overcome this limitation, provided that they bring the required
strong dispersion values in order to reduce the waveguide length.

In this context, PhC waveguides with tailored dispersion engineering are thus
a natural choice towards achieving the goal of integrated MWP processors with un-
precedented performance in terms of bandwidth and delay-length ratio [118].

113
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In this chapter, the use of a GaInP/GaAs highly dispersive PhC waveguides
will be demonstrated for implementing a tunable TTD line onto a mm-sized chip. By
proper wavelength multiplexing of optical carriers, a tunable MWP filter, continuously
tunable up to 50 GHz, will be implemented. In addition, the PhC performance will
be evaluated in terms of several FOMs. These FOMs will address issues concerning
the power consumption, loss penalty derived from the operating frequency and the
delay, tunability limitations, physical size and dispersion-related amplitude distortion
when employing the PhC waveguide as a tunable delay line.

This chapter is the outcome of a week collaboration between UPV and THALES
carried out in the OQCG laboratory.

5.2 Principle and fabrication

PhC membrane technology combines patterning of a regular lattice of holes on a
semiconductor with removal of a sacrificial layer, resulting in an extremely thin
(∼ 200 nm) layer suspended in air. This nanostructured material has unique opti-
cal properties, which can be tailored to a very broad extent through a proper de-
sign [119]. Local breaking of the periodicity (defects) results into photon transport
(waveguide) [120,121] or localization (resonant cavity) [122,123].

A specific feature of membrane PhCs is the existence of a photonic bandgap
(PBG), which appears under appropriate conditions and when the maximum index
contrast is sufficiently large [124]. The PBG can be defined as a range of frequencies
in which light cannot propagate in the structure. In the particular case of planar PhC
waveguides, guided-mode bands propagate through their line defect, confined by total
internal reflection in the vertical direction and Bragg reflection, due to the PBG, in
this lateral direction. These bands can, in principle, be made as flat as desired by the
appropriate design.

The origin of slow light in PhC waveguides arises from the coherent Bragg
reflections, leading to a flat dispersion on the transverse electric (TE) field [125,126].
At these so-called slow light frequencies, the light effectively travels slowly through
the lattice via multiple Bragg reflections, leading to an enhanced local field density.
This enhancement scales inversely with the group velocity, thus decreasing the thresh-
old of intensity-dependent nonlinear effects such as Kerr, multi-photon absorption, or
Raman scattering [127, 128]. The combination of the engineered group velocity en-
hancement, along with the small modal effective area of PhC waveguides (∼ 2·10−13

m2), yields outstanding control over the optical modes [129].

The PhC waveguide employed in this chapter was fabricated using a planar pro-
cess. First, a 200-nm-thick mask of silica was deposited on a semiconductor structure
containing a 180-nm-thick layer of InGaP grown by metal-organic chemical vapour
deposition (MOCVD) on GaAr. Then, a poly-methyl-meta-acrylate (PMMA) resist
was spin on it and exposed using an e-beam writer. After etching of the silica mask,
the III-V material was processed via inductively coupled plasma (ICP) etching and
finally a self-standing membrane was obtained by wet etching of the underlying layer
of GaAs.
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It is important to notice that in these particular waveguides the propaga-
tion loss systematically increases when the group velocity is reduced, because of the
enhanced impact of the fabrication imperfections, mainly roughness at the etched in-
terfaces [130]. Besides, in long PhC waveguides (> 1 mm, as needed for optical delay
lines) the impact of disorder eventually turns into multiple coherent scattering [131],
which is detrimental for real MWP applications. That backscattering depends not
only on the group velocity, but also on the field distribution of the transmission
modes [132].
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Figure 1: (a) PhC design including SEM image of the tapered coupler at the beginning of the waveguides.        
(b) Design of the PhC waveguide with the anti-symmetric shift of the first row of holes.  

It is important to notice that in these particular waveguides the propagation 
loss systematically increases when the group velocity is reduced, because of the 
enhanced impact of the fabrication imperfections, mainly roughness at the etched 
interfaces \cite{Kuramochi2005}. Besides, in long PhC waveguides (> 1 mm, as 
needed for optical delay lines) the impact of disorder eventually turns into multiple 
coherent scattering \cite{Patterson2009}, which is detrimental for applications. That 
backscattering depends not only on the group velocity, but also on the field distribu-
tion of the transmission modes of the waveguide \cite{Hughes2005}.  

The waveguide design is shown in Fig. \ref{fig:PHC1a}. The total length of 
the structure is 1.5 mm. The design consists of a triangular lattice of air holes with a 
period $a$ of $\sim$ 482 nm, and hole radius of $\sim$ 0.26$a$. The first row of 
holes performances a slightly smaller radius ($\sim$ 0.25$a$), as it can be shown in 
the figure inset. The waveguide exhibits reduced loss in the slow light regime as a 
result of both design and fabrication optimization. The main idea is to apply an anti-
symmetric shift of the first row of holes along the waveguide axis by $\sim$ 
0.15$a$, as illustrated in Fig. \ref{fig:PHC1b}. This modification of the waveguide 
symmetry induces a coupling between the even and odd mode resulting in a “hump” 
shaped dependence of the group index on the wavelength, as illustrates the TE 
mode in Fig. \ref{fig:PHC2} \cite{Roy2012}.  

The aforementioned design shows a substantial reduction of backscattering 
and an improvement of the transmission of modes. The estimated minimal prop-
agation loss in the waveguide (~ 1dB) \cite{Roy2012} are added to the attenuation 
due to slow light.  Considering that the best operating point for this waveguide is at 
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close although slightly larger than that reported in \cite{OFaolain2010}. However, 
from the MWP point-of-view, a more appropriate value is the absolute delay that 
can be reached with moderate loss penalty (e.g. 10 dB). In addition, the fabricated 
device contains mode adapters \cite{Tran2009}, shown in \ref{fig:PHC1a}, reduc-
ing the total insertion loss to about 8 dB (from fiber to fiber).  
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Figure 5.1: (a) PhC design including SEM image of the tapered coupler at the be-
ginning of the waveguide. (b) Design of the PhC waveguide with the anti-symmetric
shift of the first row of holes.

The waveguide design is shown in Fig. 5.1(a). The total length of the structure
is 1.5 mm. The design consists of a triangular lattice of air holes with a period
a of ∼ 482 nm, and hole radius of ∼ 0.26a. The first row of holes performances
a slightly smaller radius (∼ 0.25a), as it can be shown in the figure inset. The
waveguide exhibits reduced loss in the slow light regime as a result of both design and
fabrication optimization. The main idea is to apply an anti-symmetric shift of the
first row of holes along the waveguide axis by ∼ 0.15a, as illustrated in Fig. 5.1(b).
This modification of the waveguide symmetry induces a coupling between the even
and odd modes resulting in a ”hump” shaped dependence of the group index on the
wavelength, as illustrates the TE mode in Fig. 5.2 [133]. The transverse magnetic
(TM) mode is also illustrated in Fig. 5.2.

The aforementioned design shows a substantial reduction of backscattering and
an improvement of the transmission of modes. The estimated minimal propagation
loss in the waveguide (around 1dB) [133] is added to the attenuation due to slow light.
Considering that the best operating point for this waveguide in terms of large delay
and moderate loss is at ng = 18 (low impact of disorder), the propagation loss only
increases by about 3 dB [133], so that the total propagation loss must be around 4
dB. In addition, the fabricated device contains mode adapters [134], shown in 5.1(a),
reducing the total insertion loss to about 8 dB (from fiber to fiber).
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Figure 2: Calculated \cite{Roy2012} dispersion (group index vs. wavelength) for the TE and TM 

modes. 

3. True time delay line characterization 

The performance of the PhC acting as a RF signal delay line was characterized 
by measuring both the RF power and delay in the RF domain by inserting the de-
vice into a MWP link, as illustrates the schematic diagram in Fig. \ref{fig:PHC3}. 
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Figure 3: Schematic diagram for the characterization of the PhC-based delay line. 

The DFB-DB output was used as the optical carrier of the MWP. The RF sig-
nal was fed into the link through an EOM, which modulates the optical carrier in-
tensity. PCs were deployed to adjust the polarization state at the input of the EOM 
and PhC waveguide. Lensed fibers were used for input and output optical coupling. 
A high-speed photodetector was followed by an RF amplifier in order to compen-
sate for the loss introduced by the EOM and the PhC device. The power and phase 
variations of the waveguide from 10 MHz to 50 GHz were characterized by means 
of a two-port VNA whose output and input ports were respectively connected to the 
EOM RF input and the RF amplifier output.  

Figure \ref{fig:PHC4a} depicts the measured relative phase shift of the PhC 
waveguide over the full RF frequency range and for optical carrier wavelength 
ranging from 1532 to 1555 nm. A linear variation of the phase shift with respect to 
the RF frequency is observed, which is the signature of TTD. The equivalent group 
delay varies according to the tuning of the optical wavelength, resulting in 100 ps 
delay tunability for a 33 nm optical bandwidth. On the other side, Fig. 
\ref{fig:PHC4a} shows the measured amplitude transfer function. A power varia-
tion of 7 dB, corresponding to a 3.5 dB change of the optical transmission, was 
experienced by the RF signal while tuning the delay up to 70 ps. This delay was 
accomplished by sweeping the carrier wavelength from 1532 nm to 1552 nm. As it 
is clearly observed, further delays turn in a detrimental RF power response. This 

Figure 5.2: Calculated [133] dispersion (group index vs. wavelength) for the TE and
TM modes.

5.3 True time delay characterization

The performance of the PhC acting as a RF signal delay line was characterized by
measuring both the RF power and phase shift in the RF domain when inserting the
device into a MWP link, as illustrates the schematic diagram in Fig. 5.3.
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delay varies according to the tuning of the optical wavelength, resulting in 100 ps 
delay tunability for a 33 nm optical bandwidth. On the other side, Fig. 
\ref{fig:PHC4a} shows the measured amplitude transfer function. A power varia-
tion of 7 dB, corresponding to a 3.5 dB change of the optical transmission, was 
experienced by the RF signal while tuning the delay up to 70 ps. This delay was 
accomplished by sweeping the carrier wavelength from 1532 nm to 1552 nm. As it 
is clearly observed, further delays turn in a detrimental RF power response. This 

Figure 5.3: Schematic diagram for the characterization of the PhC-based delay line.

The DFB-LD output was used as the optical carrier of the MWP link. The
RF signal was fed into the link through an EOM, which modulates the optical carrier
intensity. PCs were deployed to adjust the polarization state at the input of the EOM
and PhC waveguide. Lensed fibers were used for input and output optical coupling. A
high-speed photodetector was followed by an RF amplifier in order to compensate for
the loss introduced by the EOM and the PhC device. The power and phase variations
of the waveguide from 10 MHz to 50 GHz were characterized by means of a two-port
VNA whose output and input ports were respectively connected to the EOM RF
input and the RF amplifier output.

Figure 5.4(a) depicts the measured phase shift of the PhC waveguide over the
full RF frequency range and for optical carrier wavelength ranging from 1532 to 1555
nm. A linear variation of the phase shift with respect to the RF frequency is observed,
which is the signature of TTD. The equivalent group delay varies according to the
tuning of the optical wavelength, resulting in 100 ps delay tunability for a 33 nm
optical bandwidth. On the other side, Fig. 5.4(a) shows the measured amplitude
transfer function. A power variation of 7 dB, corresponding to a 3.5 dB change of
the optical transmission, was experienced by the RF signal while tuning the delay up
to 70 ps. This delay was accomplished by sweeping the carrier wavelength from 1532
nm to 1552 nm. As it is clearly observed, further delays turn in a detrimental RF
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power response. This can be explained as follows: the impact of disorder results in
a fast modulation of the optical transmission spectra, which in principle translates
into a distorted transfer function of the microwave link. However, this effect is only
noticeable when the delay is increased above 80 ps.
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Figure 4: Experimental characterization of the PhC waveguide. (a) RF phase shift and (b) power variation as 
a function of the RF frequency when the carrier wavelength is swept from 1532 to 1555 nm. 

The RF power variations are also shown in Fig. \ref{fig:PHC5b}. The inset il-
lustrates the 7 dB variation along 20 nm optical bandwidth, corresponding to a TTD 
tunability up to 70 ps. The large bandwidth handling capability is a clear advantage, 
since narrow band condition can be assumed. This assumption relies on the fact that 
the optical wavelength has to be swept over 20 nm to span over the full delay range, 
which is very large compared with the RF operating bandwidth ($\sim$ 0.4 nm).  
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Figure 5: 3D representation of the measured RF relative (a) delay and (b) power variation as a function of the 
wavelength and the RF frequency. 
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Figure 5: 3D representation of the measured RF relative (a) delay and (b) power variation as a function of the 
wavelength and the RF frequency. 

(b)

Figure 5.4: (a) RF phase shift and (b) power variation as a function of the RF
frequency when the carrier wavelength is swept from 1532 to 1555 nm.
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The RF power variations are also shown in Fig. \ref{fig:PHC5b}. The inset il-
lustrates the 7 dB variation along 20 nm optical bandwidth, corresponding to a TTD 
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since narrow band condition can be assumed. This assumption relies on the fact that 
the optical wavelength has to be swept over 20 nm to span over the full delay range, 
which is very large compared with the RF operating bandwidth ($\sim$ 0.4 nm).  
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Figure 5: 3D representation of the measured RF relative (a) delay and (b) power variation as a function of the 
wavelength and the RF frequency. 
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a function of the RF frequency when the carrier wavelength is swept from 1532 to 1555 nm. 
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Figure 5: 3D representation of the measured RF relative (a) delay and (b) power variation as a function of the 
wavelength and the RF frequency. 

(b)

Figure 5.5: 3D representation of the measured RF relative (a) delay and (b) power
variation as a function of the wavelength and the RF frequency.

A 3D representation of the RF delay is plotted in Fig. 5.5(a), which is obtained
according to ∆τ = −∆φ/2πν. It involves the measurement of the RF phase shift
along the wavelength range from 1532 to 1555 nm. A flat response over the entire RF
frequency band of the microwave link is obtained, whatever the delay. The overall
bandwidth of the device was limited by the modulator, detector and VNA bandwidths.

The RF power variations are also shown in Fig. 5.5(b). The inset illustrates the
7 dB variation along 20 nm optical bandwidth, corresponding to a TTD tunability up
to 70 ps. The large bandwidth handling capability is a clear advantage, since narrow
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band condition can be assumed. This assumption relies on the fact that the optical
wavelength has to be swept over 20 nm to span over the full delay range, which is
very large compared with the RF operating bandwidth (∼ 0.4 nm).

5.4 MWP filter

The common implementation of a MWP FIR filter follows the approach shown in
Fig. 1.6(a) within chapter 1. However, this scheme does not allow for an easy tuning,
as this requires changing the value of T in each tap of the filter. An alternative
approach (see Fig. 5.6) is based on the combination of a dispersive delay line and
different optical carriers where the value of the basic delay T is changed by tuning the
wavelength separation among the carriers, thereby allowing tunability [135]. While
in the first case (see Fig. 1.6(a)) the intensity or weight of the rth tap, represented
by ar, can be changed by inserting loss/gain devices in the different branches, with
the second approach ar is readily adjusted by changing the optical power emitted by
the optical sources [135]. This sub-section focuses on the approach of Fig. 5.6 since
it becomes more flexible.
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Figure 6: Schematic diagram of the compact approach of a MWP multi-tap filter based on a multi-wavelength 
optical source together with a single dispersive element. 

First, a two-tap MWP notch filter scheme exploiting the group index disparity 
between the TE and TM modes into the PhC waveguide is considered. The princi-
ple of this simple implementation is illustrated in Fig. \ref{fig:PHC7a}. The key 
point is that the dispersion of the TM is negligible compared with that of the TE 
mode. Therefore, when the optical carrier is coupled to the two polarization modes, 
the modulation envelope will experience a relative delay which is controlled by the 
carrier wavelength. In addition, by properly adjusting the polarization state of the 
input optical signal, their relative weight can be controlled.  

The results for this polarization multiplexing PhC-based MWP filter were 
measured by deploying the same experimental setup used for the MWP link charac-
terization (see Fig. \ref{fig:PHC3}). The input RF signal was imprinted on the opti-
cal carrier, properly polarized and launched into the PhC waveguide. The output 
electrical signal, after propagating through the waveguide and photodetection, is 
composed of the sum of 2 orthogonal modes optical intensities. By tuning the wave-
length of the input laser, the optical modulation carried by the TM mode will expe-

Figure 5.6: Schematic diagram of the compact approach of a MWP multi-tap filter
based on a multi-wavelength optical source together with a single dispersive element.

First, a two-tap MWP notch filter scheme exploiting the group index disparity
between the TE and TM modes into the PhC waveguide is considered. The principle
of this simple implementation is illustrated in Fig. 5.7(a). The key point is that the
dispersion of the TM is negligible compared with that of the TE mode. Therefore,
when the optical carrier is coupled to the two polarization modes, the modulation
envelope will experience a relative delay which is controlled by the carrier wavelength.
In addition, by properly adjusting the polarization state of the input optical signal,
their relative weight can be controlled.
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The results for this polarization multiplexing PhC-based MWP filter were mea-
sured by deploying the same experimental setup used for the MWP link characteri-
zation (see Fig. 5.3). The input RF signal was imprinted on the optical carrier,
properly polarized and launched into the PhC waveguide. The output electrical sig-
nal, after propagating through the waveguide and photodetection, is composed of the
sum of two orthogonal intensity modes. By tuning the wavelength of the input laser,
the optical modulation carried by the TM mode will experience a constant group
delay close to the effective index of the PhC slab, τTM = L×ng,T /c, being L the PhC
waveguide length and ng,TM = ng,bulk ∼ 2. Conversely, due to the slow TE mode
propagation in the PhC structure, the signal carried by the TE mode will be delayed
by τTE = L × ng,TE(λ)/c, with λ the optical wavelength, and ng,TE ranging from 5
to 20, according to Fig. 5.2.

The filtered electrical signal at the output of the photodiode results then in
a combination of both orthogonal delays. Thus, the filter transfer function, which is
derived from Eq. 1.4, corresponds to

H (ν) = 1 + e−i2πν(
L
c [ng,TE(λ)−ng,TM ]), (5.1)

where the FSR of the filter equals to c/(L(ng,TE(λ)− ng,TM )).

Figure 5.7(b) illustrates the calculated and measured responses of the two-tap
MWP filter. A good level of agreement between the experimental and theoretical
results is observed. It must to be pointed out that, whatever the target frequency of
the filter, a notch depth of ∼ 50 dB is obtained in this case. However, for the largest
group delay (blue curve), notch depth deviations from the theoretical calculation are
observed with a 50 dB depth for the first notch, decreasing to almost 30 dB for the
higher order notches. When the tap weights are properly adjusted to optimize the
first notch depth, the slight power fluctuations for a given delay, that can be observed
in Fig. 5.5(b) along the RF frequency axis, lead to a tap weights misbalance at the
other notch positions.
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where the FSR of the filter equals to $c/L{({n_{g,TE}}(\lambda ) - {n_{g,TM}})^{ 
- 1}}$.  

In Fig. \ref{fig:PHC7b} is illustrated the calculated and measured response of 
the two-tap MWP filter. A good level of agreement between the experimental and 
theoretical results is observed. It must to be pointed out that, whatever the target 
frequency of the filter, a notch depth of 50dB is obtained in this case. However, for 
the largest group delay (blue curve), some notch depth deviation from the theory 
calculation is observed with a 50dB depth for the first notch, decreasing to 30dB for 
the higher order notches. When the tap weights are properly adjusted to optimize 
the first notch depth, the slight power fluctuations for a given delay, that can be 
observed in Fig. \ref{fig:PHC5b} along the RF frequency axis, lead to a tap weights 
misbalance at the other notch positions.  
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Figure 7: Polarization-multiplexed-based two-tap MWP filter. a, Delay profile for the modes TE and TM 
as a function of the wavelength. b, Calculated (dashed lines) and measured (makers) results for the filter 
response as a function of the wavelength.   

The practical interest of a notch-type filter is however limited to very specific 
applications, where a narrow-band rejection is required. The functionality and the 
attractiveness of MWP filters in terms of Q-factor and design flexibility improve as 
the number of taps (filter order) is increased thus enabling band-pass filtering. A 
convenient approach for implementing a potentially large number of channels is 
based, as explained before, on a single dispersive optical element in combination 
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Figure 7: Polarization-multiplexed-based two-tap MWP filter. a, Delay profile for the modes TE and TM 
as a function of the wavelength. b, Calculated (dashed lines) and measured (makers) results for the filter 
response as a function of the wavelength.   

The practical interest of a notch-type filter is however limited to very specific 
applications, where a narrow-band rejection is required. The functionality and the 
attractiveness of MWP filters in terms of Q-factor and design flexibility improve as 
the number of taps (filter order) is increased thus enabling band-pass filtering. A 
convenient approach for implementing a potentially large number of channels is 
based, as explained before, on a single dispersive optical element in combination 

(b)

Figure 5.7: Polarization-multiplexed-based two-tap MWP filter. (a) Delay profile
for the modes TE and TM as a function of the wavelength. (b) Calculated (dashed
curves) and measured (makers) results for the filter response as a function of the
wavelength.



120 5.4. MWP filter

The practical interest of a notch-type filter is however limited to very specific
applications, where a narrow-band rejection is required. The functionality and the
attractiveness of MWP filters in terms of Q-factor and design flexibility improve
as the number of taps (filter order) is increased, thus enabling band-pass filtering.
A convenient approach for implementing a potentially large number of channels is
based, as explained before, on a single dispersive optical element in combination with
a multi-carrier optical source (i.e. implemented by means of a frequency comb or
by wavelength division multiplexing), where each carrier is modulated by the same
microwave signal. The delay experienced by each channel is readily controlled through
the fine tuning of the corresponding optical carrier wavelength.
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Figure 8: Experimental layout of four-tap PhC-based MWP filter.  

In Fig. \ref{fig:PHC8} is illustrated the generic layout of four-tap PhC-based 
MWP filter assembled by combining four tunable lasers prior to modulation with 
the RF signal. Four replicas of the microwave signal, polarized along the slow axis 
(TE mode), will effectively propagate in the PhC with different delays, which are 
set to be equally time-spaced (with time shift $T$) by suitably setting the wave-
lengths of the four carriers. This principle is illustrated in Fig. \ref{fig:PHC9a}.The 
uncorrelated nature of the four lasers guarantees the incoherent operation regime of 
the MWP filter. Thus, the electrical signal generated by the photodiode at the output 
of the PhC will result into the incoherent sum of the optical intensities of the four 
taps. The corresponding transfer function in the microwave frequency domain reads 
as: 

  max1N 
                                         

(2) 

where the FSR is equal to 1/$T$. he tap weighting coefficients $a_r$ are adjusted 
by controlling the relative intensities of the tunable lasers. In the experimental 
demonstration reported here, all the $a_r$ were set at the same power level (uni-
formly apodized filter) although filter windowing is easily achievable. Using a sin-
gle tunable delay line with a maximum delay $\tau_{max}$ of 80 ps and N taps 
enables the FSR to be tuned from ${{\left( {N - 1} \right)} \mathord{\left/ 
{\vphantom {{\left( {N - 1} \right)} {{\tau _{\max }}}}} \right.  \kern-
\nulldelimiterspace} {{\tau _{\max }}}}$ to infinity. Again, in Fig. 
\ref{fig:PHC9b} is compared the expected spectral response of a four-tap MWP 
filter with the experimental results with remarkable agreement. The spectral range 
of the filter can be adjusted from 40 GHz to 70 GHz by tuning the wavelength of 
the four lasers within the PhC dispersion curve. The maximum extinction of the 
signal due to notch cancellation reaches 50dB. Around 10 dB of MSSL ratio is 
obtained, which can be further enhanced by injecting more optical carriers at the 
system input, i.e. filter taps. In addition, the distortion of the RF signal is very low 
over the broad spectral range (0-50 GHz). 
 

Figure 5.8: Experimental layout of four-tap PhC-based MWP filter.

In Fig. 5.8 is illustrated the generic layout of the four-tap PhC-based MWP
filter assembled by combining four tunable lasers prior to modulation with the RF
signal. Four replicas of the microwave signal, polarized along the slow axis (TE mode),
will effectively propagate through the PhC with different delays, which are set to be
equally time-spaced (with time shift T ) by suitably setting the wavelengths of the
four carriers. This principle is illustrated in Fig. 5.9(a). The uncorrelated nature of
the four lasers guarantees the incoherent operation regime of the MWP filter. Thus,
the electrical signal generated by the photodiode at the output of the PhC waveguide
will result into the incoherent sum of the optical intensities of the four taps. The
corresponding transfer function reads as

H (ν) =

3∑
r=0

are
−jr( 2πν

FSR ), (5.2)

where the FSR is equal to 1/T . The tap weighting coefficients ar are adjusted by con-
trolling the relative intensities of the tunable lasers. In the experimental demonstra-
tion reported in this section, all the ar were set at the same power level (uniformly
apodized filter) although filter windowing can be easily performed. Using a single tun-
able delay line with a maximum delay τmax of 80 ps and N taps enables the FSR to
be tuned from (N − 1)/τmax to infinity. Figure 5.9(b) presents a comparison between
the expected spectral response of a four-tap MWP filter and the experimental results
showing good agreement. The spectral range of the filter can be adjusted from 40
GHz to 70 GHz by tuning the wavelength of the four lasers within the PhC dispersion
curve. The maximum extinction of the signal due to the notch cancellation reaches
50 dB. Around 10 dB of main to secondary side-lobe (MSSL) ratio is obtained, which
can be further enhanced by windowing the filter taps. In addition, very low distortion
of the RF signal is observer over the broad spectral range (0-50 GHz).
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Figure 9: Multi-wavelength-based four-tap MWP filter (a) Delay profile for the modes TE and TM as a 
function of the wavelength. Detail of the spectral placement for all the four taps within the TE delay profile. 
(b) Calculated (dashed lines) and measured (makers) results for the multi-wavelength-based four-tap MWP 
filter response with different spectral scenarios of the emission wavelengths.   

5. Figures of merit for PhC-based delay lines 

Once the suitability of using dispersion-engineered PhCs as tunable delay lines for 
broadband RF signals has been demonstrated, their performance metrics, given by 
several FOMs, need to be evaluated. FOMs address issues related to the power 
consumption, loss penalty derived from the operating frequency and the delay, 
tunability limitations, physical size and dispersion-related amplitude distortion 
when employing the PhC as a building block in filtering and beamsteering schemes. 
A brief description of each one is provided. 

5.1 Numerical fitting 

In order to quantify the delay line limitations in terms of several FOMs, the measured 
PhC dispersive response is approximated to parabolic and Lorentzian functions as 
shown in Figs. 1(a) and (b) respectively. The parabolic assessment is representative of 
the typical fiber-based delay line implementation. Despite its simplicity, the parabolic 
approximation cannot fit properly the PhC response as illustrates Fig. 1(a). Yet, the 
Lorentzian approximation brings a more accurate fitting, paying the price of using a 
higher complex function. Both figure insets illustrate the equations requested for ob-
tained the aforementioned approximations. In addition, the fitting values for each case 
are illustrated in Table 1.  
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Figure 9: Multi-wavelength-based four-tap MWP filter (a) Delay profile for the modes TE and TM as a 
function of the wavelength. Detail of the spectral placement for all the four taps within the TE delay profile. 
(b) Calculated (dashed lines) and measured (makers) results for the multi-wavelength-based four-tap MWP 
filter response with different spectral scenarios of the emission wavelengths.   
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(b)

Figure 5.9: PhC-multi-wavelength-based four-tap MWP filter. (a) Delay profile for
the modes TE and TM as a function of the wavelength. Detail of the spectral place-
ment for all the four taps within the TE delay profile. (b) Calculated (dashed curves)
and measured (makers) results for the filter response with different spectral scenarios
of the emission wavelengths.

5.5 Figures of merit for PhC-based delay lines

Once the suitability of using dispersion-engineered PhCs as tunable delay lines has
been demonstrated for broadband RF signals, their performance metrics, given by
several FOMs, need to be evaluated. The proposed FOMs address issues related to
the power consumption, loss penalty derived from the operating frequency and the
delay, tunability limitations, physical size and dispersion-related amplitude distortion
when employing the PhC as a building block in filtering schemes. A brief description
of each one will be provided.

5.5.1 Numerical fitting

In order to quantify the delay line limitations in terms of the most relevant FOMs, the
measured PhC dispersive response is approximated by parabolic and Lorentzian func-
tions as shown in Figs. 5.10(a) and 5.10(b), respectively. The parabolic assessment is
representative of the typical fiber-based delay line implementation. The Lorentzian
approximation brings a more accurate fitting, at the expense of using an expression
with higher complexity compared with the parabolic case. Both figure insets illus-
trate the equations requested for obtaining the aforementioned approximations. In
addition, the fitting values for each case are represented in Table 5.1.
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Fig. 1. PhC dispersion curve and fitting using a parabolic (a) and Lorentzian (b) funtion. 

  

  

  

  

Table. 1. Fitting values for the parabolic and Lorentzian approximation. 

5.2 FOM: Modulation scheme 

Optical double and single sideband modulations (ODSB and OSSB) are the most com-
mon modulation schemes in MWP. ODSB implies less cost and complexity than OSSB 
modulation; however, chromatic dispersion effects severely limit the frequency-length 
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5.2 FOM: Modulation scheme 

Optical double and single sideband modulations (ODSB and OSSB) are the most com-
mon modulation schemes in MWP. ODSB implies less cost and complexity than OSSB 
modulation; however, chromatic dispersion effects severely limit the frequency-length 

(b)

Figure 5.10: PhC dispersion and fitting curves using (a) parabolic and (b) Lorentzian
approximation.

Parabolic
P1 0.25
P2 -775.33
P3 595465.31

Lorentzian
L1 5152.66
L2 1556.98
L3 44.77
L4 -8.15

Table 5.1: Fitting values for the parabolic and Lorentzian approximation.

5.5.2 FOM: Modulation scheme

Optical double and single sideband modulations (ODSB and OSSB) are the most
common modulation schemes in MWP. ODSB implies less cost and complexity than
OSSB modulation. However, chromatic dispersion effects severely limit the frequency-
length product of the fiber links, mainly due to the well-known electrical carrier
suppression effect when the ODSB modulation scheme is implemented [136]. To
quantify this upper frequency restriction, the induced time delay over both frequency
sidebands is evaluated.

In Fig. 5.11(a), λ0, λ0−Λ and λ0+Λ represent, respectively, the wavelengths of
the optical carrier, lower and higher RF subcarriers corresponding to the maximum
dispersion profile within the usable PhC delay line spectrum. Both the lower and
higher sideband delays are symbolized by τa and τb respectively.

As Fig. 5.11(b) illustrates, the carrier suppression effect attenuates the power
of the detected microwave signal periodically with the length of the fiber l, the optical
frequency and the chromatic dispersion D following

ν = ν0

√
N

2Dlc
, N = 1, 3, 5, . . . , (5.3)

being ν0 the optical carrier frequency and c the speed of light in vacuum.
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product of the fiber links, mainly due to the well-known electrical carrier suppression 
effect using the ODSB modulation scheme [1]. To quantify this upper frequency re-
striction, the spectral location of both sideband within the PhC dispersion curve, and 
thus their induced time delay is evaluated.  
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Fig. 2. Carrier and sidebands location in the PhC dispersion curve to obtain 

In Fig. 1(a) ,  and  represent, respectively, the wavelengths of the 
optical carrier, lower and higher RF subcarriers corresponding to the maximum disper-
sion profile within the usable PhC delay line spectrum. Both the lower and higher side-
band delays are symbolized by  and  respectively.  

As Fig. 2(b) illustrates, the carrier suppression effect attenuates the power of the detect-
ed microwave signal periodically with the length of the fiber, the optical frequency and 
the chromatic dispersion following: 

                                                 (1) 

being  the optical carrier frequency and c the speed of light in vacuum. Within the 
typical bandwidths for MWP applications (less than 50 GHz), the dispersion per length 
product can be approximated as the curve slope centered at the wavelength of the opti-
cal carrier: 

                                                                     (2) 

The sideband delays (  and ) can be calculated 

through both parabolic and Lorentzian functions. However, only the parabolic approach 
yields to a compact expression for the dispersion per length product: 

. Substituting in Eq.(1), the first frequency notch is obtained using 

the quadratic approximation terms: 
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Figure 5.11: (a) Carrier and sidebands location in the PhC dispersion curve to obtain
(b) the carrier suppression effect response.

Within the current bandwidths for MWP applications (less than 50 GHz), the
dispersion per length product can be approximated as the curve slope centered at the
wavelength of the optical carrier by

Dl =
τb − τa

2Λ
. (5.4)

The sideband delays (τa = τ(λ0 − Λ) and τb = τ(λ0 + Λ)) can be calcu-
lated through both parabolic and Lorentzian functions. However, only the parabolic
approach yields a compact expression for the dispersion per length product, which
can be written as Dl = P2 + 2P1λ0. Substituting in Eq. 5.3, the first frequency notch
is obtained using the quadratic terms as

ν 6 ν0

√
1

2c(P2 + 2P1λ0)
. (5.5)

At λ0 = 1553 nm, the parabolic approximation shows an operational frequency
limit of around 85 GHz in ODSB modulation, while by proceeding identically but
using a more accurate approximation, such as the Lorentzian function, the frequency
limits decays to 75 GHz.

5.5.3 FOM: Non-uniform delay tunability

Since PhC waveguides act as dispersive delay lines, the filter transfer function accom-
plished using these structures will experience an error related to an ideal or reference
linear case, as illustrates Fig. 5.12(a). Two OSSB modulation signals have been
considered in Fig. 5.12(b) so as to characterize the response error without taking into
account the carrier suppression effect. λ0 and λ0 +Λ represent the wavelengths of the
optical carrier and RF subcarrier corresponding to the lowest channel, while λ0 + ∆λ
and λ0 + ∆λ+ Λ play a similar role for the highest channel.
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Figure 5.12: (a) Ideal and real delays for implementing MWP filters. (b) Spectral
locations and delays to obtain the error.

For an ideal delay line, the time delay difference between the optical carriers
(∆τcarrier) should be equal to that experienced by the subcarriers (∆τsubcarrier). In
practice, however, this last quantity depends on the subcarrier spacing (Λ). The
response error will be carried out through the parabolic approximation, since the
Lorentzian results cannot be simplified. Thus, these time delay differences are

∆τcarrier = τ3 − τ1 = ∆λ [P2 + P1 (∆λ+ 2λ0)]
∆τsubcarrier = τ4 − τ2 = ∆λ [P2 + P1(∆λ+ 2(λ0 + Λ))]

(5.6)

The error measure parameter can be defined as

ε (Λ) % = 100x

(
∆τsubcarrier −∆τcarrier

∆τcarrier

)
= 100x

(
2P1Λ

P2 + P1(∆λ+ 2λ0)

)
. (5.7)

From 5.7 the maximum operational frequency (in wavelength units) providing
this maximum error value can be obtained as

Λ ≤ ε [P + P1(∆λ+ 2λ0)]

2P1
. (5.8)

In applications where more than two coefficients are required, as for instance
band-pass filtering and optical beamforming networks, a suitable response error can
be obtained by averaging over all the relative errors. It can be calculated between
any pair of optical carriers and their respective subcarriers as

ε (%) = 100x

[
1

N − 1

N−1∑
i=1

(
2P1Λ

P2 + P1(∆λi + 2λ0 i)

)]
. (5.9)

In case of filters, the impact of this error is in the form of a frequency devi-
ation between the designed and the implemented RF transfer function. For a given
microwave angular frequency Ω this deviation is given by
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∆Ωerror = Ω− Ω

(1 + ε)
. (5.10)

In the measured PhC dispersion profile and having selected four coefficients
(the most spaced ones), the response error obtained is 2.64 % for the parabolic
approximation, giving a frequency deviation of 640 MHz at 25 GHz in case of the
filter, as illustrates Fig. 5.13. Nonetheless, 3.22 % is the error obtained for the
Lorentzian approximation, which yields a frequency deviation of 780 MHz at 25 GHz.
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proximated by a parabolic function. 
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Figure 5.13: Frequency response of the four-tap filter built up using real and ideal
delays approximated by a parabolic function.

5.5.4 FOM: Tunability resolution

The resolution expressed in number of bits is a frequently used metric to evaluate the
minimum tuning step of a certain device. In the case of linear dispersive delay lines
there is a direct relationship between the minimum time and wavelength steps. For
nonlinear dispersive devices, such as the PhC, the resolution values must be obtained
by making successive linear approximations each one valid within a given region of
the usable spectrum. As an example, Fig. 5.14(a) shows a linear fitting of one of
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Fig. 3(b) illustrates three possible linear fittings and thus three different slopes for this 
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Figure 5.14: (a) PhC dispersion curve and 1st order fitting. (b) Different slopes to
obtain the resolution.
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The resolution in number of bits is given by the slope and step tunability as

numbits = log2

(
λmax − λmin

λstep

)
. (5.11)

Figure 5.14(b) illustrates three possible linear fittings and thus three different
slopes for this case, where 16, 15 and 14 bits of tunability resolution were obtained
for the first, second and third slope, respectively.

5.5.5 FOM: Loss per unit delay

The ratio between the maximum optical loss penalty Lmax and the total delay range
∆τ is one of the most commonly used performance metric when referring to delay
lines,

Lτ =
Lmax
∆τ

. (5.12)

As it has been explained in section 5.2, in order to obtain moderate propagation
loss, the group index for the TE mode goes from ng = 4 to ng = 18. As the waveguide
length is 1.5 mm, the relative propagation delay turns 70 ps, with 3.5 dB total optical
propagation loss (see Fig. 5.5). Thus, the propagation loss, in units of loss per unit
time, reach 50 dB/ns. This value is close although slightly larger than that reported
in [137].

5.5.6 FOM: Power uniformity per unit bandwidth

Under ideal operation, a delay line should provide a tunable delay with negligible
output power variation. In practice however, the modulus of the transfer function of
a delay line is not uniform within its usable spectrum but rather suffers from power
excursions or ripples around an average value. If ∆Pmax(dB) denotes the maximum
value of the power excursion within the usable spectrum BW of a delay line, a figure
of merit describing the power uniformity over the available bandwidth can be defined
as

PBW =
∆Pmax (dB)

BW
. (5.13)

In the particular case of the PhC-based delay line, a PBW value of 0.07 dB/GHz
was obtained. It is important to notice that this low value is important for the MWP
filter performance, since the uniformity of all taps is crucial for achieving deep notches.
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5.5.7 FOM: Size

The total waveguide length is determined by the trade-off between the maximum
achievable delay, integration-scale and propagation losses. The larger the length, the
larger the maximum delay will become, at the cost of less compact devices and larger
propagation losses. The transversal section is fixed by both the coupling efficiency
and the modal propagation properties. The total size of the PhC-based waveguide is
1.5 mm-long.

5.5.8 FOM: Power consumption

In recent years, the so-called green engineering is attracting increasing interest. In this
sense, low losses and bias-free-based approaches are preferred attending to energy effi-
ciency. Due to the passive nature of the PhC waveguides, together with the relatively
low propagation losses and good coupling efficiency, high performance solutions in the
context of efficient energy use can be achieved in comparison with active approaches,
such as SBS effects or SOAs.

5.6 Conclusions

In this chapter, the use of a 1.5 mm-long GaInP/GaAs highly dispersive PhC wave-
guide has been demonstrated for implementing a tunable TTD line. A properly
designed structure has provided a substantial reduction of backscattering and an im-
provement of the transmission of slow modes. The design principle was based on the
anti-symmetric shift of the first row of holes, which were performed with a slightly
smaller radius. This way optical propagation loss of only 3.5 dB was achieved while
tuning the delay up to 70 ps. An optical range of 20 nm was required to get full
tunability.

The implementation of tunable and reconfigurable MWP filters has been suc-
cessfully demonstrated through the PhC-based delay line. The filter tunability has
been accomplished by wavelength multiplexing of optical carriers. Notch and band-
pass operation have been performed by employing polarization multiplexing of the TE
and TM modes and a multi-wavelength source, respectively. Relevant features include
notch depth of 50 dB for the notch-type filter, broadband operation up to 50 GHz
and tunable free spectral ranges over 70 GHz. Indeed, the operational bandwidth is
only limited by the performances of the modulator and photodetector deployed.

Several FOMs for evaluating the PhC-based dispersive delay line have been
provided involving the power consumption, loss penalty derived from the operating
frequency and the delay, tunability limitations, physical size and dispersion-related
amplitude distortion. Relevant features include the passive nature of the technology,
low loss, high tunability resolution, low impact on the modulation scheme, relevant
influence of the dispersion profile in the filter transfer function, high power uniformity
per unit bandwidth, which is crucial for the MWP filter performance, and mm-scale
size. In this way, a footprint reduction from two to five orders of magnitude compared
to FBGs or DBGs and SBS effects in standard fibers approaches, respectively, has
been reported.
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Chapter 6

Conclusions and future perspectives

6.1 Summary and general conclusions

This Ph.D. thesis has been focused on the design, proposal and performance evaluation
of current SFL technological platforms to the aim of realizing phase shifting and true
time delaying functionalities in the field of MWP. The large tunability ranges and
broadband operation enabled by these photonic-assisted approaches have been put
to the test for implementing reconfigurable complex-valued multi-tap MWP filters.
In particular, the aforementioned signal processing tasks have been implemented by
means of the following device platforms: SBS effects in optical fibers, FBGs, nonlinear
effects in SOAs and PhC waveguides. The most relevant metrics concerning the SFL
technological platforms dealt with in this thesis have been summarized in Tabs. 6.1
and 6.2 aiming at identifying the most proper device for a given MWP application,
i.e. phase shifting, time delaying and filtering. It must be noticed that tuning time
scale in Tab. 6.2 is provided in the column entitled tunab. control mechanism.

In chapter 2, SBS effects have shown an unprecedented flexibility to offer all-
optically controlled microwave signal processing functionalities. Two Brillouin-based
mechanisms have been described targeting MWP applications: the conventional SBS
amplification in standard fibers and the pulsed and pseudo-random signals interaction
in PMFs, which yields the generation of DBGs. SBS in standard fibers has led to the
development of a 40 GHz bandwidth fully tunable phase shifter, previously demon-
strated up to 18 GHz [26]. In addition, a narrow-band limitation where the Brillouin
loss resonance takes place (centered at ∼ 21 GHz) has been highlighted. SBS seems
a promising technology to perform tunable phase shifts in terms of bandwidth (only
limited by the photodetector (PD)), insertion loss and power variation (see Tab. 6.1).
However, the km-scale footprint represents a serious obstacle for the PIC approach.
Moreover, TTD operation has been demonstrated through the SCT principle [36],
i.e. the combined dispersion induced by the SBS resonance in the vicinity of the
RF signal and the phase characteristic of the optical carrier. Continuously tunable
TTDs up to 8 ns within 100 MHz instantaneous bandwidth have been accomplished.
Despite the ns-scale delay achieved through SBS effects in standard fibers, the large
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power consumption, size and insertion loss, shown in Tab. 6.2, become important
constraints to be considered. Furthermore, the SBS-based TTD approach has yield
the implementation of a reconfigurable MWP notch filter, whose FSR has shown to be
tunable for the 20% of its value. The main drawbacks of this technological platform
for implementing MWP filters rely on the high complexity required for scalability,
i.e. for increasing the number of filter taps, and the narrow-band operation (only
100 MHz). On the other hand, the previously reported pulse delaying capabilities
of DBGs [37, 54] have been exploited in this thesis to accomplish MWP tasks. In
contrast to SBS effects in standard fibers, DBGs have performed fully tunable phase
shifts and large true time delays in a cm-scale fiber device, which means a footprint
reduction of five orders of magnitude. However, the high insertion loss, power con-
sumption and still limited bandwidth make DBGs not the most suitable technological
platform for implementing these MWP functionalities. Additionally, the performance
of multi-tap reconfigurable MWP filters has been demonstrated in four different con-
figurations through the DBG mechanism. The spectral responses of the proposed
variety of filters have been dynamically tuned and reconfigured, by simply changing
the characteristics of single or multiple DBG generations, showing a fractional tuning
over the FSR greater than 60% when implementing a two-tap filter. Indeed, the first
configuration could perform any spectral range tunability, however the number of
taps and the central frequency were not easily scaled. Following configurations were
based on multiple grating reflectors successively created along the same fiber, and
thus the need of a reference tap with a fixed optical delay line was eliminated. The
FSR of the filter was governed by the number of taps and the fiber length. In these
configurations the consistency of the frequency response was strongly dependent on
the birefringence uniformity along the fiber. The operating frequency limitation seen
in the two first configurations was successfully overcome by generating two distinct
dynamic Brillouin gratings localized at the same position. Finally, the correlation
technique based on the external PRBS optical phase modulation was proposed to
alleviate the need for periodic grating refreshing and improve the tunability and the
scalability of the filter response. It is important to notice that by simply changing
the repetition rate of the pump pulses used to build up the DBGs it is possible to
modify the number of filter taps, which means ease scalability. Thus, DBGs appears
as a flexible tool to perform reconfigurable multi-tap MWP filters.

The DBG potential application so far reported in literature for implementing
fiber distributed sensing systems [55, 56] and time delaying mechanisms [37, 54] has
been applied in chapter 3 by exploiting the passive and permanent nature of an FBG.
In this way, a complete analysis of the spectral characteristics of a 10 cm-length weak-
coupling uniform FBG has been demonstrated. By launching an ultra-short optical
pulse into the weak grating, the distributed spectral profile of the FBG convolved with
the pulse spectrum has been obtained. In addition, a distributed temperature/strain
sensing mechanism with 4 mm spatial resolution has been reported through such a
weak FBG. The spatial resolution is only determined by the time duration of the
input pulse used to probe the grating. A method for achieving large signal delays
with very low distortion in FBGs has also been addressed. 50 ps Gaussian pulses
were continuously delayed up to 585 ps by relocating a hot piece of metal along the
entire grating. It must be pointed out that the achievable maximum delay can be
simply expanded by using a longer grating. The suitability of implementing tunable
phase shifts and TTDs through the distributed FBG approach has been described by
relocating several hot spots within the grating. The time integral of the electric field



6. Conclusions and future perspectives 131

of a Gaussian optical pulse, such as the previously reported in [78], has also been
addressed. The integration operation time window has been extended from 50 ps to 1
ns, which is equivalent to twice the propagation length of the FBG. The main advan-
tages of this technological platform compared with DBGs rely on its passive operation
requiring no optical pumping and also the simpler experimental setup. However, the
high insertion loss, the large reconfiguration time and the impossibility of on-chip
integration (see Tabs. 6.1 and 6.2) are important constraints for the implementation
of the FBG approach in the MWP framework.

In chapter 4, CPO and XGM nonlinear effects in SOAs have shown remar-
kable capabilities in terms of phase shifting and true time delaying microwave signals,
respectively. A theoretical and experimental evaluation of the propagation, gene-
ration and amplification of signal, harmonic and intermodulation distortion terms in
a MWP phase shifter has been demonstrated. The phase shifter comprised one or
several stages of SOA in the CPO regime followed by an optical filter [84, 93]. The
study has been carried out as a function of the phase shifting control mechanism,
i.e. the SOA input optical power and injection current, as well as the modulation
frequency. In this context, a general optical field model has been provided, which is
applicable to any number of arbitrarily spaced modulating tones and accounts for all
order of both harmonic and intermodulation distortions at the phase shifter output.
Two different optical filtering implementations and spectral separations between the
RF tones, namely 0.5 and 3 GHz, have been reported, respectively, for the proper
distortion-free design and for covering different MWP applications. It has been found
that the second order nonlinear distortion is the term which mostly contributes to
the system degradation in CPO based phase shifters. In addition, this nonlinear
distortion reaches the RF signal level after cascading three phase shifter structures,
mainly due to the ASE accumulation. A fully tunable phase shifter has been proposed
and demonstrated in a single CPO-based SOA device followed by a tailored designed
FBG. It saves four SOAs and two optical filters compared with the best scheme pre-
viously reported [84]. An instantaneous bandwidth greater than 1 GHz, limited by
the filtering stage, has been successfully demonstrated. In fact, if the optical filter is
broad enough, the phase shifter bandwidth is only restricted by the CPO dynamics
in the semiconductor waveguide, which is in the scale of tens of GHz. It is impor-
tant to mention that the size scales of the aforementioned fiber platforms represent
a serious obstacle for the PIC approach. In contrast, SOA based on CPO effects
appears as a feasible solution to implement MWP phase shifters since it can provide
both electrical and optical control tunability over a broad bandwidth with moderate
power consumption. Indeed, CPO-induced phase shifts in SOAs have been proposed
followed by an FBG in this thesis work. Nevertheless, micro-ring resonators can play
that role and thus, allow on-chip integration with other devices while lowering ma-
nufacturing costs. The novel phase shifter approach has been used as a key block
in the implementation of a two-tap MWP filter, whose central frequency has shown
fully tunability without any spectral and shape alteration. The spectral response of
this filter can be reconfigured with additional parallel taps, however such scaling is
rather complicated. Besides, the performance of MWP phase shifters based on both
the cascaded [84] and single (novel) SOA approach has been evaluated in terms of
several FOMs, i.e. gain, noise and nonlinear distortion, as a function of the phase
tunability control mechanism. Maximum RF net gain variation of 27 dB, upper NF
limit of 36 dB and minimum SFDR3 of 70 dB·Hz2/3 have been obtained for a single
phase shifting stage, while the cascaded structure has reached ∼ 10 dB gain variation,
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37 dB maximum NF and 60 dB·Hz2/3 minimum SFDR3. Moreover, average levels
at the output of the cascaded structure turned in a system degradation of 12 dB, 15
dB and 20 dB for the RF net gain, NF and SFDR, respectively, compared with the
single phase shifter approach. Finally, TTD operation has been addressed through
counter-propagation XGM effects in SOAs. The TTD range has been improved from
the previously reported 10 ps [86] to 40 ps by means of a more nonlinear SOA design.
SOA-based TTD operates at large bandwidths and provides on-a-chip integration,
however the power consumption and tunability mechanism represent an important
concern for its applicability in real MWP system (see Tab. 6.2).

Finally, in chapter 5, the suitability of exploiting the dispersive feature of a
chip-sized delay line has been addressed aiming at performing MWP processing tasks.
The underlying technology under study has been a GaInP/GaAs 1.5 mm long PhC
waveguide capable of generating a controllable delay exceeding 70 ps, still with limited
RF signal attenuation and degradation. The dispersive design of the PhC waveguide
has yield the implementation of tunable and reconfigurable MWP filters. Notch and
band-pass operation have been performed by employing, respectively, polarization
multiplexing of the TE and TM modes and a multi-wavelength source. Relevant fea-
tures include maximum notch depth of 50 dB, broadband operation up to 50 GHz
and tunable FSRs over 70 GHz. Nevertheless, its scalability relies on the number of
lasers at the system input, which implies increasing costs. The PhC-based TTD per-
formance has also been evaluated through several FOMs including issues concerning
the power consumption, loss penalty derived from the operating frequency and the
delay, tunability limitations, physical size and dispersion-related amplitude distor-
tion. Relevant features include the passive nature of the technology, low loss, high
tunability resolution, low impact on the modulation scheme, relevant influence of the
dispersion profile in the filter transfer function, high power uniformity per unit band-
width, which is crucial for the MWP filter performance, and mm-scale size. In this
sense, PhC waveguides appear as a promising technology for the TTD operation since
they offer small footprint and enable very large operating bandwidth, mainly limited
by the bandwidth of the PDs and group velocity dispersion (GVD).

Tunab. Tuning Optical RF power
SFL Bandwidth control time insertion variation Size Power

medium (Ghz) mechanism scale loss (dB) (dB) scale consumption

PD RF frequency
SBS limited detuning us ∼ 0 2 ∼ km 10 mW

RF frequency ∼ cm
DBG ∼ 1 GHz detuning us ∼ 35 ∼ 3 - m > 100 mW

FBG ∼ 10 GHz Thermal ms ∼ 30 ∼ 0 ∼ cm Passive

Few GHz Injection ∼ mm
SOA - 40 GHz current/optical ns 2.5 - 8 10 - 20 - cm 1- 10 mW

Table 6.1: Comparison of the phase shifter approaches against several FOMs.
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Tunab. Optical RF power
SFL TTD Bandwidth control insertion variation Size Power

medium max (Ghz) mechanism loss (dB) (dB) scale consumption

Optical
SBS 8 ns 100 MHz power (us) gain 4 ∼ km 5 - 110 mW

Fiber
length Electrical ∼ cm

DBG limited ∼ 1 GHz delay (ms) ∼ 35 ∼ 3 - m > 100 mW

FBG
length Thermal

FBG limited ∼ 10 GHz (ms) ∼ 30 ∼ 0 ∼ cm Passive

Optical
SOA 40 ps 35 GHz power (us) gain 10 ∼ mm 0.1 - 4 mW

PD and Laser
GVD wavelength

PhC 70 ps limited detuning (us) 8 7 ∼ mm Passive

Table 6.2: Comparison of the TTD approaches against several FOMs.

6.2 Directions for future research

Although the SFL technological platforms reported in this thesis have shown unprece-
dented capabilities for the photonic-assisted RF signal processing, the optimization
of their performance and demonstration of further applications in the MWP field will
require additional research.

In particular, the open research lines include:

• Evaluate the propagation of finite-bandwidth RF signals through the SFL media
instead of simply using sinusoidal microwave carriers.

• Study alternative MWP applications where the phase shifter and TTD func-
tionalities can be applied, including phased array antennas or optoelectronic
oscillators.

• Propose novel technological platforms for the realization of MWP phase shifter,
TTD and filters, such as quantum-dots semiconductor waveguides, multi-core
fibers and micro-ring cavities.

• Perform a deep analysis of the noise generated by SBS effects.

• Obtain experimental results for the DBG-based phase shifter and extend the
operational bandwidth of the grating reflections deprived of further reflectivity
constraints.

• Evaluate the SOA-based phase shifter using microring resonators instead of
FBGs for filtering the red-shifted sideband after the SOA propagation.

• Find a proper mechanism for the RF power variation reduction at the output
of the novel single SOA-based phase shifter. Another SOA in saturation regime
could perform an equalized response.



134 6.2. Directions for future research

• Exploit the polarization rotation of the blue sideband at the output of the SOA
so as to find alternative ways to achieve compact phase shifters.

• Increase the resolution and length of the FBG distributed temperature/strain
sensor and achieve experimental results for the MWP functionalities.

• Improve the PhC waveguide design in order to increase the TTD range and
decrease the propagation loss.
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L. Kuipers, F. Morichetti, A. Melloni, S. Mazoyer, J. P. Hugonin, P. Lalanne,
and T. F. Krauss, “Loss engineered slow light waveguides,” Opt. Express, vol. 18,
pp. 27627–27638, Dec 2010.


	Introduction
	Slow and fast light propagation
	SFL physical principles
	SFL device platforms

	Tunable phase shifts and true time delays for MWP applications
	Thesis objectives
	Structure of the thesis

	SFL effects using stimulated Brillouin scattering for MWP applications
	Introduction
	Principle of operation
	Phase shifter based on double SBS generation
	True time delay line based on SBS and separate carrier tuning
	MWP filter using SBS effects
	Dynamic Brillouin gratings
	Basic MWP functionalities using DBGs
	MWP filter implementations based on DBG reflections
	MWP filter based on an hybrid configuration: DBG + delay line (1st configuration)
	MWP filter based on multiple DBGs (2nd configuration)
	MWP filter for high-frequency applications based on multiple spectrally detuned DBGs (3rd configuration)
	MWP filter based on DBGs generated by a pseudo-random sequence (4th configuration)

	Conclusions

	Long fiber Bragg gratings: spectral analysis and applications
	Introduction
	Principle of operation
	Distributed sensing system
	Tunable delay line
	MWP basic functionalities
	All-optical temporal integrator
	Conclusions

	SFL effects in semiconductor optical amplifiers for MWP applications
	Introduction
	Principle of operation
	Coherent population oscillations in SOAs
	Enhancing the phase shifter performance by filtering
	360°  by cascading several SOA-based phase shifter stages

	Propagation model for the SOA-based phase shifter
	Nonlinear distortion analysis in SOA-based phase shifters
	Nonlinear distortion influence on the filtering scheme
	Nonlinear distortion evaluation for cascading phase shifter stages

	Figures of merit for cascaded SOA-based phase shifter structures
	RF net gain evaluation
	Noise figure evaluation
	Spurious free dynamic range evaluation

	Fully tunable MWP phase shifter based on a single SOA
	Principle of operation
	Computed results
	Experimental results
	FOMs evaluation

	Fully tunable MWP filter using the single SOA based phase shifter implementation
	True time delay line based on cross gain modulation in SOAs
	Conclusions

	SFL effects in photonic crystals for MWP applications
	Introduction
	Principle and fabrication
	True time delay characterization
	MWP filter
	Figures of merit for PhC-based delay lines
	Numerical fitting
	FOM: Modulation scheme
	FOM: Non-uniform delay tunability
	FOM: Tunability resolution
	FOM: Loss per unit delay
	FOM: Power uniformity per unit bandwidth
	FOM: Size
	FOM: Power consumption

	Conclusions

	Conclusions and future perspectives
	Summary and general conclusions
	Directions for future research

	Publications
	Journal
	Conference


